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^^^^^^^ Uod maximr optavfpam ^ Joanna VFidmamr^, 
Vir lltufirijpm^ atdUfi Eiccellentijfime ,. ut ^idelicet fix^ 
diorummmm Mathefeos^ quibus excotendir quafuor fer^^ 

* 2. me 


me amos confurnpji^ Patrottum aliquem^ 'virtute ntm mi^ 
nus y quam tfnere , nohitem reperirem ; id fane in Te tmo 
tx animi fentenfia mibi pideor confecutus . ^ianrvis c^ 
nim multis , iifque graviffimis occupatioinhus diflriHus de^ 
tineare , fi quid ta/nen otii nancifci potes y id mdla in re 
libentius , quam tn jtudiis harum Scientiartm confumerc 
Jblesy eaque animi alacritate ac contentione , ut pat4cij/i- 
miy 'vel ex eonm ntmero qtii omne tempus atatis in hoc 
genere contrit/cre , tui pares ejje vix yojfint Accedit huic 
ftmmus , quo fiagras , erga litteras & litteratos amor , 
qmrtm familiaritatibtis deleSfaris mirifice , eofquc bemgni- 
tate tua recreas , jhves , confirmas : neque tillum tmquam 
diem abire pateris , quo non de fiudiis ingentiartm Ar^ 
tiumy in primis vero Fhilofophi^ egregie mereri nitaris » 
Rarum hoc , d^ prodigii pene fimile fiorenti adhuc dtate , 
ac in tanta fortuna , Jed perpettmm in Widmanna gente \ 
qus ctm de antiquitate , divitiis , affinitatibus , auBori^ 
tate , vtris pace belloque clarijfimis , paticis fere conccjju- 
ra fit : moderatione tamen , aqmtate , clementia , comi- 
tatCj aliifque humanitate dignis virtutibtis^ prjecipue vero 
in^ Mpcros pietate ^oriojms nihil atit prdfiabihtis fudica- 
vit . ^ua latide qtiia bonorificentius e^cogitari poteft i 
Hzc una Jcilicet ty accepta a Majoribtis nobilitati , ^ 
e^a^geratis epibus longijfime antecellit: hdc ma homintim 
vitam cadticam cb* fragilem , anguftijque finibus circum^ 
Jcriptam , mn Jolttm pr^aergjreditur , Jed ettam immorta- 
litate donare poteft . Cvm igitur ^ nobilitatis Jpkndo^ 
remy if acumen ingenii tuiy d^ fingdare»n liberalitatent 
quum hs atiis retiis^ muttis , tum praciptie in Dijciplinis 
ornandis yin dofffs hominibus excipiendis fovendifque at^ 
tentius cmfiderarem i oblatam mihi atiquando occafionem 
ad fignijkandum ^ ijumti Te ac virtutes tuas facercm , 

amtt'' 


Y 

andttert m&it} viJeticef prc certo habem , hoc mium qtioU' 

cumcpse mMtfmlum a Te (pro Tua tfia finguiari ac perpettia 

qtia es in omnes humanitate} pcrhenigne exceptum iri . Hic 

pmra Liher Mathefeos' Elementa cowpkffitur j, in e^uibus 

ad commmem Jiudi^a Jteoentutis utilitatem faciti , can^ • 

dida j d^ ad tironum captum accomodata oratiom expen^ 

dere ac demonjhare conatus futrs^ qtue haffemis a nannul^ 

lis fufiusy ab aliis ohfctire mnHum ac jejtme traditafiie^ 

rartt . ^4a Ekmenta guanrvis ptura contineant ex fum^ 

morttm Mathematicorum ctm veterum tum recentiorum Li^ 

bris depromta ^ ea tamen exhihent ita immtitafa ^ caque 

forma induta , ut jam alia omnino videantur : &- pra^ 

terea novdm quamdam mefhtfitm pr^pontmf ak illa Ets^ 

clidis fcterortmque longe diffimilem , ac , nifi mc rerum 

mtartm amor vcdde faltit j non omnino^ Cimtermtendam . 

§uid 'vero. hifce meis conatibuf egertm , penes dofios hn 

minej banmque rertm^ peritos judicium e(to . He fupt' 

rat^a^y qnihus adduffus^ Te Virum Ampliffimum in rerumt 

pulcherrimarum meditatione tjerfantem interpetlare aufusr 

fvt^n: nunc iltudTe oro atqtie obfecro y ut fi perfpt&a Sa^ 

prentia Twe phrimum tribuo ; fi Tibi , carijfimo ^iffsariy 

afque univerfa Famiti<e Tu^e tdta dr profpera omnia a^ 

Deo Optimo- Maximo & precor & opto ;. ijuod facere ex 

animo numquam definam ; mumifcubm boc meum aquf 

Boniqae confutas y meque in fidem & ctienteLvn tuam hiu 

maniter tuo more recipias • Id^ fi^ feceris , magnum pul^ 

cberrimumqtit tabonm me(srUen ttilijfe frti&um mibi w* 

dehor ♦ 
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Ad LeSlorem . 

|Axime prxclarus adicus & R^ia quafi femita ad' 

I Divioanimhumanarumque rcrnm fcicntiam, ve- 

r ram iKnipc Ptuloibiihiam , al> antiqQioribus uC^ 

3 gue temporibus habit* fempcr iunt Mathemati- 

5 cx Difciplina: : fublimem ilhim ac confpicuum 

I perfeaionis eradum , ad quem Phyfices & Me-.- 

chanices ftadia noftra hac rtatc eveaa confpi- 

cHioair, noa aliunde c^uidem profeftum novimus, quam aco»- 

riBH* ac Difcrette Ouantitatis refta applicationc ad naturalium 

Phacnomcnorom obfervatioHcs : ipfamct hominum Societas , ac 

CiviUs virendi ratio nec coafifiere oec vigere quodammodo 

pof&f IToe harum cc^itionum c^ , qux ad agrorum dimen-. 

lionem , ad aquarum curfum dirigendum, adArtificum opcra, 

ac mercamram refte ritequc aptarentur. 

, Brxter memerata haAenus emolumenta , quae ex Mathemati- 
cis. Difciplinis, in Civilcm Socictatem plurimafque Scientias ef- 
Hnere. compertimi eft , non exiguam ianc utilitatem , eamqUe 
fibi' pecoBi-em , homines inde naurirc novimas : Terum enim 
TTCTO; UtoTetialis Mathefeo» ftudia , ytritbauiic^ nempe ac Gto' 
metrJa fiuit ,, ut ait Diviuus ille Plato, pt^pctcs veluti validx- 
quc alx' ) quitus. humana mens ad veri indaginem evehitur : 
cx qiro m ,. ut hamm ope e fen&ilium qualltatum fphaara , 
queis tmdiqoe circtimiepta. inveniair , qtusque iUam fxpius in 
errorom pertrahunt» ex. una ad aliam vcritatem affurgens atque- 
pr<^rediens, fenffm ac fihe CenCu alipaao fublimioribus afltie- 
fcit cogitationibas ,. quamvis nec Logicam atrigcrit , nec Dia- 
le^is inititutionibus fit in^mta : atque hinc przcerea acriora 
ilta atque profundiora ingenxz. efSbrmari perfpicuum eft , quas 
tantopere niiramur ,, quxque. apud nos. Gtonutrktmim mtittitm no~ 
men obtinent . 

- Nil icaque mirari t&ibemu» & prrclaram hanc &cultacem , 
qux^ taota homihiixis emohimenta: tamque uberrtma confert , 
maxima aliacritate ac ctira tani' ab^ autiquis: quam a recenciori- 
1»)S fuerit excutta . Inter priorcs pri omnibus enituit Megaren- 
£s EiicKdes ,, cujus Opus Jn XIL. Libros diftih&mi , qui pra:ci- 
puas tam Contimiti quam- Difcrettt qoantitatis propriecaces com- 
plefiuncor , int^er ac pcrfeftus Univer{alis Mathcfcos- Trada- 
n»dici poteft. Poft, Scicntiarum iaEuropa inftaurationem: tantii 

Vhri. 


Vii 

Vllf nom«ini ic kxni In caaAa fuit, ut cclebriores quiquc Ats- 

itorcs qm hifirc ftudiisopcram dedcre» hfmc taxtfnm vduti d^ 

cem (^rcntur , atqnc in cfufdem fcripcts comgieDdiB ae 

emepdlandiS) tMciffa^Qe eonun figm&canoiie cbicidaada ifuuc»- 

m cmi & contmtioiie laboranent • 

Haud drverfa luit illorum mens ^ qoi -oc HddeAreiitium liis 
incumbcntium Jludiis 'gratiam jnirent, breviori quadamMathe* 
icos mecbodo Cadklit Pemctttt ¥dMCi eieemplar etfikmtn^RiO' 
iuere • Qtiam in rcm ■cum onines ad inviccm majorem perfpi- 
cuitatem ac £uiiiitatem e»|mrerent^ -qnufquirque cetcris pr^^ 
tiiTe fibi in ammum induxit . 

QuamVis vero maxima fint profefto Gr^ci An^oris merita , 

mxgnamquelaudem mertantur impen(b laboribus ac ftudiismo- 

do memotati Scriptores y medio tamen jam elapfb Sarculo obrer- 

vari carptum eftEucIideam methodum perfici pofle mcliori quo- 

dam Ordine , faciliori quoque magiique naturar conlentanen ^ 

prcmittendo (cilicet (imi^iciores. ac ma^s perlpicnas notiones 

diiKciliori bus ill is ms^irque compofitis, m gratiam pntcipue ftu^ 

dioforum Adoleicentiom , qui in primo Sctentiarum limine cum 

Tcrx five apparentes occurrant difficultates, ^nimiim deiponde-i 

re folent aux deterreri : pancis namqoe iiirqiie pernDris ingeniis 

peadiari niminum fiivore elacgitam tSc Can^ii atque Pifchalii 

eximium acimien acerrimani^ penecra^onem fortiri • Expe- 

nentia deinde optima rerum magiftra optimeque aoipicatoexi^ 

tu perfpicue innotuit quam rede priori illi mediodo oova baec 

poftcrior eflet anteferenda. 

In hifce meis Univerfst Mathefeos Elementis , qua? in Incem 
edenda propofui , Recentiorum rpethodum periequi marima ex 
parte curavi , Clariifimorum pr^cipue sympfami & Chapeiii^ qui 
inter ceteros magis excelluiife videntur . ^^uam ingenue <quo*- 
que id (iateoc quod memoratis modo Scriptoribus me debcre 
fentio, fidcnter «que affcrcre non verebor majori quam ponri 
cura & {tudio adiaboraflfe ut ecftnm metho<^s , nbicumque fas 
cflet , facilior ac fimplicior Tcdderetur ; idque prasftitum a me 
effe redigendo ad fimplices perfpicuafque defimtiones quafdam 
ex illorum Propofitionibus , plurefque alias ad Corollaria, five, 
ut ajiint , con£equentias ex prjecipuis Propofitionibns dednftas ^ 
cx quibus omnilnis haud inanis fpes adeft fore ut inwnui Ado- 
lefccntes aliara quoque eamqnc eximiam utilitateni nauriant , 
ut afiiieicant fcilicet intclleaum ad lonHiorcm cogitationamTc- 
ricm pcrfequendam : qua pcculiari tiT arbitror dote mfiprarfcns 
Opuscflet diftinaum, nil aliud prcyfefto -fuiffet fti(cet>tuslator^ 
quam l^na in huCHm.^ \xt ajunt , tangerere , noBjuippfe Hthenas de^ 


• • • 

VlU 

fariari; cum «oArt hac Mt^xi opCfmis hQjus Scicatiir ElenflHtir 
ac Tro&atibos ItaUcs ^entes Hnt perabunde ipftrui^st . Cete* 
ruiQ vi4eriQC (U^i Viri » ac ftudiofi prarfertim Adolelcentes » 
^uorum ipajorem prc^ftum atque emolumencum hoc edito O- 
pere j^vehendum fuTcepi » ap <)uod n^uhi prdlandum propo- 
lui 9 id f^yfn prxftiter«m , 
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Um oiiuiis, qiue a radofie fulcipidir de aliqua re io» 
^ ftitiitio, dmat, ne iBquic Cicero , a defimtioQe pro* 
SciCd^ ut ii»eUiga(ur quid (itid.de quo diTpute- 
tur; opene praetium duco ance dcwire quid (int Vk* 
fcipl/iur » de quibu ego modo adju vante J>eo Opt«^ Max. fum 
fcr/pcurns, 8c nomiuUarum v#cuf|i» 9uiH|t freqaentiffime uten*- 
dam erit , figniiicationem explanare • 

V K A N 6 T I O K E S- 

P R I M A* 

Qn^atHMs, vel M^nifm^ dictci^ ijL omne , quod ptrtet bibet^ 
/fKe quidqaid aagMj & fninui poteft. Hojus generis fitnc oocw 
pas, fuperfipjesj linea» ccropus^ mocus^ Tcloclm^ nnoienis^ .oienfiH 
la^ pondu^j &c. 

S E C U N D A. 

Acqoe e^ quantit»^ qus te difcretis « feiunftirqie pticibns eoapo* 
nicttr, DffmUj ttl Di/ju^Sa aq)pcllacuri uc nunicrus« 

T E R T I A. 

Qiamicait ?ero illa» cnius parces continusa connexc» fibique 00»i 
jun&B fimCj CmttMa dicunri ut corpus^ fiiperficics^ ^' 


Q U A R T A. 

KStmHfU dicitur ea DifcipUna^ qusB omnia concinu» cpuinticatit 
gencra , & proptietatel cootcfflplatur ; 

Q U I N T a; 

o^bmetka rcto cft doftrina illa, in qua dilcret« qnant ttsftis , xm^ 

merorum nempe proprietates , mttncra^ 8c accidcntia demQnftramiir « 

■ 

S B X T A. 

^gebrs, feu ^*$tmctfea Sfifchfs ea tft Difi?i(^> qnc i^)eciebas 
vSmiHam, niminim Alphabcti licceris^ prsedpuas , acque generalei 
tam dilcrecar, quam cominuaB quancioRis pr<^ictates exjplanaC) acqut 
fsirablB «rtificio demonftrat • 


Mkmm^s Msihtifiios. ^ A S B- 


/ 


PRMNOTJONES, 
S B JP T J M 4. 


De/fnth eR orstdo explicaas naturtm alicojus rei ^ aut voccm 21« 
lam» qoa ,ad eandcm rcm (igmficatidam iKimur» 

O C T A V A; 

IPfOp^io efl QraciOj ip qua aliquid menti noSrae comemplaQdum 
exbibeutf^ • « 

N O N A. 

Themma diciOir ea propoGtio ^ in qua aliq^id demonfirandum pro» 
ponitur, 

DECIMA. 

. ^^xioms^ VrOfiuttciMumj five Effstum appellatur Tbeorema illud » 
cvjus veritas adeo certa, & evidens eft^ ut cuilibet menti vel levi* 
cer cogitanti ^ ihtim ulla ^lque demonftracione afrulgeat • 

H^ N D E C I M A- 

PrctUms cft propbfitio, in qua aliquid faciendum jubctur . 

D U O D E C I M A. 

Vojlufatum vcro dicitur problema illud, cujus conftni£Ho adco £a- 
ciliSj 8c evidens cft^ ut nulla prorfus indigeat demonftracione « 

DECIM A TERTI A. 

Lmmay leix Tr^fumptio^ eft prbpofitio illa, qua.altcn jpropofitlo- 
ni velut principaliori demonftrandse infervitj atque feojfum ponituc 
ab ilUj ne fcries perturhecurv 

DECIM.AQUARTA. 

Cofcllarium, vel C^nfeBanum^ vocatur propofitio illa 3 quae ab alia 
jam demonftrataj facilcj nulloque ne^^tio deducitur. 

, PECIM AQU LN T A; V 

' Seiolifm dicitur id^ quod ponitqr poft aliquam generaiem demon* 
ftrationeto . quando in ea aliquid pcculiari ooCs^tiQ^irdigniim fiootinetttc* 


EliE- 


ELEMfiNTORUM ARITHMETICES 
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Ii§^Numfri$ JnUffi^'^. . . 
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DEFINITIO PRIMA. 
[Otae^ vel fignaj fen figurs» qpiibni utimiir in Arithraecica . '» 

J» -< j.^? » #^j> *•» o j nw *gqifi9ai>t ufwmi , duo . ttia, qua» 
tuor» quinqnc, fex , lepuro', oAo, novecn , quibus nc^tis^ 
"^ feu figuris aJJinir- c^fr^ o ^ w« dicitor ' Zrro / acque 
|)er & nihil fignificatj fed aliis notis ad dexterafn addica ( quando 
dfcimiisaddexteramj yel ad ^^&m r/fe>npcr imelligendupi «ft 
&ribentis} y iplarttm valomii.jdigcHplo nHijoreq;i ^ redd^ . Sifigarisqni» 
buslilxt^.exeiiipU caiiila |«> i, }«>j 8^ &c. .ad dexteram addas di« 
fram o^ habebis numeros lo , zo^ |o^ ^o, So^ ^k&j £Bilii 
Yigimij trigintaj fczaginu> oao^uij &c.^ 

Definitlo TL 


li» '*...«'■' , . . • ".« *- • •. » 


£fo^<tf/ ^i^ ea. denominatip^ pifrr qudm ^libet fe» dicitor tiiia • ^* 
£ft «Vtcpa uniM omnis numqri (urincipiupi^ 


*.j 


Dcfinitio Jll. ' 

!S(i^rfi.r cfi duarum^ vel flurium unitatum raultitudoj fivcaggre- 3« 
Vmm unde priou» n^ifacrus cft^ dooj.fccandus (rfSj &c« 

Definido 1V« 

Hmneruf dicitur /Mr^ quando bifariam^ idcft in duas partes «qua^ 4^ 
lea dividi potcft & idcoq^ . HunKMA . piurcs, iunt i» 4>^» 8j 10 j i2j 
& alii infiniti^ ov .-. 

Dcfinicio' V. ' 
• I ..1« .'• > • 
TslsMimr/ vero impdt eft j qui bifariam dividi neqoit . Sic numeri J* 
3» 5> 7> 9» i< j &c. ioipares fuqtj quia if^duas SKiuales p^ci di* 
vidi orancunt* 

VL 




• ■.- 


Pnrcipux ^rhbmeticn pmes ^fcu cperaii<m€T fimt AdditiOj Subtra* ^* 
ftip^ Af ultiplicatio j & Divifio, 

A % Dtfi- 


H CLEME^TORUM ARITHMETlCES; 

Defittido VII.. , 

f, '^Mdhk tSt daonun^ vfl pluriup nucQaroffum w imtfn. rummaiii 
coUeOio: fiire dACis duobus^ aut pluribus-ftumterit^ eft iavemio alce- 
rius miinerij cujus partes omnibus datonun numerorum parcibus fimnl 
fumpds fint «quales. Nvtiaenis ^ qid ^ datorwn addicione conflatur^ 
corumdem SmmSj wl ^^gftgahm appellatur. 

Exemplum. 

Sfaie ntiraeri addendi 4> S « ^j erit IpfiMttn fittmii 9 I Hc tfiin» 
DYiinerns tot cootinet ubitates^ quot fiim ifi datis numeris 4> ^^ a^ 
fimul fiunptir»' 

Dcfinitio VIII.. 

3. SMhraah eft inrentio ezceflfus^ quo numerds majur minorcm &h 
perat; five eft inrentio defcdus» qno oiinor numerus a majore dcfi* 
cit • Excefltis autem ille , five defeAus j . datorum -numcror um I>i0i^ 

iMlM> vd RtfiAmm dicitur» 

. ' -^ -■ ' • , ■* ..^ ' , u.-.. • 

Exemplutp • 

Subtrabendus fit numerus j a numero 8j diflferencia, (eu refiduum 
erlr nnmerus j* ; etenim numerus % per qninque umtaeef excedtc mi* 
merum 3^ five^ quod idem eft^ numero } quinque deficinnt ttnitacesy 
iit adsquet nnmerum S; quare corumdcm numerorum differentia eft 
mimcrus j. 

Definicio IX. 

jt M$lf{fficmiio eft datnm nnmerum coties fianefe, qndc in ilidetiian» 
dato numero concinencur parces^ feu upicaces. 

Nnmeri dati dicuntur FaBoref , W 'H^lUptic^ares ; is vero mime- 
ms^ qui ab ipfornm multiplicatione ,producitur » F^um^ feu Vtodu^ 
ihm$ appellatur . 

Miiltiplicatorum raajorj ^lgp Mdiipii^f^nim dicitnr^ miiior vcca 
Mdtifihans^ vel Maltipliemar vocatur, ' '^ - 

Exeniplum • 

Sit Mmatas mnltiplicafladua «^ & multipltcator 2|t tritfpfofumpro^ 
duanm- S ; numerus enim 8 toties continet numerum 4 , quoc fuot 
unitates ia multiplicanm 2» Seu viciffim produ^um , fire fa£lum 8 
toties continet cnuItipIicatQrem 2^ quot fiint unitatcs in alcero muU 


clplicatore 4« 


Oc- 


C T 


Dcfimtio X 

Dft^ dl et Aritbmedcctoperadoi iii^Da ioftiiicttr quoH^ daius lo 
immems atim detani imiiieiimi comineflc* . 

CMomiii primas Tocaciir Timmrmi lUwidgttimt s alter verp J^ivifyt 
Hdm 9 4k mmiena.iiivcatDs J^mtm/ » igM^fM!i..vd £^/PM4r/.diyi* 

fionis appcllatar. ^' 

<, Exemplum • 

mimeras dividefidiis tf^ & divifor 2^ qnotiens erit j; enmmi* 
.€ aer! aMnenwi UMrlom oontinett* 

, P.R 6 B L B M a! P R I M U M. 

tkumm f mf vit mtmemm y4fkbmHicis fgmii ixprimcrt • i r 

• '• • 

R^hitio • 

Aiabes» vel InJi» qui figurasj tea nous Arithmeticas invenenintj 
cas hac ratione , fini lege infiitoerttnt^ u( fcilicet qu^evis nou primo 
loco, five in prima fede locata» fimplices unitates fignificaret; atque 
Catonra femper' ptjOQcdendo. verfiis finiftram icribeocis) fiota.infe- 
cundia fede locata tot decades evprifneret^ qaot anitates cootioeC:) ia 
lercia (ede toc ceocenariaj quot iinitates habet; in quaru^fcfdetotuni- 
tates millium ^ in quinra dccades mrllium ^ & in fexta millium ocn» 
tenaria . Nou vero in fepctRu fede locau decies cencena millia , 
ieo viilgo. miUaoHes iigoificarec , quot unitates habets inoaava de» 
cades mUlioottm r ^ nona millioiMim centen^iria , in decima fcd^ 
milliomMii millioi^in ondccima decades mil^e miUionam^ &induo« 
dedma^iede tot ceatena miUia milUonMmy quot oniutes cominafi^ 
gura in ca fede locau. 

Dcinde, eodem ordine procedendo, in allis fcx confequentibtts fc* 
dlbos pofiieninr bilUooom unitates , decadcs , centenaria ^ millia , de* 
cad^ mjl/jom , Sc ceoccnaria miiUam biUionum . Def nceps fex cril«- 
liontbits iedes tsfbueruiic » ^ coofequenoer quatrillionibos , fexquin* 
«uiUiomkis ^.l^ 

Quapropter imicas.in prima fcdepofiu unam caotum rem fignifi^ 
cat; fi in^iocttaAi fcde (crihiKui: ^ decem ex iifiiemrebtts indicabit , 
in tertbiedeceBCom» inquarca mines fi vcro lopata Tuerit io Jecimi 
fiide «^lfct oiiilioncs cKprimec^ atqve.ita dcinccps. 

Stmilitcr nota 2 in prima fedc pofua duas res> fQM^uniutcs.£giKH 
ficat, in fccunda fcde viginti unitates indicat , in tertia fcde ducc* 
jsasuntutes^ inquarta duo millia cxprimit^ in quinta viginti millia^ 
&C; Idcm de reliquis fig(iris imelligatur, 

m 


t ELEMEN1tOR0MAHrTHMBTlC6S; 

Ezenipliiai h\ 

Sit iiumerus : oAosiwta. reptftnr Ani&ioi» figuris ex()iimdWut\. Jffic 
numerus concinet o£lo Decades^ 8c^ (eptem>.uQkaRs ^ €vgfSi:ltnm9r-lx^ 
co, fiYc in priraa fede Imbatur figura 7 ; deindc ad.finiftram.itiii* 
mirum in fecunda 'fede po^atun^mita- 1 , hoo'i>a£ka .S7 ; atquc Ittcica* 
tione indicabitur numerus oAoginta feptem. •> , . 

1 

< ( 

Exemplum 11. 


.v:j. . . . •'. 


Numerus exprimendus fic; leir mUIe tfdtigtiMa ifttinqdaiiimqfeMir; 

Cum in hoc numero contincantur quatupr unttates , qutnque deca- 
des, novem cencfcnaria , &fex milha>| in'pfii]iii fede' £&'ibatur nota4, 
atque ( femper a dexcera procedendo verfus finifiraiu Cvribcnds ) xn 
lecunda fede ponatar figura y ^ih tewia , qnx *\cft«;^ntciiarionim fc- 
des, fcribatur figura 9. Tandem quarto loco, five in qliaru fede fcri^ 
batur figura 6 , ncmpe hoc modo tfpf4 ; & hac lege difpofitx , nu- 
mcrum fex millia nongenca quinquaginta quatuor indicabunt* 




^ Eirtmpliitn HI. • -^ t 

Stiniliter numerns o^ngenta qtiinquaginu' trl«' miilM dtieaat no* 
*»gintt fcptem fic «tprimittur 853197. ' • . • 

Exemplnm IV. 

' Si datus numerus fi« oaingcma , in quo tim habencur nec: flmpli^ 
eesunitatesi nequc dedades , fcd tintum o&Cf centenariaj cunHqUecen^ 
tenariorum fcdcs fit tertia, ideo tain in prim«l,'^ucAi in fecilftdia fe- 
de ponatnr cifi-a o, & in tertia fcrib^Uf figura^ ^^* unde 800 nuttc**- 
irum oAingcnta indicabit . 

&cmpluin V. 


1 1 < 


&dcm prorfus r^^tione ad quemvis alium numemm cxprimendiMi» 
fcribatur fcfxlpcr ciBa o in iis fedibuf, qu« figuris-carent. Itaqucnu^ 
merus (ex mUle quadraginta , qui non habet nec fi»pli«cf *nicatcs ^ 
neque ccntenaria, ita fcribatur ^040. . . ' - yn i- 

Iccm numems feptnaf^nu milliches ; millcy&trlgsto; dito, itl qno 
iM cenictiaria funt , hcc decadca millium , nec ccnRnadia miUttmi , 
nequc unitates milUonum , hac rationc fcribatur ^oo^ioja ^ atquc 
itai dc rf tiqnia » 


PRO- 
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PR0BL£MAS£CUNDUM. 

XMKW fMsm^ mm m rm ,/bmbkit igmir deffriptum aimuUre, u, 
/ Rdbludo I. 

Datus fit numenis quilibet exprimendus ^^^461. Ek ii&U in ati- 
'tecedenti Problemate evidens eft notam 2 occupare fedem unicatum 
£mplicium , notam 6 pofitam eflfe in decadum fede ^ 4 in fisde cen- 
tenariorum ^ 8 in fede unitatum millium ^ 3 in (ede decadum roil- 
lium » & ; in fede centerariorum millium; adeoque finifirorfiim in* 
cipiendo^ & verfus dexteram procedendo , fic exprimitur: quingenta 
triginta o6to mtllia^ quadringema fcxaginta duo. 

Eadem pnorfus ratiooe numerus Mpej^ eounciatur ducenta millia 
trif^nu quatuor^ cum figura 2 fit in^.iexu fede^ qua: efl cencenario- . 
snm millium ; nota vero J in decadum fimpUcium fede ^ & nota 4 
in fede unicatum fimplicium, 

Refolutio II. 

s I 

Adnumeros vero facilius exprimendos^y pnefertimfiprolixicresfiotj xj^ 
hac raAone procedendum cru. 

Primo a dexrcra procedendo verfbs iiniftrEim^ datus nuraerusinpe*- 
riodos, (eumembra dividatur, fecernendo virgula ternas quafvis figuras • 

Secundo fi d^us numerus pluribus quam feic conftat notis ^ fupra 
feptimam fcribatur i ; intermiffifque quinque figuris^ fiipra notamde- 
cimam tertiam ponatur 2 • Item intermiflSs iterum quinque figuris , 
icrib^Ujr 3 ;fupra notam undeyigefimo loco poiitam ; atqu^ ica.dein* 
«RSf^xefiais femper quinque notis, fbribantur numeri 4, 5, ^j &c. 
iiiprs^ . notas vigenmQ quincoj trigefimo primo^ trigefimo feptlmo lo^ 
co poficas , &c. ' ' ^ 

Atque hac niethodo datus numerus dividJttur in membraj quorunl 
iinumquodvis (cx continet liocas ( excepto primo ad finiftram pofito , 
<iuod aliqpando unam^ vel duas^ vel tres^ vel quatuor ^ vd quinque 
<«lHum nous concinere poteft). Praeterea quilibet Senarius divifuseft 
in duo Ternariaj quorum primum ddxtrorfus contlnec unitates^ deca*> 
ito i & cencenaria daci Sendrii ; ilterum vero tanarium finiftrorfum- 
poficum concinec mrilia , feu unicaces millium^ decades millium > & 
(^Dtenaria millium ejufdem Senarii. 

Primus Senaiius eft unUatum^ fecundus cbntinet millionesj tertius 
milliones roillionumj feu bilioncs^ quartus triliones , quintus quatri* 
liones , .&c« . , , 

Qtuaprppccr fexinocab fimul exprimenda; func , atque prolata noca , 
fyfV9k S^aqi pofitafulc unit^s ^ pronuncietur Vox millio , ubi pofitus 
^ /i^uaie^ > pronuncietur bihdf'^ 6c fic diinceps . -Obi vero fola 
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virgttla inveqicur^ fctqper profecatur vox mille. Oenic^e, utante di« 
Aum eft , enunciatur numenu incipien^ a finiftra^ ft^Hferfus dextc* 
rain progrediendo, Qiis omnia feauentibus exemplts illuftrau facilius 
percipientur : Artes enim^ ut inquft Cl.Nev?€oniiSj' eaeniplis fiicilius^ 
quam pracceptis addilcuntur. 

Sit datus numcrus 26J12, 5^7928, y4j , qui dividatar in pcrio» 
dos . ut ante diaum eft , panatur, nempe una virgula inter notas 5 , 
& 8, alia inter 5^ & 2; practerca ponatur i fupra notam 7 feptirao 
loco pofitam j & numerus 2 fupra notam 6 in tredecima fede loca*- 
tam ; atque dacus numerus hac ratlone in membra divifus , facillime I 

fic Icgitur: viginti fex biliones > tcrcenti duodecim mille ^ quingenci | 

fexaftiftta feptem milUones , nongenta viginti ofto millia ^ quingenta 

quaaraginta tria. 

X X X ^^ .• 

Slmiliter numerus 5984*5 > 070030, 090070 , jytf fic cnunciatur: 

quinquaginta novem triliones , oftingenti quadraginta fexmille, feptua- 
ginta biliones , triginta miUia milliones, feptuaginta millia , tcrcen^ 
ta quinquaginta fex . ^ ^ ^ 

Item numerus 128, 000004, ooj^oo, 005000, 000, ita exprimi- 
tur : centum viginti ofto millia triliones, quatuor millia, & tres W- 
Isonea^ duconu millia^ 9c qiiiiique milUones. 


»\" 


P R O B t E M A T E R T I U M. ' 

^4. JiumirOf m^grcs in ^mm fmmdm ^oltigcre. 

Refolutio L 

Primo dati nmncri ordinatim fcribantar , alius nempe »nft«'*lSj> 
itt uc nnitates unios fint fob unitatibus al«ri,i»., decades fubjocadi* 
bus /ccntenaria fub centenariis , & milKa nullOws fibl invicem ref- 
pondeant, atque i(a deinceps. ,. <, 

Secundo infra eofdcm numeros ducatur ItneOia. 

Tertio in unam fummam colligantur ^'"^^'^^^'^^ 
iU«, qu« funt in prima colu«na ad dexteram ^?"^"?* ^«^ 'fJSS 
fi i/farum fumma non excedit numerum 9, ^"^'^^^TSJ^ 
infra liDeam , 8c fub eadem columna . ^^^^'Z^^i^ 
in fccunda c^lumna , in tertia , m quarta , &c. , & habebitur iffl» 

lineam qgaefita fuinma. j :>..:«. c^ 

Sint numeri addendi 12} , 231., 54». qui ord natim fcn- 
bantur , ut diximus in numero primo , & ducla Uneola , in- 
veniaiur fumma , qua crit i^^ . ^ J^ 

Nam unitates » , i , J »n prima columna m «wwim con*- j^^ 
{Ue faciunt 6 ; fcribo itaquc 6 infra lincara , « fub cadem 
prima columna . Dcinde in fceund^ columna decadcs 4, i » *"^} 
luoebe (jant fttounam 9 , qu« fcribatur ctiam infra llneam > « »«» 
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eadecn fecunda columna . Tandem cetttenaria y 9^ y t faciunt oAo 
centenaria ; proindeque fcribacur 8^ infxa lineam in tertia fede , 
ideft fub tertia columna , dc erit ig6, ideil oftingenu nonaginta lex: 
■4ft©rwta minicrordm furtiftia. 

Silbiltcet* atmerdrufn ^ioa y 8c 50^0 ibmnia erit 9^0i ^ ^^«^ 
<TiftH&et'nov«m mclUa dacema fexaginta* . yo^o^ 

Quarto fi aUtetn cu)ufvis columns fumma nvmcrum no» — ~» 
ycm eK(^ac ^ atcjue unam vel pluvcs decadei contincat j 9^0 
tuno infra Unearo ^ & fiib eadem columna fcribatur td , qaoi reoaa^» 
net fupra dccades, vel fcribacur ciffao ^ fi nihil fiipni de0ides.iun^ 
ma contineac • « • . «^ , 

Didnde fequends. <column« mimeris tot addaat«rupitttts^ qnot&Q» 
runt decadcs in prxcedemi columna inventz. 

Exemplum. 

-•• » . • 

In unam fummam cofligendi fint numeri s^4^ , ^j^y , * 
y62j^^ liS^ Primoicrihantur ut amte diftum eft ^ eadem- 514^ 
q»e condtttone^ tit unitaces fuh umtadbusjaoemt^ decades 437f 
decadibns fcQpofideant » oentena centenis > &c; atqueduAa 7^M 
Unea^ in unam iummam j»dig$intnr nuoMri primc icolttm^ • 2}S' 
»9& y fidlicet- uniute& ^ y 4»'*^^ 6, qu« fimul jun^ dant j j' ^ 
fummam 23 ; nam 8 plus 4 fiicfu&t xz ^ & I2 -plos' 5 ^^ ^ 
dant 17 ^ & 17 plus 6 efficiiint 2J « quse fumma 23 contiliet duas 
Jecadcs, Sc tres unitates; fcribatur itaque nou 3 infra lincaminco* 
1amna'i^iutuiii^.& decaldes 2 «^iim aliis decadibus $s7,y y, 4 coI« 
liga ntur , 8c erit 18 decadum fumma • Decem rero «Ltcades unoih ceiH 
tenarium efficiunt ; ergo invemai fummx iS fctibacur noca 8 infraii* 
n^om tn deoadnm .ibde > & i: > fciUcst nna decas decaduin , fi:u umiin 
cemeniirium aliis jcomenariis 2 ^ 6 ^ 3 , i adfungatur , Sc eric tj; 
cmtenariorum iiimma • Qpdttiam vero decem. centenaVia unum milic 
'Confticuunt , idepque inventaB fumnne i^fcribatur noca ^ in tertiai 
eblumnaj & infra lineam, aiqut x , videlicet unum: n^illoaliis mik 
liSifs 7:/ 4> 5 ' aJ fungatuy ,- brit 27 ntilliuat fimifiMi « Ponatur icaqoe 
7 ihfra .lincam fub qnardr dolitmnaj iriddicet in oitUiumfede ^ Sct, 
uifa: netAipt decas miltium fiaribatur ad finiftram eju£lem 7 y fcilioet 
in quinca fede^ qu« efi iedos decaduin miUiuin : ; . aeque datorumf m^ 
Qiir^rdin &innia..eiiic 17^3'^ nimimm fcptendecim millia tercenU' 
•dtogiitta cria . -^ > . ^^y 

. j(imiliteirnumesorum 94277 T^5y ^»47 fumflsaerit 16709, m% 
iOdft fexdecim mijlia feptingenu novem • '^^S^ 

• I i . I . . *>• « • • . ■ ^t . • J ■ .« 

' ltariniQaic9>i<|imi ^%oso^ Jko^o , 207Q ^ 40 funmuLcsit 40200^ ^ ^^ ^ 
siempe quadraginu millia ducenUt -^ . i . .^ 


9« iSlementorumarithmbtices, 

. i! ' — i DemonOrauo* ' , ; . 

tS0 AdditiOj per Deflniclonetn lefrtimam }iiij<» Libri j «fi ior^ndoiA* 
tnfFi ;. cujus. pactes i :;fou. imitace& gd^quenc dgcorum nminereriim . ^ivtes 
c^nes fimul fumpcasi numerus v«r9i 3^ 1» priroQr ««epiplpi ^M^ol^ 
ilra^ione fa£la, toc concinet 4iniucesj ^ecades^ 8c centeQaria , quot 
funt iiniuces^. decadea.j Sc centtHaria. in 4atis xtuoieris iij >. ^jx ^ 
543 iiaaul fu^ipcis; ergoi nftimecQs S^tf eft (umma feu aggregacuai .eo^ 
luittilijij^fcimflrowte izj , 231^ ,5421, . . . : ' ; «. . 

' Quod erat faciendum , Sc demondrandum • 
^ Codcsn laiioQiiiio dcimmflatttr reiiquaf fummas- rite &aas eflEi. 

Refolutio II. 

ji5^ Prirao ordinentur numeri aiiqs infra alinm ^ 8c ducatur lineola in- 
* in eofdem^ nt ance ii&um fuit. >. ! 

.$eoundo loiperacio procedat a iiniftra verfus dexteram y atque nulbis 
mOKKus m«me iretineatnr ^ fed lota cujulVis columnas .finudac fiaMO 
iflifra :lineam , & fvk eadcm columna fcrtbaair^ fi iton exoediitilunics 
riiai 9 ; ft jmlefn jezcedit nuroerum 9 , & unam: Vel fJiirest.deca;^i^ 
icontiner j laink id xjudd scmane^ fupra decades ^ fri> eadoaifcdlumna 
defcribacur> &;ikcades fcribancnr in aUera fede ad finifiram, 

fint nucDeri in iinam fummam coUigei^i 58748 , 9481^:/. 5^?^ y 
;8o}; a finiflra incipiendo dtco 9 plns ^.deDadesmillifina ftciaiicx^, 
fitibo infra lineam fuittmam hanc.i4^:ea camen condicioor, ik n»4 
|a 4 fit fub eadem pohimna decadiim milliiim ^ St unitasj fea i pQH 
naicur ad fimftnim in femicnti fale , qusD eft ccntenario* . /. r 

rummiUiuni. Deinde colligomiUia ;'cum 4, facfaim 9 x 5^749 
Sc 9 cum 3 factunt %1 ^ quem fcribo infralincam:* itaat -^ ni^^gatf:? 
ndta 7 fit fub columnar miilium ^ 6c t infra .notanli 4 ^ ^aja 
frioMC fummaB 14 . Practerea calliga ceattMria 8 {diia 2, . ■= >o? ? 
plus 8 pka 7> qnai cfficiant fiinunan} :>y^ atcpie fcrito t. 1*47^80 '' 

^fi?ailincam fitb caileai.icettcaiariorum fede , & a in (^ .^ 'Vi'! 
4e|noAUium; icilicec infra notam ^'^p-^rr^r^rrfimm^*?. '\\\ 
EtnEemiinpdo in iinara fiialmainiredigadscadeso , 3 ,, i ,4^ .. JS9S99 '{ 
que &ciunt S^ qoem fciiibo infca Jincam' in fede dqca* r .<' '^ 
/dum« ^andcm iii.unaia fummamicdUedtis/iuritatibtts* }..^>tal >.^> 18^*1 
qua ^ant fummam 19 ^ fcribacur 9 in fedfe unicatum infrai tinetfi: # 
j& p in dec^dunf .fiiie^ nimiAiia iphz nocam 3 priBccdencis Cmmx 
4ecadiim. Tercio duAa alia rcAa lanca.iofca nuniefor tAfenfeosij.fi^ 
alcera addicio horum numarorum ; acque dacorum numerorum fionma 
cri^ xy9s^, i4eft iseiiiiini ijuimjMagipca obvem i9i|IaB.>:^qttiRiaenatJiP« 
nffi&ca novem* ^ ... .ji^.» ^. ^ ;• 


: L1'BER PRIMU»;. • « 

ConoUariiiiflL» 

Cfim^itHr duobMS nodis nutneroniin additta pcrficiatur, hinc nos xj^ 
aj^tioiiem rite par&aam efit }adicamua , fi ncroqne modo fg{U ^ eaa*^ 
dem^mfBam inveoaafei»»*. 

FJMerea additionis examen iecianit liad ratione fieri poteii s nirai«-^ 
xom.^adem a<6iitio i«petacury fkd ordine inverfo,. ot fi prinii eb^ iin<> 
/tirfum pre6efleria> dcmde a fiRnmo deorfiim defeendas ; atqut fi ea» 
dem fiberit fiuMKt unoqiie modo imenQa > miUum errorem irrcpfiC* 
fe profMd>iIe ^fi • 

' rROBLfrMA, C^UARTUM. 

-rAC«PAwiia fjftemvts fiatgrmn vc afh integr^ mtqi^e fiStrAtfe • i?^ 

. . Kcfoluuop. 

Kriau> numerus^ minor infra maprem^ z q^o^ fubducendus cff , or«^ 
dtnate fcribatur ;: ita ut unttatcs. finc fob^ unicatibus y, dccadcs- fuS de-^ 
c^dibus ,. centena fub ccntcni» ,. &c, u( de additione di^m eft nu^ 
cQcro grimo Pcoblcmatis antecedcntis ;; atque infra. cofdem nilmeros. 
c[ucatu£^ lineola * . • : 

, Stcatilo, dcxtrorfum incipiendb ^ fubcraKantur unkates pumerf ini 
£riori^ ab uditacibus numcri fuperioris > dceades cx dccadibus \ pcntcJf 
na ex ccptcnis ^ &c. & id qiiod rcmancc in: qualibctfede > fcribaois in-^ 
fra. lincam .. ' 

Cum verio nota fupcrior infcriori eff seqnairs ^ tunc ponitur cifra O' 
ififia. ILneany. Sit exemplum: Subcrabendus fic numerus S6f 24 cx nu* 
mcro ij7y><i. Scri&atur ia primis numcrus minucndus^ iJ75J!f >^fiiin- 
fra eundeax ordLnacitn> ,fcribatur numerus fubcrahcndu» 865 24^ ^. ita uc: 
4 unitatcs fint fubi 6 unitattbus >^ decades. x fubr dccadibus^ 9 j. &c. $i 
acquc inferiui dufla. linfiola, primo fubuahancur unita^tcs 4 cx unicacK \ 

bus 6j 8c rcfiduuat 2 fcribarur Jnfra ilneam in: fedc uni^ 
tacum». SecundO' fubducantuc decadcs 2. tx dccadibus 9 ^. XJ7S96 
&reliquum 7 ponatuc infra lincani; in deCadum (cde. Ter- 865^4 
tia fubduftis f ccntenacii& ex 5 ccntcnariis* ,, nihil rema- kiojz 
ner ,, pn^ndcque (cribatur o iQfr^ Itncatnc in ccrcia fcde ^ 
(^artoi fuBcrabancur d millia cx 7 millibus y & rcfiduuny x: ponatur 
tnijra. lineam m c^uartafcde ^ Tandem^ quia 8 decade» millium ex crtbus 
vuillium dccadibus^fubcrahi nequeunr j, fubtrahacur 8 ex ifx &reriduum. 
$ infra; lineami fcribacui» in eadcmfcdc diecadiim miUium ;. adeoque da«- 
to/um numcrorum dtffcrcmia*, fcu; refidiium. erit 51072- ^ 

Tcrtio fi in fijperiori ^ fcu majbri numcro , notar iaveniantur j^ qui» 
Bus o ^ aut nuUsK minoris ^ fca inferioris numeri relpondcanc ;. tunc: 

li 2. ill» 


ft>' ELEMENTDRDM ARTTHMETICES, 
illis etiam infra lineam fcribantur , ut ex nu- 30587^0 
mcro 3058^0 fubtrahcndo 'luimerum 18040 , re- 18040 
fidttum crit j 040720 . — — .. 

Xiparto tandemifi aliqua figura, fcu nota inferio- 3^4^7^o 

ri« numcri fubduci nc^uit a refpohdcnti figura nomerf fuptf iorh , quia 
illa roajor cft ; tum fupcriori not« addita intelliyitur dcpas una y & 
fiibdofta infci-iori nou , fcribatur rcfiduum infra liiicam : d^pde fe- 
qucns nota fppcrior ad finiftram pofita i|mtate minmtur ^ vd ( quod 
idcm cft ) nota fubrcqilcns numeri infemoris jiniuke angetut:« / 

fix numcro majorc 4j6oy2 iiibtrahcodus fit numerus jyW^» Pa- 
fito numcro 35^0^4 ordinatim infra numerum 436052 , atque dufta 
lincola, aufcratur 4 cx 2, quod ficri nequit ; proindcquc ipfi nuroc- 
ro 2 addua inrcihgatur una dccts , ficc 12 , ex quo fubtrahatur 4^ 
& remanct 8., qui fcribatur infra lincam . Dcinde vcl 
. fubfcquens nota inferior 6 tinitatc augeatur ^ Sc iicc 7 , ^faot^ 
qui nequaquam fubduci polcft ex figura fup^riore y, idco* t^xoS^ 
quc ipfi 5 addita intelligatur una dccas, 8c habcbitur ly, ■ ^^ - 
f a quo demto numcro 7, refiduum crit 8 ; vcl fubfcquens 83955 
nota fuperior 5 unitate minuatur, 8c remanebit 4, aquo 
iubtrahi non potcft infcrior no» ^; cidcm igltur numero 4 addatin: 
una dccas , fiet 14 , a qiio fubdufto numero 6 , habctur idcm rcfi* 
diium 8 inJTra lineam fcribendum. Poftea fubfcqucnti infcriori nbtae o 
acldatur i , fiet i, quae ex fupcriore nota o aufcrri nequit, ideoque 
ijrfi o add^tur dccas, & babcbitur 10 ^ a quo auferatur 1, &'rcliquurn 
9 ponatur infra lirieam . Confcquenter addatur i fu^fequcati inferfori 
notae 2, & fict 3 , q\xO fubdufto cx 6 , remanebit^ , qni fcribatur 
infia lineam in eadem fede. Dcinde fubtraho 5* ex 13 (cum 5 cx J 
fubduci ncqueat ) , & refiduum 8 infra lincam pono> atqo^ transfcro 
I addenduiji infcfiori numero 3 , & fit 4 , quo fiibdudlo ot fuperiore 
fiota 4 n.ihil rcmanet ; proindeque ponenda trflet ciira o , fed inottle 
eft catti In fine opcrationis fbribere. Ergo refidmim crit 83^88 • 

Sirfiilftcr fubtrahcndo nuitterum B ex numcfo A , 
invemtur rcfiauam^.C. Nam ablaro yex 8, refidu^jm X 7io4op8" 
crit 3 infra Imcam fcribendum. i ex ro , reliquum g 0*2615: 
cft 9 ; af^"* JtefUin 1 ex 10 , refiduum eft 9 . 3 ex 4 , re- i ^ 1 ■ » 
fiduum Cft I- tum 6 ex lo, rcliquum cft 4. loex^i, ^ ^^4'99-? 
latfidttum cft i. Tandem i ex 7 , rcliquumcft 6^ 

Demonftraiio. 

» 

ip. Subtraftio , . pcr Definition^m oftavam hujtis Libri, eft invemioe^ 
ccftus, qub numerus major minorem fuperat; fed in prirfiohuJusPro* 
blcmatis cxemn^o rcfivluum Inventum ^1072 eft exceflTui; , qno nume'» 
rus major IJ7595. minorem 85524 fnr-jcn;: ; ercnim fuhcrahendo 4 u- 
nuates a 6 unicatibus, in refidu > pofuimus X unitates , qui numcrus 
^ cft cxcefTus, quo numcrus 6 numcrum 4 exccdit , atqucitadcincep»» 

Er- 


1 


/ 


Itgo numenis 51072 efi refiduTnn j ftu dificrentia inter datos nanie« 
los 13759^1 SciSsi^ Eodem radoeinioreliquaexenipIademonftnintiir«. 
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G>roIIarium • 
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;;:Qiioniam refiduuin eft id^ quod-^numerd minori deficit ^ ntad«qlie^ 20« 
aMmerum majorem; fi igicur in umm fummam colligantur numeruf 
VVnor^ & refiduum^ eadem fumm^ «qualis eric numero majori, 

Qpiapropf rr> fnhrrajftioniib j^Yainea JaL ^Aifiv^iQ.^idxis^^ }V^y^J}^^^ 

t^um numero minori fubcra&o^ atque fi eorundem fumma fuericaequa« 
Vs numero majori^ nuUum irrepfij[!e errorem pro cerco habeas • Utr 
in primo exemplo^ addendo refiduum 5x072' cum numero fubtra£l<y 
^^524 9 oritur fumma x 37596, qux adxquac numenim ma jorem i adeo* 
que concludcndum cft fv^taaionem rite fa£lam foiflk, 

P R O B L B M A ^; Q U 1 N T U M • 

^ . I>atMm ^suifffiHT n$mwsm intcgYum fet alimn iniegrum ntmernm 21^ 

*"* midttpUcarc ^"^ ' - — -. 

..NuflierQnim_fimi4i^.y"-Cfimpfice s dicum ur mimeri minores num6- 
to, decem > multtpUcatio memoriccr perdirccmTa cfFj 13cbque*Tcqucris 
Tabiila tr^^rr\f\r\^ friandgfuri . 
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. Si numeri ad invicem: muIUpUcandi pluribus conftanc nocis , tuii^: 
Prioia ffidi^^cpc numcrus.multipltcatoc infra^ num^rum. jmultipli^an-^ 
Jum, eodem ordiae^ qua eos fcribcrc docuimusinumero 'iPrablcma'^ 
(is Tercii ^ & infra eofdem. numeros. ducacur linea .. 

SecundO' quand(>\muItiplicacoc utricam> habet nocanr ,. tum> illa iit 
0ngula& numeri muhiplicandi figura&^ mulciplicecurii a^ dexceni proce^ 
4icndo verfus fii^ftram i acque fl pfoduAunt quodvis peculiare non ex*> 
cedic numerum^ pr^cocum ponacur yifra*. lineamr Ci vero» unam, aut 
(hiress decades. conclnearj cunc infra lineam. fcribacuc cancumid^quo<l 
temanet fupra decades ;. fi: aucem? produftum: nihil prxter. integras de- 
cades concineac ^. infra lineam pooacur o ^ Sc tot refervencur. unicaces* 
fcqucnci: produfto: adjjciend«„ quotdccades-CondiietHittdpfochiftumiStt: 

Exemgliim^n. 

. Niimernss mulriplicandusi ffc iSjjar^ 8c multipliaitor 7,. quctiL fcriii- 
60^ infra' unicacem^ alcerius> numeri^. acquc: duda^ lineola >, mulciplico f 
Wtf fei unicas^ fepcies. fumpca: fafit fepcem», fcribo icaque- 7 infrf 
'Uneam r Deinde numcrus. 2. f«ptie& fiimpcus. facit 14 ,. fcribo 4 infrj. 
lineacQiio) Ccunda (edc.„ S<i i^ five. unam* decadcm:^ refervo» 
ftqucnci produfto^ addendam j, obi unam: decademk hu}u& pro- 


iSyzr 


du&i i4r^ Tuoii y: fepcie& fiimpcus. facit jyv l^uic: addo t rc- 
ifervaturo^ tx ancecedcmti prpdufto i, & fic }^*> fcribo: & in* 
Ie^ lineam ia c^rtia, Tcde ,, & rcfcrvo J^ crei ncraee:^cntcr 


I 
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MA^nxt» deca<!e»^ fm »i» inillia Teiiaentl produdoaddend^. Pofiet 
ifuiMri» 9 kptks' tav^VEit predvctt j^iy hatc addo }> & fic 5^; po 
m 9 infilsi lirteaffff , ^rcdneo 5. Taodetti i kptita fijtnpcus ^cic 7; 
hmd idkb 5 fervatmn-ot paefeedtfmi {mdnfta,^ £c iz^ ^UQOft to^ 
nm infkkiikitm Artibo : a(teoc)«te fiiauMi^ fcu produOuin c«. W9Q^ 
«o i^ftk^ ttiultipttcsfld {'ec miiflemiii 7 eric isptf^^. r 

T^rckv fi ilial^ipticivo» iaws, vel plvres faob^at nocas^ tiiBclk)gu1« 
t}us nocz feparatim mujciplicenc fingulas nunMri mulcipitcandi nottii 
fed produ£ht ea racione infra lineam defcribancur ;» uc ( invenco pro* 
duAo primx notae ^ uc in aiitdbdintti exemplo ) primum produ£lum 
fecundas nocs inferioris numeri in primam numeri fuperioris nocam 
icrtbaturtn d^idum fedej..fcil2ficc dirQ^c fiib fp& fecimdft noca;re- 
tiqua vero pfoda6Wi> cjurdciti noo^ brdinacM finiftrorfuqi fcribancur 9 
ut tn fuperioii 'tMemfioF* Sinafliter prinuioi produdhiin terct^ tiotaidi* 
ledle ponacur fob ipfa tertia nou^ ideft in cencenarforum fede ; ac* 
que ica deinceps , vt videre eft tn feqiientibus cxeiaplb • . 

L^rto ducatur liiRainfra inycma produAa^ qus in unam fuyiH 
-niam coiligantur, stt^u^.icvk «adem iualma jgwefiiiim prodnducQ £a* 

coitfQi ' nuincrDmm « 


/- r 


lExemplum II» 


r ; 


'^ic Dumems mulcipficandas $614 , dc midctpiicftfior 2}- , qui ordi« 
iMCtm fcMbancar , uc ancea di^nfum fuit nuoiero primo i atque dudla 
Jineaj dico^ numerns 4 cer fumpius producic 12 ^ fcribo 2 infVa 4i^ 
otam, & X recineo finfueRcir produAo addeadtim: deinde 2 ter fum*^ 
. I<tus facic 6 y huic addo: x ex alip pcoda^ rcfervacum ^ & iic 7 ,r 
qaeoi infra lincam pono* in.fecunda fede. PoJtea- 6 ttr fiimptuf dap 
produAum it(i iicriba igkur 8 in cercia: fkdeinfra lificanrj Sc .1 r^ 
tificat fequtaii produdo adlongoidum. « Tandcfti niulcipltco ^rrapn 
^uram ^ per eondem mnltipiicafiorem 3 , jSc produAo 9 ^ddo unum 
^ antdtiedemi pvodudo veceMttium , & & 10, quem totum infra Xi* 
Mam fcxibo^.ita ut a Gc in quarca fcdcjrdc i in qainuiacquecoai^ 
plctum ent ptoiaBnm tx^ paitna noca } ia totum nunientm^ 
omitiplJcacidin* ^jMuktpiicto» detndc niNkicni5viBal0|djcati-t .. jSj^ 
dus 3624 per fecundam noum 2 mulciplicacoris 2}^ &prj,«- jT^I. 
inum produfturn ex 2 in 4> fcilicec ^8 , fcribacur infra 1i- ToSra 
ncan»^4t^^c fub ipfo muItif^tibatoceiO^^ -«idelicet infra fe- ^248 
cundafii notam 7 prxcedencis produAi , ideft in <lecadum • 

fcde |.^nam' mUltipIha^ 2 .ncn; li jnffioac 4ii»s -cinbaiea^ fcd ^ii^^ 
duas 4eca3es , feu viginti unicaces ,.<eft ctiira in.fccunda ^ ; 

fede ; *i)|i;olii(kque fuperior unitatum figura 4 non bis , fcd vicics fu* 
menM-efif-4k numcrus 4 vicies-Aoqnus producic 80., ideoque pro« 
dufliiHi^l-^nendum eft in fecunda fede^ in qua ofto decades, feu 
ofiGijjim» «ntftajalfg^ ntMfcvidctia «ftf^ itioeKb . hrotMmtf ^ 

JMfld^^4iioitin3i^iiiti3iycig:rf^ tofra: UoflqMMOiccr.' 

• (>. tia 
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16 ELEMENTOKUM ARITHMETICES. 
tia fede» Poftea 2 in tf dat xij fcribacur 2 iofra Uncam in qtttrta 
fede, videlicet ad finiflrim prteedencis qou 4>;& z fervcgturaddenr 
dum (equenri produAa ex.a in }^.quod c&:^ji>\fuiiiQ\^M^^ur ^ laace 
Tccemum^ ^ iic 7^ <yii foriiianir in quAniy^ fcde^j neniDe ^4 finjft^ 
"prte^dentii notx ^. Tande» dufta Jinca iii&a invQfiM^pro^ii^a ^- ta 
unam fummam redigantur eadeip pcodu^ CPfobLtanx/^J^ciioy^.q^ 
erit 83 752 i adeoque produanm^ q^od Qritur cx duftif numeri 2} in 
tuimerum ^^24 cft i$i^Z* 

Excmphim IIL ; i , 

' Eadem ^oi^fu^ Ntione multipljcaiido numetBm 4<oft» per nuroe^ 
rum ^6^0 orkur produ£liim 231782400, Nam totus numerus fuperioc 
Tfitttttflicatus p^r o dat produ^lum o^ quod fcribo infra lineaminfe* 
de unitacum. Deinde 3 in o facic etiam o , quam cifram pono in 
fecunda fede. PoOea 3 in 8 producit 24^ fcribo^ . 
in ceiriTa lede^ & retineo 2 adjoi^enda foqucmi 45080 

produd^o ex } iil o^ quod eft o, cui addo 2;^ dc jo^^ 

fic 2; fcribo itaque 2 in quarta fedc* Dein jinrf . ijg^ido ^ 
producic 18, & pono 8 in quinta fede , atquc i 2204000 
referyo fequemi produAo adfccicndum; }..in4pro-' ■■ ^ 1, 

ducit 12, cui addo i , 8c fic 13, quem totumpo- 231782400 
no infVa lineam, nempe 3'in Tem, 8c linfcpti* 
nia fede • Tertio loco mu^plico tocun) numerutn fuperiorem per ter» 
tiam figuram o muUipIicacoris> & produAum o fcribo infra lineam 
in certia fede, ided fub-nota 4 jam inycnti produAi. Tandem mul^^ 
tiplico per quartam Agvttz^ 5^ & 5 in o fiicit o,- pono igltur o-adi 
finiftram praecedenris^ id^ft.in quarca fede, direAe fub ipfo multipli» 
cacorc 5. Deinde 5 in 8 facit 40^ pono o ii^ qainca. kdt, & rcfef-i 
tO> nuftiernm 4 addcndum fequenti.produdo cx j in o^ qood -^^roda^ 
Aufn''eft O3 cui ad)ungo 4^ & fummam 4 pono in iextaiede. 5in.^ 
producir 30^ pono o -in feptima fede^ & mcnte retlneo 3 addendum 
poduAo 20 drco^cx duAu 5 in 4^ & fit 23, quem cotum fcrlbo ifir 
odava i & nota fi!d«« 'Atqac du£tM,flinetL, 8c in nilsai fummam col» 
leAischifce pecnUaribus prodndis, crit ea fiimnui qnxfitum prodnftom' 
2^1782^00; . . I . : . . ; r . 


,( t 


— . I ' , , ,v 5 «^ 

If^" miikipliconio numerum 3542 per nnmerum ' VuT* ' 
346, oritur produflum :i225532. » 14168 

t ' .. Demonfiratio» ■' • ■ ■ ■ » * * ; * 

j PMdoAoiifiij ^ai^^Oem dn quaiFis^iiimcrorQm-imiltlplu^tioaeCpb*) 
tkn\Mii^i9^yi totiei ntuia^^debttt .vMm^^ multipticatodtes • qao^ 

• i fttOt 


Lli ER PRIMtlS. 

{&nt'titAt4^'to'alt6t^ mulripticatorc ; atqui in priino 

pfcr pr<$fiMcil»*^29647 toci«s condfiet Jiiiiiieniin niukipU^ 

canduro 1852Z , c/Mt fonc umnitci in nomero mttlciplicac^ 

re 7; naai numeru^i 18511 fepcies infia fc ipfiun ordinate 

fcribtur^ & Auitz linei inveniacur fununi , qu9 eric i4em 

ittMDcrii^^ ; 29647 f*cTgo hic nttcaenu cft produAum cx nii« 

inero 7 in nQroerum 18521. 

' Edderh mhi6^^in fecundo tMD|4o evincittir nomerttm 

83352 eflfe prdMQtfkn t^ HttmQroil} in numeniin 3624. Si 

cmm nucMrus j^i^Viffiiiti tres. vfees infra fc ipfum ordimcim fcri^ 

bamr y^ & fiafr-skddltiQy imrentctnt iiimma 8)3 T2i proindcattc produr 

£tum duoniai numerorum {624, 9c 23^ eftnumeriis 83352»Adcmdc^ 

monfiratio fieri^^poteft de alio qpotis e)Peroplo. 

MnUiplicationis eximcn'fft dividcndo prodnftum per unnm ex fi* 2^, 
Aarifo^ s ^m^ '^ Pfo aupcicocc a/icr fa<t9r inTcniacur , ccrcum crtc 
Mi/c4>lf€acioneif] ricc.n^iB i^ifl^ei.rcJ pHus inccItigeDdum cfi qua 
' " perficiauir. dif ifio . Sic igitiir 



l^tf0»m«i ^mndibct kacgrtm pcr'^kfm inSegn»n)mmit9m i/iV< 
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In qttUibec dirifiottc duo fiuic dati numeri ( Dednitione lo* hufut 
iJbri ^ ^ T)noru«a uous numcr^s Dividcndus voc^tur^ & aldn- Divifbr 
dicicur;'tertius' vero numcrus, qui divifionis 6pequ«ritur, C^uotiens, 
Qttocis^ vel£xppfKns divifionis appcllatur^ quia exponit quoties. di* 
vifiv sn diyidciMp oDntioeacur.. ., . 

rmio li ;4ivifor ^ & dtvjdcndus funt.ambo nunlcri rimpliccs , &•' 
cillime.itttt^icnr qiioc|cf^; ilC divideifdp nujncrum 6 pcrnumcrum^i 
qpiocacns ^ %\. div^^cmlp iiumcrum 8 pcr "x^ qtuoticns cft 4; 

Secundtt ii.:dinfor jplll nutncius fimplcx^^ac dividcndiis duabus, vcl 
pfaribiis <^oii#ar jpoiis> cunc ita j)roccden&m crip fdrit^tur in pri»** 
tnis ammrus dividendusj atque juxta .cundetn rcliAo dcxtrorfum a{i« 
quo innorvallo dttf^^u: lineoU a fiimmo dcorfum, & propc eandem- 
liocaai^ &vvcrfiis dexterara fcrijiatur divifor, & infra diviforem du» 
caiur^^ttiia Iinca,fraijfvcrf:\ afinlftra d<l'^cprfpm: Dcindc fintftrorfum' 
incipiciido^.;fin]guI^.i>umcri.divida^ figur?; pcr'dacum divifdremdi^' 
v«laiiciir.« 4^.|)onani^.quoticQCcs fiib lincjl infra divifprcm du£bi, ui 
i*4Ae iik in fcflfccpcibus excmplis. . / \ 

t ^ Exiivipnjm I. ' '' ^ 

Stc nomerns dividendus 648 20 > & divifor 1. Scribatur in primis 
^numcrus dividendus 64820^ atquc dcxtrorfum ducatur a fummodcor* 
• -mieticnia MathefeoT. ' C fwn 


^ 
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Ibm linci AB jiwAca lcribMufc Hnfyc 2> lc infrt.aiyiiorfim Audi* 

tur linea traBfvtfdi BC. Deindc fimftiw&m iscif^wdo cbco > intf 

ter comtnetori fcriiio inqDeprimaiiiquoiicillisna- 

om 3 fui> linet BC in&a iivifiKeoi^ Item % ia4 A 

bis coocineiurj pono i|;itur 2 ad ikxteram^prsco* 64S10 [ i 

4encis jiot» j, I>oftea di?idendo 8 per 2> inrenio Bmio C 

qoocientem 4^ <]aem fcribo fiib divifore poft aliaii ' ^ 

4uts nocas jam iiiventts. Tum % im % mkI coaflnetw j unde po» 

«10 I pro quaru quoiicntis noca, TMdem.a in, ^ aoa continctur i^ 

proindeque fcribo o pto qnima quKfici quQli^filis nou , & pecfefU 

jorit divifio ; adooque dividendo JMtfnerHM 6a^^ pcr 1 ^ quotici^ 

£xempIom IL 

Numerus ihidenau^ fit i}«o, ft 4lwfor 4 ^ «I; fflfttc^^ 
fea di£tum fuit, Dcjnde cum di^ifor in prima diTidenai figurornom 
4x>ntineatur • fiimsntur duz prima figui«, dividatur «cmpe tiuMm 
f } per 4? icd 4 in ^j xres r iqes untum continct|ur 3 
«rgo fub divif<*c, « infi^a Mncam poiiamr numems j , "'-' ^ 
mi mulcipjicccur mt divifi)rem 4 * & produaum 11 
infra membrum divifiim ij fcribater^ & infcnus dnat 
wva jineola^ fubtrahatur < Problemacft 4«^ ^^ ex xjj 
& ad dcxtcram rcfidui i dcfcdndatut' c^ia nota 8 nu- 
roeri diyidendi^ * fiet x8 membrum dividcndnm , in 
xjfio divifor^ nori continetur quinqutfes; quia 4 in J 
oroducit numerum 1® majorcm oumcro t8, fcdcancum' 
/quacer continetur^ adeoquc ponacur 4 poft noum J i° ^. 
quotientc; pofica multiplicetur inventus numerus 4 in diWose» 4 » 
i£|)roduftuai 16 fcribatur fub mcmbro divifo x8, a quo flAtrahaWf, 
& xefvluo i^ dcjcfrorfum adjungacnr nlcima dividendi fi6ca ^ , « net 
membrum dividcndum 20 , in quo divifi)r 4 quinqutes coonnrtur p 
fcriimtur ittquC' xjuocicns J pro ccrcia qu«ficl qiHxicntis hoia »^•^'1*^ 
iu&o < in 4 ^ firodu^um 3»' fubducacur a membro di vif<^ •• » "^** 
duum eric p, 9t pomplctt eric divifio. Qpapropcer dividcndo name^ 

rum ;[38o pcr 4, quotiens eft 345- . .... - i«tr#nia* 

Tcrtio fi in prqgrcflii opcracionis membrum ^tridendlim \«^«^ 
W minus diyifi>rc, cunc in.quocicnce ponatnr cifia o^ Sc ^}^^f^ 
mcri diyidcndi fiB*a defccridatur . Si autem addi» «Jj^^J*^^***"*": 
nr» divifor nondum contincatur in eodem mcmbro diVWtndo , niw 
aUa cifra p ih quoti^ntc ponacur^ &alia dcfccndatnr ^*^^^^?^^ 
gura; ^tqMC ba:c ofcratio totics iterccur, dQnccrocffihramWv^''"? 
concineac diviforcm, auc nulte ia dlTidcndo fupcrfinc figur« ; qw» 
yidcre cft in fequcnci exemplo • ' 
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Eieiii^aBi III» 

Divilr S ia pciiaft fig^ S atoMri difUmi! Sotfco^ ftntl eott» 
^mor> proindequc prima quotfends nota erit I ^ qiur miikipIioeMr 
in A'ftiorem S^ & pioJiiflwm t fn ibain r fiib' noor S ntimfu divW 
ioifi 3 a qiift fubroiblQir ^ refiinam crle • % hmc dcxiroifiaD do- 
feodauie fecttndift difidieadi nou. » qtie cft ^ », dc cric mcmtmo» 
dividcsMfam. oa^io qn dbriCbc ( non condnecur ^. ideoqvc ponftr 
tiir a m <iM)Cfcntr p §c mcmfa» oe dcxcBoHonr cddacur tcrtia di?i«- 
^ndi nocift ij^fiet membnimdBTidendnmoor» i^ 
tA. t* > quod ^Ti&rcm. & noit concMct i tdcoqne toigoo f' g 
^ynatur alu ctfim o* ia qttodemc» 8c memhn ooi t^ ioo2o# 

aciteoriim. cddacur qyai«to diiddcnd% figim 6 ^ ooz^ 
fict oojtf^ Sve^ i4^ bt 920 Mntot i bU concinc» 16 
turt ponMtvr imqae a; fn^ qunat qpocicBtii^ %i^ — 
/a > & produaim cac r m diviibm t ^ nen^ 
pe 15 , inbducator n mcmbn^ dicifi> i& ^ refiduumi erit o j oi 
dextrorfiim adcfims quintn dividenda %m. o^ fiet oo,, in quo divi-* 
for & imn ooniinetor^ cqo»|KNKtOK o ia qpioticntc». dc alia dirideo^ 
di figum j^ nempe nltimit 01 dcfecndatur % Gomquc: divifor & in- mea»» 
bra diVidcndo^ oo<k no« contiotatnr^ popatnr o< pio iutai quoticntiii 
fisora^ & hnjm. divifibniax)90tknfr cric xooaoo^ 

Qmrft» qttUMfe divifiMr fduciina confiac noti»^. i;K?emannur cr i^- 

fiden(U% cot nonr finifiBOcfiina ^ quac fuat im diviforc t; fii vcro^ niy^- 

fflcnua cfficiant miiiQeenk divifixe > iUit» unai etiami a^ponctur >. ew 

^ pnaOa ab cliis. ftocmcnM: s poficat pccidanir diyifia^ a ut iii 

ttcmplift feqacncibact» 

&emprunkiyL 

Sit dtvilor 24> ftt fivideiidi^ 6iiS, quS lcriBaiitar te difltonr finc 

amn « ^ Ceeundo hniiis. Probrematis; poftca potiAb: fecernatur68exdi** 

ludiadaji, 8t qBmm quotioi- d^itilbi: a^ comincarua iir mcmbro» di« 

ridtmk^ 68^ qaoA ftqucnti: ratiocinio» fiicillime invenitur ^ Pritna*^ di*> 

ipj£ids. noc2 z, jft primaoii membri dividcndi nocaot 6 cer comino- 

tnrt: tsJL icODnd» ^viforis^ figura 4; inr fecundam^ dl* 

yidendi rocmbrt noum: & noit coacinetur tei; ^ pro» dSa^ |H 

indcqoe: 6& nm tominet cres» viccs. ditiiforef» H- i* 48* . ^84 

undc: io) hoc cafu, 2. i» 4 continecuf; uncum bis^. 8c ' " 

temancnt x^ qnit unci cuo» feqiienci; noca: 8^ laciunt 

^y iir qu<> akera' divi^Qiris^ noca: 4^ etiami^ bis> con* 

cinodiv f saihit autem* xefcrc fii pluries- concineacur ) ,, 

aKfcDqae a^^.it» 68 bis. cononetur *. Pbnanu:' icaquc 2. 

pra priott quocicncis..noca>.fub' divifofc ihfra liiKam^ 

4r DCM iomptaaa nocam %. mulci£Ucccur diviloc 24 ^ 

C X 4c£ro^ 
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Sc produftuit) 48 ponacur infra membrum divifum 68 hac rapione 9 
multiplico 2 in 4, & prodii^iim-S j^noinfra notam 8 numeri 68^ 
deinde multiplico 2 in 2 ^ & produftum 4 fcribo infra notam o 
(^fd^m numeri 6i, i^ inFerius dufla lineol^i^ fubtraho' 48 a nuaie« 
to €S ^ refiduum cft »0 , huic dextrorfum addo tei-tiam dividen* 
di notam t, 8c fie- membriim-' dividindnm . .aoz , qubd divido per 
i4 ; dico nempe a in- so inovies concinetar ( nullus eninh Quoierus 
ponitur in qaotiente ftiajor numeFo 9 ) , Sc. iremanenc 2 ^ quat . ima 
cum fequenti figura t fiRrtunt 2x; fed^. id 2z noii . continetwr . :no-» 
vies ; ergo*in hoc cafli humerus TT contineri Hequic oovies in: w? 
merp 20 ; dico igicor 2 in 20 cbntinetiir odies v» &:rema|i^iit 4 
( quia 2 in 8 facic tantuBi i^ ) , qme cum fequenti noca z £|p 
ciunc 41 j in quo alia divi(bris nou 4' eciam o£Hcs 
continetur ( nilul refei^ quod pluries cantineativ ) ; . tf8«itf . |24 
trgo divifor 24 in tne)nbro •dividendo sfor oOias cba- . 48 ^gT" 
tinetur ; ponp igitur 8' pro fecunda qumicntir Sgwat > . ^ 

^ multiplico 8 in diviforem 24 , &' prodflAum 'Z9I1 . 
fcftbo infra 2ot^ & duda 4ineola ^ fidxmbo Z92:.cx 
aoz^ &~'re(iduo 9 infra linieam pofito dextrorfum ad* 
Ito qtiartam dividcndi notam "6 ^ dr divido 9^ per 
114 ; ideflr dico^ 2 in 9 qiiater comiiietur ,' 'tc rema* . . » . 
ihfet Zj qua: nota cum (eqiitAnti ^'.£ici€ 16^.10 quo ^- 
viforis nota 4 etiam qu&te^^ comioeciir $ ideoque divif^r. Zt ,V^^ 
C&ntmetur in 96 ; confequeoter pona 4 pro-^cia «itioticnci» . noca , 
* tnblci^Iieaiido 4 iri 24 fic numerus 96, qoL.fubtrasiltts ev mecpbro 
mox divtlb ptf ^dat refiduum o ; ergo quotiens quacficus eft 2*4 ••; 
*y* ' Quando abfoluta divifione aliquid remanct » cunc refidujim ; iUud 
fcribatqr poft quotientem inventum fupra lineolam » . infra qi|ai]a po- 
natur totus divifor; atque htnc oriuntur fraftiones , de quibus infc*^ 
rius difputandum crit* '•' ' .? ^' 
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Bxeni^lum V.- 


* Kumerui dmdendu» Cc^z87T59y, 8c divilbr 257, qui foribantur 
nt' intea diximus riumero fccurido hujus Problemacia' • D^inde cum 
n-es pfima dividcndi figursfe numctflm Conftituant x8> , qpA minor 
eft nupiiei^ |ii vifofre tp ,' idcoqbe ^quatuor notar punAor ficccrnantur v 
ScJiibcblttit , iiy6 grmiffm racmbrum dividen- 
dum ^ in quo diviifor 257 feptie* continctur ; i87tf.9S \ ^7 ' 
nam pri^ diviforis nota 2 irt z8 novics co»- ^799 ZJ^^Zkj^ 

cinctur, & sihil rcmanct ; ac fccunda divifo* ^^^ ^ 

rit nota 5 non continctur novies in cercia ^^^ 
membri dfridcndi figura 7 » idcoque dtvifor ■' ■ ' » j -* 

257 '^O" cantinetur novies in numero 1876 ; ^5 ' 

proindeque quotientcm 9 unitate minud^ & dl« . . . ^ 

co 2 in 18 condnicur oAies ^^Tcmanent diio> qt» cum fcqueaci 

nota 


^< - *tlBE« PR I M CS. • » 

«OU 7 ^iciiiiit 27 ; fcd iccrtMi t)<ka dki(bri$ i contin^ neqoft 
oAies iii ^7; «fgo ncque toftis 'di?ifor 2^7 o£lies cominert foteft IM 
nuttitro tij^ : adeoque iicrtim unicatc qitoticntcm mtnvo > -te dico^ 
in )k>c cafu numcnim 2 coriliAcri tantnm icptks* in 18 , & remt^ 
iicnt^4, qu« cum fcquenti nbt* 7 fa6i«nt 47 r i« q»» nnnitro fc* 
cubdi ^lviforis figura 5 ctijrm fef^ieS contin«tur , ' & rcmaneto C3 ^ 
qH« tink^cura fcquenti dividcndi ilota S:(gehr\t li^ , i» ^iuo nu* 
mero^tjtia diviforis figura 7 ctiam fcjrtie^ c^bnttnctor. Scribc i»ii» 
7 in i^uOticnte , 5c rouhiplico candem 'notanai' 7 in toroos divilbrcm 
^T7i atque produftum 1799 infra' membnmi i9j6 ordinaCim pona, 
& fubdufla Ifnea. fubtraho 179» cx 1875, &rc- 
fidno 77 infra lineam pofito , dextrorfus addo xij^.^s P57 
feqacntehi dividcndi tVptam 9 i ^ -flt 779 , in >yg9 fitTffr 

quo divifor 257 i^ xronrinctur j ttam 2 i» 7 ^-^ ^ ** - 
tcr conrinctin-^ &^tem3nct r , ffui-iina wm fci ^^^ 5.4 

qucnti nota 7 factt, numerum 17^ iA quo' 'nbta ^ 'f . 

5 ctiam tcr ConddACtur y 8c Tcman^nt 2 , qnae ^5 

cura fcqucnti figura 9 faciunf 29, in quo totia « • : 

diviforis nota 7'ctiam tcr cOntinetur . Scribo igittir 3 pro fccun^ 
<la quotientis nota , & eandelh muUiplico in diA^ifercm 257 ^ ^ 
produAum 7^r (bbtraho cx mcrabrt> di^if^ 779 , rditjuum eft 8 , 
cui dextrortuta.^do fcquentf ^ dividcifdi notam y j, dc fit ^- y iu 
quo diyifor 257 noti continctur 'j^ pono crgo o tn ouoticnie^ Sc 
qostGtas quod^ns erit 730 un^ can> rHfkluo 85 , quod fcnbatur pro 
pc quoticntcm 7Jf fupr» parvanr lineOlam ^ infra quam ponattir di- 
Vlfor 2^7 ? unde integcr quotiens crit 730 3-'-V> ncmpe fcptingetitt 
^glnta integra^'& oflogima quinque duccntcfimat quinquageCn^ i^ 
ptJrnas >af te^ iftiius Intcgri^ 4 . *.. 

' SiValtitci^^cimi divrfor mapr cftnamero dividendo^ ^otkds fibvh 2^« 
nMr {ctibcndQ diyiforem infra dtvidendum mterjofla Jimotar t a^ 
que fcine^ ctiam oriumur IraAiohes • Sic dividmdo SMimeram 3 pcr 
^mcrum '4 , >t|uoticn!r crit 4* » ncniipe tr^^ quadrames ^ fcu tresdt- 
Iflfura qpatuori idcft tres quarte partcs unius inecgri/ 

• Cura autan divjfbr plaribus conRstt figuris ^ * dividendus valdc pro- 27. 
'Ifxus cfl, 'ilKs frsBcipue^ ^ai in rridita dirifionis praxiperitioresnmi 
ibnti uriHirifHii erit fequcni dividcndi hlethodttti 

* Sienttm^ds ^diHdcndus io^<^o74lg'^ & divifor 328 , «qul ^niftro»* 
4Bm fcribatbf ^^tk prope hiin<J j inte?FJ«fta IfftoDla afummo deorfin 
dudla^ ponatur 1. Poftea divifor 328 multiplicctur pcr omnes nume- 
rosfimpliccs 2> 3j 4> &c. ufque ad 9, 8c produ&a 6$6, 984, 13 12, 
&c. ordinatim fcribantur fub ipfo diviforc^ & prope cadcm produ^ 
^tnfra mifitcm ponanrur numcri flinplices refpondentes ^ per quos 
|leinpe tinilcipKcatus fvit di^ifor ; atqiie hoc ps^o namems fimplcx 2 
illdibat i^todufhim Appofit^im ^«5?^*^«» comLnere d^yiforem ; numcrus 7 
^fiSn<lfea& 4}j|>ofitam 'produJlluQi^ 2296 fepties 'contincrc di^iibrem 3.2^ 
•f' Qed^ Piliif^^j Hoc pfAui^ quia ^os primx divideodi figursi'^^ 

4 ' noa 
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ELEMENTORUM AI|,iTEili%TIC6S 

noa fomiQciu 4tnfi9MD 3aS ^ fiac nni- 
Auin iofra quartam 9 qnse t& o^ tc pri^ 
4Bom oKmbnim dividepduqi erit X040 » 
Uc atttem invcniatur quoties divifor |28 
contiDcaou: in X040 ^ obfenretur qoale ex 
produAia pofitis infin di?librem fic pro* 
adme minui^ quam 1040^ imrenietur cflc 
.984« ctti appofita eft noa 3^ Poaatwr 
llaqtte 3 in qnotiettte ad dciteram divW 
^deiidi , 9c fiibtrabatur 9^4 cx membro 
divifo 1040^ refiduum erit fS , cui ad* 
datur fiequens dividendi figuraj videlicec 
OMinta o, fiet 560 lecuodum membrym 
mvidenflum ^ quod femel . tancum coin» 
tinec diviforem ; nam majus 9R divi* 
fbre 328 9 ied minus numero 6f6^ qui 
bis continec diviforem : ideoque pona- 
tur I in quotiente ^ & divitbr 328 f^b* 
«rabatur ex ^60 , reliquum eric 23^ ^ 
xui addatur fejota dividendi npt^ 7 ^ 
iiabebttur 232? terttum membrum divir 
dcndum ; IiCrum oblcnretnr qaale pro* . 
ittdum infra diviforem pofitum fit pio* 
«ime n^fltts quam 2327 ^ pacet efie nu^ 
merttm 229^ , qui fepties concinec di«» 
viforem ; unde ponatttr 7 in quotiente , 
^3^7 • inyenietur refidimm 31 ^ cui dextrorfum addatur fequem. 
dividendi noia 4 j fiec numerus 3^4 » qHt diviforem non conti*- 
aet » idfcoqiaf: ponatur i^ ia quocfento 8c alia^ dividendi figiv^ 8 
ikfcenbcor ^ b^bfdbkm membniiQ^ divideftdup2 3148 :: qtt«racur infirt 
divifiDrem pflQduftttfi» proxti»e nHnosi qntmi 314^ , ic invaiiinur 
^952 , cui apppGta» efl; figur» 9 r ideoquc novies* oontinet divifii- 
^m f ponatur itaqiie 9 pra quinta quotientis^ figura:- ^ 8c fubtrahanir 
1^^ ex. 3.148^ ^ rcmanebic 19^ ;: buic addatus ultim» di«idendi fi« 
fprtti 8 j eritultimuos meoEibmm^ dividendum> 19^8'^ ^l aqBaleeftpro»-' 
duAunv fcxto» loco> pofiton» iafira: divi£m:em ;; proiodcqiie |iniesidivifi> 
00» continet •. Scribatur isitur 6 pro> ttlcii|ia> qttotiemfs nou y S^ Mu^ 
tnMfto 194& CK 1969» tmiL remanec- Ergp. hujiisi dtvifionis. qp 

EfemonfiFratfo ;. 


fiibdttcatnr 
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IXvifibn£» qttotieni^ C QMbicroner x o. X indiicare deBeir qvotic» dlvi- 
tor im dividmdify conMeacur ;- fod^ iir quarta huju^ P€obli^naci& cvcoi^ 
pb' numeruss 2^84; exponio' qMOcie» dcvifer 24; concineacur iii fHimerD 
.divi&ndo» 69^i6f p & enioa nomecus: 24. ducentas o^^og^ntal qfiiuittir 
iviccs iibi ipff saUbuur;» Si^^ qiiod idieiOi.cff> mtiltiBUGaiodpnttmcrui» 

2^ pet 


LIBERPRIMUS. *f 

14 plr lUw M rtBt ><4» itS60emtmmemiifiAmim Stt6. Eno m- 
mcrDs 14 4lK««tu e^ogiatJL. ^baoKnr nsa qia rii iiw iq dirkkndo 
tf8i6; proJndeqtK imtiien» 2S4 cfl ^iiiaaa dirifioaii ^aodcw. Idcm 
de aliitaeniiiJtiMUitfMld.'- 

Eft diai< ^ti^CMc^ ^iitur ^iBoA CMilM* ftrt irfilltlplicnte 
inreittum quodentem per diviibreiiii 6 «Tttnm nofi fit, mnixntt din 
Tidendus reflitiiirur ". Sie in fiipri^Av lyMt» amnpM fnrfdidlCdAM 
qaodcntem 184 pcr dirllbileifl 14 ,• pra^l&)M cm «ipMMt dHriitB^ 
dus tfSitf. Aoiw h* dc rcHcpb. 
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' JElJEMfii4*ORUM ARlTHkETlCEiJ 

' l .^" ,; j^ <:nc .i.;j; m\.'- •> S-j f*'.: . :{i »,. ' 

LIBER 2(£C.Uit$D<US> 

NUiQenittltti-qiibuitiiilj' ti«t plw^s^ partcs ^iniiis^^.cijurdemquerQi 
^sipmoit, sHumtr^ fr^^f:^ vci FnttSff.appcll^^^r* . • 
1 1^ Duobus aucem numeris ad qnamlijxx fraAione^u coiuiicuendam i 
* ideft ad unam^ vel plures ejufdem rei partes fignificandas ^ ucimur » 
quorum unus infra alcerum pontcur inrer;eAa Iincola : uc ad cxpri- 
incndam cujuslibcc rei mcdiccaccm , cerdam parccm, vclquarrani^ fcI 
quincara, &c , fcribimus i, f , *, i , quod fic enunciaCttr , dirai- 
dium, criens, quadrans, quinta pars, &c, vel una diroidia, unatcr* 
tia, una quarta pars^ &c. Similitcr cu)ufvis rci du* fcpcimas parccs^ , 
tresquartac, quatuorcxquinqucpartibus,&c, ficexprimuncur ?, ♦, t» 
&C3 & legitur du» fcptimat partesi X(^ quarcac , quacuor quincae par- 
ces, &c, yc\ JLno divifum fcpccm, ires diyifum qyatuor, quatuor di- 
vifum quinque , &c. ^ ^ 

Definicio II. j 

jz. In omni fraaioirt num^us fupra lincolam fofitu%,^imeratofjti^ 
^onh appcllacur, quia numcrac pap.tes ^ quac cx aUcKio toxp divifo lu- 
mcnd« iunt ^ Numerus vero infra lincam (criptus vocat|ir ftadioniT 
Jkrominaiar , y^\ ^^ominator , fcu Divijbr., quia dcnpminac in qualc$, 
fivt in quoc partes illud totom intelligacur divifum, 

J2 Qualibct fi-aftio ihdlcat quociencem, quiori|u^ divid^ndo numcra- 
torcm per denominatorem ejufdem fraftioni* . Sic fraftio ^ exprimit 
quotientem ortum ex divifio<ic,Dumeri j pcr numcrum 4. Stnt exein- 
pli caufa trcs argcntea librz noflrac<*s m quatuor aqualcs partesdlM- 
dendx ; quoticns hujus divifionis errt i untus libra, idclt quarw pars 
trium librarum continct tres quartas partcs unius librac : quia trcs li- 
brx conflituunt fcxaginta folidos , quorum quarta pars funt quindc- 
cim folidi , & trcs quarta partes unius librae fui|t etiam quindecim 
foKdi, ut per fc patct. \ . ' 

34. Similitcr dividendo numerum 6 per numerum 2 , quoticns j ex- 
' primi potcft f^^ fraftionem i ; fex cnira mcdictates tria intcgra 
conftituunt. Idcm intelligatur de alia qualibet divtfione. 

Fraftio, cujus numcrator asqualis cft denominatori , unitatcm , five 
unum intcgrum adacquat. Sic 5 , ideft quatuor partes adxquant unura 
integrum . Si cnim libra in quatuor aqoalcs partcs divldatur, &qui(- 
piam cx iifdcm partibus quatuor accipiac , evidcns cft eum unam ID* 
ccmm'liftran iiabcrc. Similitcr ■? , i, ^7, &c, Cgnificatit i. 
o ''^ ■ Qua- 


j- iJyM a 9 i: w^ V n u u a. »j 

Quapropter cum numerator major eft denominatona 9 fraAio plus ij. 
quam unum incegntm fignificat;. Sto i « ideft qninquc qiiarts parces 
unlus libnt^ fignificant Tiginti quinque folidosjj kft iinam ii|$iq(ram 
lH>ram> 8c tnfuper uaam quartkm librae pmpn, : , 

Cuai 4rero niimerator minor eft.ikQominatore , tunc fr;^^o quao». }^« 
titacBti integro mtnorem figoifieac • Sic 'i unius libne » viginti iollf^ 
Jos j (eu unaro integram Ubram non iignificant , fed untum duodecii^ 
Iblidos^ qui tres qaintas libne partes conftlcujin^^ 

Sf namerator ^ 8c denominacor cufufvis fradionis muIfip.Ucentur ^ }7» 
vel dividantur per eundem Buknerumj^ firaAionis yalor non mutttur p 
Sic fra£tio quseltbet^ i y hu jus um numerator ] , quam dcnominatur 4^ 
per eundem aumeruni % muItipUGentuf^ produfl;^ .6 ^ Sc 3 novaos.fra* 
Aionem 4 conftitmnt «qp^m fc»£l^oni i ; idem cnim eft quitrtas ^ 
' exempli- cau/ia ^ imius libm partes a^dpere ^ ^c fc^ qftav^as ^jufdcQOi 
libne parces obcinere. ^ 

item fic fraiSio -H 9 hujiis nmiiieraCQr xx, 8c dciiominacor 20^ di. 

vidancur ambo per .nume;)im 4:> quotiences 3 > & ; d^ync noyaiQ 

fraftionem f ejufdem valoris ac ti • Uc cres quinc^ parces unius 

libne fiinc 12 folidi ^ & duodccim vifi^fiOiae partes unius Ubrs Cunc 

etiam 12 foUdi^ 

- Defiflitip I 1 fc 

Numenis dlcicur .altcrius numeri A&nfifra , aim ali^uociiss ,(umcus it, 
*kenim aJ«quac.. Sic 3. dicicur meoiura muncri 12^ q^ia 3 qiu[t<y 
liimcus jadiquAt numeDim iz . 


\ 


Defipitio J V. 


C<nai$mis menfitM duorum « yel pluriiira aumeromm eft mimerus j^. 
iUe > i]ui aliquocie^ fumcu$ illos adaeqpacj five.eft numerus ^ quiillos 
exaAe> & fine refidub dividic» Sic numerus 3 eft communis menfui* 
ra numerorum tz^ 15 , 2^^^ ^c> quia quacer fumpiiis producicnume» 
rum 12^ quinquies repetiius dat numerum 15 j & oflies fumtus ads-» 

quat flumcMiffl 24 • &dem raciooe nuaiffl^ Z jcft commonis cuenfrra 
iWnnMtfn oumerQruoi jpariuai » . 

X>efinidk> . V^ 

'HMmetm primut^ five incompq/imt eft tlle^ quem Tdla nnlc»' tnetr» 4^. 
txxr : confequencer numeri A^ «5^ 7^ 11, tj.^ 17 ^ flb:^ qui nullam 
aliam menfuram babent pneter nnitttcm , fiutt numeri primi ^ fiat 
incompcrfici • 

" y 1. 


^{«/Timu' ccmp^UT yocatur iUe ^.qucno^ pratter jmitatem ^ aiiquis nume* 4 l 
"bipibdiTcrfusdimetitur j huujuumodi^iitttnumc^^ 
Efemcntd Mathififs^ " ^D ^ • "^ "" 


»< ELBMENTORUM AHltHMETiCES. 

« r 

Dcfittitio^ VlTw 


" ■ ■ "■ • ♦ . ; 


4it Duo > yel plures ntifmH diosittuf iMter ff fwm ^ tel mrM»p^ 
initt'fe\ C1161 Mnamr aliftfti nietilijnam coMmuncm' habmc > ptidbler 
onitaceh!! « Sic tluo ntttiitti ^6 , '& iq; fimt immsri intcr fe primi ^ 
^ia fmllus i^utHeriis ucrllttique dimetitui^. itemnmneri 5> 5', i2| 17 
funt etiam inter fe prlmi ^ quia nilUns eft numeras 9 qiii omncs qua^ 
tuor Aimetiatur • 

Dcfirtitio vni. 

4j. ^utmtt imer fitmppjfhi dtctintur illi , qtios , pr«er unitatem ^ 
aliquis humerus communi' menfinist dimeticor • Numcri 9> ^^j X5 fitttt 
' compofiti inter fe , quia nn merus } eos oMn^ tliroetltur • 

Ak Communis aucem datorum numerorum mcnfura poceft cfle unusco^ 
rumdem numerorum • Numeri 4, ia> iofunciaccr fc compofici, cuoi 
nomcrus 4 fcipfiunj & alios ix^ £0^ dimctiatUr, 
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' Dcfinicio I X. ^ ' 

Numcrus ille , per quem diios , vcl plures niimeros diyidendo , 
quoticntes obtinentur inter fc primi , feu incompofiti , dicicur maxt" 
fns eorumdem numerdrum cmmunit menfura . Numerus 4 eft maxi- 
ma communis menfura numerorum 20 , & 28 , quia dividendo nu' 
merus 20, & 28 per 4, quotientcs 5 , & 7 ^""^ numcri intcrfepri. 

mi (num*'.^^.) • ^ ^ r. 

• pefinltio X. 

4^ Fraftio quriiBet minifnit terminir txpreffs dicicur , qOtndo e|BS nu- 
' mcrator, & d^nominator funt numfcri incer fc primi , ut fraAio f , 

ucm fraftio ~ , icc. ^ ^ , . ^ , 

Dcfiniuo X L 


47. Fra£Hdncs, qu« habent enndem deoominatorem , dioimtijr^ 
nej ejufdem nfnrinif; idcoquc fraftioncs ^, i, 7. ^* *««>' fi^aftipnef 

. eiufdem nominis . •^.12-. 

48. FraBionery^xo diverfi nomiTns funt ilte , quae babcnt denominato- 

rcs divicrfosj qi^alcs funt i, 7, +> &c. . 

PROBLBMA ipRIMUM. ^ 

49^ Maximam cmnmnem duorum mmerwum menfuram tMtmre. 

" « , . 
-" . Refolutio. 

Dividatur majof' nCimerus 'fler minorem , 6c coraplcta diviTione , fi 
mhil.rcmanct , uuic nuracrni mino^crit maxima quscfita mcnittr» ^ 




/ 


667 

SSI29 

5l a 


l2!i 


Ut finBitrafuai 7j & 14 majum cocmsahuipeQfum t&7, qai^4iy> 
jlehdo 21 per 7 oihil remaMC . Jdeoquc fi divU^ntur 7 > {3i '2x^{)er 
7^ qoocicnccs S^ Sci erofH numeri imcr fe priini» 

Si avccot diriib QMJore pcr roioorem aliq^id rcmanec > tunc ne- 
flileQo ^oQcience > nofeccur rcrfduum^ ^ numcrus. minor dividatur pcr 
iUod icfiduum • Dcindc , ncgicAo rcmper quoticntc ^ dividatur pri- 
fiom rcfiduwsi pcr (^ndiim ; poflea fixnpdum tcfidimm per tcrttum > 
& Sc dcinccpsj doncQ Caodem diviror mvcniattir ^ cjui prz^cdcOs rc- 
fiduum exa£Ve dividat fine ullo rcfiduo ; divifor hic ultimus eric mt*» 
Jcima comtminis mcnfuca qiiae&a • . ' • « 

Sint numeri 20} ^ & 667 ; uc invcniacur ma«* 

xima commuoia ipCbnim BMofiira > dividatuir 66 j 

per X03 ; tum neg]le&o quatientc ) > pcr primnni 

refidoum 58 dividatur 203 ; ddbde ncg}c£lo qao* 

ticflCC > pcr fkcandum rcGduwn 2p diVidarur pri- 

BMua yS j Jk ncGdmm cft o; «ojc coi«:iudcAdwi 

eft nimeniiB 29 eft majcimaiii. quitfiuia QODmuh 

ncm menfioam • Si cnim dividanftir 20$ ^ Si ^j 

pcr 29 j quociinces cninc 7 > & 23 nuoMii ioccc 

fe priim ( nom*. 42. ) . Ergo C oum*. 45- ) 

29 eft qjusBfiio ^maxtma comaMinia «aepfura doonm iiuoMroniai 

20J , 6<7 . 

Tandcm ii poft omncm divifioncra uIcipHim .re^dou«i 
fic I ^ £gmm ciic dacoa nutteroo ffle, psiny)^ ioccr fir« 
Ut £ qumcar maxtmo Gommuttis iBcnloDii nomeroru^ 
'7 > & 5S ; divifa 58 Rcr 17 > nciJcAo^ qpocacoce> Jte* 
fiduum cft 7 ; pcr Ikx: refiduum diividarur 17 » Jlc iiK 
vcniccurrefiduum 3$ perircfidiNim i dtvkbcur 7» & oe^ 
glcfio fcmpcr (|ODcicficei.refiduiim eft i s qoiod iiftQificai: 
datoft numferoft ff^ j«^ nuUam balwr cQmoMuicoi mco-i 
furam pr«ter ttoiioccm ; ooniiiqucittflr cflTe oumom iocfc 
fc primoft ( nom^«. 42. )» 
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PROBL^M^ SECUNPUMl 


tnEUonet 


minmot HtnHm$ t$dmen% 


y. 


Primo invehtlcnr naazilna cQn^iiiiift mctifuro kicer f umcratorcm > 
Sicacnooainacorcm ^tte iraAionb pcr^aiitccrdcnsProblco:^; d^indeper 
invcniftm men&ram divftdafit»r nummtCrj» «fr4cf)0ittioj»tor » «loami» 
ccs Goiffticue AC ^uafitftm fraAionem minimis teniiii»i& expio(&in • 

Sic firaAio H adniiisdrcs CBcininos reduccnda t invcnianirfn\49«) 
^wtw a GOflomnis menfuffo immcrorum ix , Sc 4S ^ quie cric 16 ; 
'pcr 16 diiodamDranmori iz^ & 48^^ qoociftiics 2;& 3 dabunc fi-a* 

D 2 ftio- 


at ELBMENTORUM ARITHMETICES. 

dionem 7 tninimis ccrmiiiis expreflam C num^. 4^. ) > qnis mrmorl 
2 • I 9 funt intcr fe primt • Praecerea fradio 'i «qualis eft fra&ioni 
7*1 (num^. 37- ) > quia frafti ir\ numerator iz , 8c denominator 48 
per eundem numernm 16 diyifi fuemnt ; tx qua divifionc orta eft 
fira£lio f « Quapropcer fraflio iri ad minimos tenmoos rcduAa 
exprimicur per 'f . 1 . 

Eadem ratione fraftiones i^ , rl> H ^ '^H' rcduanntttr ad niiiil% 
mo$ terminos i j i> i> a^ ; & fic dc reliqui«« 

PROBXBMA TERTIUM. 

t 

m 

T2* ^iwmMr fraBos dd idm nomm ttiwte » 

Refolutio. 


( - 


Si dus fiicrint fhlftioflcs ad idem nomeii^ feu ad cundem denomi* 
natorem rcducendx > multipliccntur decuf&tim ^ nempc numerator pri- 
m« in denominacorem fecund^ y & produ^um erit oumerator novc 
fraAionis aequalis primse datae , pofiea numcrator £ecundx ducacur iit 
denominatorem prim» fra£lionis « & produAucn erit numeracor novse 
fra^oiris «qualis fecundc • Tandem mulnplicentur incer fe denomi«- 
nacores dacarum fraftionumj & produdtum cric communis dc°o(ntna^ 
tor redu£taruiki fra£lionum« ' . 

Sint du« frafticMlas -t^ & -f ad commune nomen rodnrendz.iDtv* 
catur z in 7 ^ 6c produQom 14 erit numetator priouc 1. . 
fi-aAioms . Poftea multiplicetut' 4 in } , Sc^ produaum -2 ^_ 
12 eric numerator fccunds • Tandem multiplicetur 3 ^ j 

in 7 , & produAum 21 erit «ommunis denominacor ; 
adeoque frafttones redufbe^ erunt H , 6c H cjufilem 
nominis , & ffquales datis^ Nim fradionis i numesa* JL^- «JL. 
cor 2 Hc dcnoMfiiator 3 fnultipliotti fuerunt per eun^t 2X 2.1 
dem numerum 7^ unde orta ett nova fra^io H; ^fto 
(num^ }7* ) fi^aAio iuec -f-j ^ualis eft fraAioni t« Eodem modo 
demQnftfttor fradionem -H dfeqialemeile fra^oni ^^ •- 
^j. Com vero plurcs func dacae fcadioncs ad idem nomcn rcducendx > 
cunc unufqui(que numaracor niuhiplicecur per omnes dcnocnioacorcs^ 
aliarum fradtionum y & produfhjm crtc numcracor 
cjuidem fi^ionis redu£he . Poftea fiat produdlum 
omnium denoimiuitorum » quod erit denominacor 
commuttis T Ur, &tb ki8A% ^, f i 4 , ftc, fiar 
produfhim 70 ex 1 in 5 in 7 , quod erit nu« 
meracor prinw finAioittt ^ Dctnde invcnialtr fro^ 
duautii ^4 ex 4 iif 3 in 7 j & crit numera* 
cor feeunds fi^ionis « Infupcr fiar pFodudhiiir 
^a ex tf in 3 in 5 y quod eric mmeracor terti« firacUoDis • XaiH 
iton^ fioc froduaiia» loj « 3 iii 5 in. 7.^ & crk . ranmMis- deiK^ 

mina» 
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mlntcor^ Quaimptcr now firaAiaMt efimt 5%% ^ ^^ , r^, fefardcQi 
^iominis» & axjuaks datis. Etenim firtaiofit», exemfU cauOk^ 7011« 
meratOF 2 & denominator 3 multiplicati fiicnmt pcr cofdcm aurae- 
ros 5,7;con(cqDcnterno?a firaAio r^ wopaOis cft ^aAionii» Idem 
de ivliqttts incelli0mr« 

« 

PROBLEMA QUARTUM. 
Daii9 du4ibms^ mtt phrihuf frMaumibur , fmmum iffsrum msxims Jk 5^ 

Rcfolutio» 

Sl firaAioncs habcnt i^em nomcn , ea ma)Or cft , qux maforem nn- 
meratorcm babct • Sic fra&ionttm Ir > ^ j r; » major cft f-^ ^ ut 
per fe patcc 

Si:>^utem fraAioncs non funt ejufdcm nominis j rcducantor j ptf 
ancccedcns Problcma;^ ad cundcm denominatprcm ; atque cx majori 
numcratorc major fi-adio cognofcctur. 

Itaque ut major tx fir»Aionibus f j -i j -9 innotcfcat , rcducantur 
ad idcm nomen ( num. 5^ > 53« ) 9 ficnt novae fraAioncs rcduftB 
44 > -H 1 "K > quarum maxlma cft fraaio -H «gualis firaftioni ^ ; 
coitfcquenter datarum frafiioniim f^iji, maxima efl -i* 

. ' . PAO.B££MA Q.UINTfUMc.. 

. tl u ff$ em» ixkgmm imfriSimm dMm dem^Mmis' jiedmHVm ^j^ 

Refalucio* 

Datus numenis int^er multiplioctur pcr dacum denominacorein j 
Jk' produAo fuUcribaoir dotus denomipator. Ut fi inccgcr a.reduceiN 
dus ^Cvin oAayasj ideft in fraAum» #b>us dcnominator dc 2 ^ mul^ 
tiplicctur z in 83 8e pcodttfto 16. fuMcribatut datus deuominator 8^ 
.«^ ^ )qu«&ta Irafkio «equulis inte0Ny numciq^ %f niaurum duo isK 
tqyra cooftituuar taeifam oAifat parres^ 

CoroIIarium* . 

Qpilibet num^rus per unitactm mukiplkatus non mutatur ; idcoque 5^, 
fi cuiUbcc minicro fub(cribatur unitasj fiet fraAio, vef quaG fraAio 
ciciem nunaero aBqualis* Sic 7 idcm yaktj ac Si & fic dc csteris. 

FROBtEMASJSXTUM. 

ffsSi$mm4itiimt^rdrM)am$^^ ^ 57* 

Refolutro» 

Cuni ftadlionis nuiMifacor major cft , vcl squalis dciiominatori > 
tsm&io ad iiii(4Hr» rcdiiciuir divideado numcracoreBi i^r dcnominaio 


\ 


f* ElEMENrORUA* ARITHAiaTlCES. 

i^m^ Sfc frapfUoM^ V^ divkknda tMuiMrscorccBi zisr per denondbMO* 
rcra T > fifrvtniuiitttr in&egra }• 

Si tuiem dirifo namoracore per denoiTHnacorcni alkiuid remftace ^ 
tunc refidttom ponacur fiipra line<rfam , iofrsi quam tbri&acur cteni^iM- 
nacor^ Fraaio ^ dac incegra 6x^ iaeft fex intcgRi>.Jum cum cribwi 
quartis uniui intcgri parcibus : cxcinpli cauflTa viginci fc cem quartz 
paiw libr«^ noaratis x^onftJiuunc fcx intcgdis,Jihraa, A Iblidos quin- 
^^^'"la qui crcs quarus parccs libne cfficiunc. 




PROBLEMA SEPTIMUM, 

J'- Ffdfiiones addere. 

Rc(QlttCto. . 

Oun fr^ioncs addcnd« habcnc cundem Jcnominacorcca , tunc 0^ 
mul addantur omnci nnmeracorcs^> ' coraitiqac aggr^aeo fiihl^ribacuc- 
communis deMmiaator • Sic fraftionum 4 > 4 ^ fimmft cric 4 • Simw 
Ikcr fraAionum , r» > T^ -j^j > fumma erit t? • 

Cum vcro fra^iones addcnds non habcnt idem Romcn , ttmc re^^ 
diicancur prius ad idem nomcn f 52« 5j. } 3 poftea {imul a(^ibneur , 
uc antc diAum eft« Sint fradioncs in unam fummatan coIligcndaB f^ 
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ftione f^ ,,• 

5f». Si aucem» Integri bam fraftia addMdf ftnc , ^- 3l* g l?_ 
redudis fraftis ad idcm nomcn , feparacim col* 4. 'tV 

ligancur numcri inccgri j & fcparacim frafti , * 7 '^ T;i~ 
quorom fumma^^ fi aHqciod incegrum confticuat »97 9 ^7- 

integrorum fummx ad|iciacur .. Ut numerorum' — 

8 i , «2 f > 9 i j idcft CTedttat& fraais ad idcm i^ 

nbmcn ) , numerorom 8 rsT » **^ 1"%^ > > /^ > S. I 

fbramacrit 29^%^ y fi^ 3*r^r> ^» iraAorai» «imaBa • |-|rf cm- 

tincc duo inccgra». una cum. nti^a' ^^ j, >aa n anttoadtnci AUOlitO | 

cvidcns cft.. j 

PROBLEMAOCTAYUM. ' 

' I 

r I 

6e^ ^mtrot fraSot fiAtrahtrt^ '•'■■- 1 

RefeliJtio» ' ■'•■•■' 

St numeri fraAi aimdemr hafcent ianominatQieRk > fubtrafaacar nuh> 
merator minori& cx nnmeracore ma joris fcafti ^ & rcfiduo communta 
dcnominator fubfcribacur » Ufccxfrafto f-f fiihttahcndofradioncmf^ „ 
refiduum erit ^^^ Si auccm dacs^ fraAiones non funt ejttfdeai^iioini-^ 
nisj rcducancur ( y^>rj. >* & reliqua fiant ttt 'antM\ • "> - 

Gum 


^ 


LIBBR SECUN D US, jr 

Ctttn vero fsaflio fubtraheikla eft ab imegro^ tum nuroehis intcger 

reducatur in fraduln ejufdem nornidls cttth cl^ta fra£ttofie (550j V^ 

ilea operetur ut antea •* Sic e)t iiheg|<o 9 M^Sucendo fraflum *f , re* 

dtico imegnim S in tertias^ & fic<^^ ( 5S* )> ^einde fubtrahendo 

^:tx J^3,itflduiiqi eft; *-^.. fivse^.ad,intcg«?i rc^wendo, eft 7K57-). 

Si integer cum fra£io.4f Tubtrahendus fit ab' ihtcgro cum Traflo 
7ii reducatur 4 in teitias ( 55.)* fict ir r undc 4 '^ exprimetur 
per V- Similitcr nrmerus 7 reducatur in quartas, fict V ; idcoque 
7i exprimctur pcr v*. Ponca duas fraftipnes Vj & V rcducantur 
adidem noincn (52,), habebitur f»> & t-I; atque fubtraao: j5 eic 
9J9 reJBduum qyvfitutii eric }j , idcft 3 r^ ad intcgra itducetldo 
( 57. > • lcague fubtrah^ndo 4t ex 7 i., rcucnmm eft 3 ^^, 

PKOBLEMANONUAI. 
t^tmerOf Jra^or ntkhiplkate* 

Refolutio^ 

I^ra£lorum mnltiplicaifto obtinetur multiplicaiidd «lumeNttoits iiiMi 
fe^ & intcr £b etiam dcnotninatores^ Sttit fraOlones inter fe mttMM 
plicand* -f > 8c i , tnuUi^iccntur 5 in ? , & 7 in 4 , produaum «m 
f;5. Itcm mu!tipllcando> ri per \^ produftutrf^it n'.^militerfr»& 
Aionum •!> ^* t* prodtifttira erit r^^ ' . 

Si fradlui per Intcgrum^ aoc yiciffim tmeger per IraAHm mtt1tipli«- 
candus ftt, tunc inrcgro fobfcribatnr unitas ( 1^.}> «t iiat quafi £ra* 
^ior deinde opcrecur uc fnpra; i^Te^ xpiod laem ieft':> mutttplioecur 
Inceger numerus per numeratorepi fraAionis^ & prodttfto fttUofiiMrur 
denominator dkist fraftipnis • - t9it numerDs im^r V onildpticaiidu^ 
per fraftum 4 , Integro? fiipponatur iinitas, 'fiei .•} . Drnido oinoki^ 
plicctut 4 pcr -1, prodttftum «rit ,V^ ideftititegra 6 (^7.)* SimtU- 
ter rnttlcrplicando i^, pcr 7, idcft per -f, prddDdum habd^itBr ^f , 

Sl ^utem integef numerus cum fraAo pcr fra£h^ «nulciplicanKlui 
lit^ rcdnc^ntcgrum in fra£him 'ciufdem nominis 'cum fraftione (ibi 
adh«reme (55* )> cni addatur^ & Tcliqua Smit ttt fupta ^/iAmtmpH** 
candus 6t yf ptt f ,Ved«canJr inregcr J in fattas f ffi ) y'6etdah 
Aio ^j qttst adiatur cum^ 4^ ^tque fUfiima V mulctptiotttur fKcAp 
habebicur produAum ^ , quod ( 57. ) uniHH ifm^fb ttnmmt » 
& ^,, five |i (51.)» 

Eadem ratione tnultiplitando S<f per 4, fiye V per 4> t)bcinstur 
produ£lDm "^, idcft ( 57« ) J4 4 . 

Tandem fi intcger cura frafto per integrum cutn iraAomulciplicai^ 
dUs fit^ reducacur (55. ) uterque imegrorum ad fraaum tejuIHem dc» 
nominacionis cum fraiQiane' fibi adjunAa « Ut ttd mulciplicofmtom 
4*1 per 6^^ Tcduco ihcegranl 4 in tertiasj quas i^i^gt^ tom -f>& 
6 in qulntas « cjuas adda cum 4 ; ddlnde incer fenittlcifdico inveno» 
ftaaionc/ V,'*& H, pfodDdutn etic ^f ^ tiiiDd «d^*nf^m> & «A 
faiintmbs' iermittos' t^ii%}m (57, 3rt')> ^A^ 30 f,. . > r » 
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n ELEMENTORUM ARITHMETICES. 

rR09LEMA DECIMUM, 

^* Km4909ft4aoidMdm:/ 

Refoliitio, • 

Sl fraaio pcr aliam fia£ttonem diridcnda ctf, dccutetim^ fcu^in 
oiicem duc nttmcracorem fraftionis di?idcnd« in dchominatbrem fra- 
«i diviforu j ^ produftum ponc pro nunacratorc quoticntis f poftca 
multipUca dcnominatorcm frafti dividendi in numcratorcm fradi di- 
Viloris , & produdlum crit dcnominator quoticntis • Sit fraftio A di- 
yidcnda pcr fraftioncm -1 ; multiplicfetur 8 inf 7 , & prodbftnm ytJ 
ponatur pro numcratorc quoticntis; deindc dqcatur ly irt j, & pro^ 
ductum 57 crit dcnominator quoticntis; idcoquc H cl! ^uaihtus qoo** 
ticns, Iicm div/dcndo fraftioncm -1 pcr 4, quouens crit H; atjqjic 
• tca dc retiquis« 

"• Cum vcro numcrator frafti diviforis cxa^c dividit numcratorem 
fraftionis dividendacj & dcnomisator dcnominatorcm j fraftus j qui 
jiRilff^ oriqir j cft qiucfitus quoticns, Sic dividcndo f^ pcr -f ^quiano* 
mcrator % 4ivi£ori« ezaftc opntinctur in numcratorcm t frafti divir 
dffidi 3 Sc dcnominator j ctiam cxaftc continctur in dcnominator^ 
X5 ; idcoqMp dividaptiir 8 pcr 2^ & 15 pcr' 3;^ & quotictitcs 4 j & 5 
conftitucnt frafttoncm 4 j <)»> crit quatfit^s q|uotiens, Si autem dlvi« 
(10 fiat^ ut in antccedcnti numcro^ tunc invcnitur quotic^s H> qpif 
td mtnimos tcrminos rcduftusC 51O > dat etiam 4. 

^y» Qjiando nuiQcrus fraftus per intcgrum, vcl integcr pcr fraftum di* 
videndus eft^ tunc intcgro fubfcrii;c unitatcm, ut fiat quafi fraftio 
( 56. ) » & operarc ut antca • Sic dividcndo fraftum -5 pcr intc- 
«um 6> (ivc per «1; dui^ 5 in i, & 7 intf> invcniturquoticns jL. 
Quapropcer fraftus per imegrum dividiour mUltipUcando denominato- 
rem frtftionis per datum intcgrum numerum, Similiter fi intcgcr 7, 
five 4 dividendus fit per 7 ; multipUcatis 7 in g^ & ; in 4 9<i^O' 
tiens crit *^, fiai 10 -j fi fraftio ad integra /rcducatur (570» ^^?* 
qoe 'iMimcrus 7 deciea cum dimidio continct fr^um 7 , Itcm divi- 
dendo 12, fdi V pcr -1, qu^ticns crit ^, idcftitf. (y^J^Ergout 
intcgnim numenm p^ fraftuip dividas ^ muUipIica liitcgrum pcr 
denomtiiatorQm fraftiooia j 2^ produfto fubfcribe num^atorcm ^at^ 
fraftionis . 

|o. Si integcr citm frafto dividendus fit per fraftum « vcl; pcf integrum 
cum frafto; tunc reducatur intcger in iraftum cjuidem nominis cuin 
fraftione fibi adhaBrentc^ cum qua in unam fummam colligatur ^^ & 


., ___ ^ ^ ^ ^. ,, n- invcnijpi - 

dus^ & V fraftus divifor^ con(cquentcr mulfipIicandQ 4^^ P^^ Y^ 
8c i Uk %9j tsit 4-J-l quoticns qiutfitus. ^ ^' 


ELEMfiNTORUM ALGEBRiE ^ 

L I B E R P R I M U S. 

[M Arithmbcica ipeciofe ^ fetf liccettll « qus vulgo Arabict '• 
Toce u4^0btM dicfmr. &'a Graeeis AnaljrGs ^)cciolk appel- 
latur j Alphabetl licteris uttqtiur ad quamlibet quantitatem '^ 
^efignsfi/idkmj cruiljbec enim dumeras^ five integcr fit ^ &* 
*Ve fraAis^ i^ella;! ^poteft numcrtis a^ vcl niii»etus b^vel 
xhimerus tA'i ftc. Item ^odlltec corpus nominari poteftcorpus a^ ret 
cpTDusb^ ycl corpusx^ dfifpldcmde afia qaalitikcqiiantitatehitellifacnr* 
" Cuth vero nijni<Jrns alftniis : tef lihea . vd corDos' aDDcHatoir a . eius ^ 




.ci 


nik^ quantiatibtts>MitalVigMir« . . 

V Jbrkiribaa Alpluijed littcM>a^ b> c« ij^^ uidmmM txfnAmtf^ 
daa qoantiutes cognitas^ feu dacat « Pofticmis neio Mg y^rZ^ n im 
t»gpiim, & qwBtor ^m n t i v mK mdiammr^ 

j 

Definido L 

NuBieri litceris praefixi dicnntur CoificifMin earundem litterantm « 
Sfer.qttiJntiuBni 4 a > sdkjSM, «mibi^T ? ^f MdMsnfeennpeUamur. 

Lium ^feit guantinucs , qusB niiUna;^Jbabcnc coeficicntcm , fcuip V^ 
per intclli^ntur prcfixam habcre unitatem • tTt a idem figniHcac ac 
Ya. m Idfem valct ac im« arbic idem eft ac iabx« .<' 

* rC • ' . ' , «. 

'D^oittO IL 

<^a^cicattss dfvfdunciir i« fo/kivMs, fbf wffihulivdt\ ic-JteigtivoJt, ^ 
fei) frivMfiviij.Vt argcncam , quod' p6flidemus , dicicur quahcitopo^ 
liiiva; fc4 «s^lienum, negactva quancicas at>pelfacur. ' 
"^ A7gebfl<^2 i^uamitatcs pofitivfts nihilo majores efle didmt , ft ne- 
^atfvai nITkiio'itilinbreS; nam o, fcu ^ihilum iquancftatibus additufff, 
cas nec auget^ nec nriinuit; uhdc qaidquid aliciqus ^antitatis rato^ 
tcm augere poteft» dicendum cft nihilQ majos; quod vero quamita- 
tcm minuit, nihilo minus# Qioniam vero ^quantttas affirmaciva alte- 
ri addita ejus valorem auget, & viciffim negatija minuic ^ iccirco 
quantitas poficiva cric/ nihito major, & negativa nihilo minor* 

Csecerum qnancitatcs poficivas^ vel negacivae dicnncnr in ordine ad 
alias j qoas augenc , vel minuunt , non autem in fe fpe^taB ; omnis 
cnim quantius in fe fpcftata pofitiva cfi^ fcu iiihilo uaajor. 


t. 


^ 


». 


to. 


XI. 


IV 


. }4 ELEMENTORUM ALGfiBRiE. 

Qi«ntitatt& poficivs indicanoir hoc fig^io -i« y 9104 dicitur p&i* ( 
^piMtitate» v«ra0egsRifai hoc ilgno ^«iieft i»mff/«affibtinoir;.!hofl^ 
vero di&riminc^ ut quanncates illz , quz nallum fignum praefixnm 
hahent^ femper inttlfigattur habeee fignftn rf^i grDin^ua pofitivas 
tfft; quahtuati&us autem negativis fempcr prafigaturfignunP— . Ut8 
idcm fignificai ac «t« |^a idem valet«ac i^i a > &^ Cum vero nu^ 
nocrus S quantitatcm negativam iignificatj perpetuo firribattir — 8 . 
Itcm fi qu»ntitates 7 , j., a , m freriBt ncgativas , hac ratione fcri- 
bcnd« ecunf — 7$—^5p — a, — m. ^ . ^ 

M muUiplicandas inter fis^quantit^tcs aliquando utimur ho« »• 
1^0 )<» q)iod multiplica^ionis ugnum. dl^itur^ Ut fi qjMncitas a tnul» 
lipjitanda, fit per quantitatem x ^ proi^uAum exprimi poteft iesibafS 
aXx; quod I^itur fi mukipUcatuai tp Simtlitcr } X 4 i4cfn, fijgoifi^ 
pit ac J2j rroduaum ncmpe cx 3 ^«* 4* • /' 

. Sigao;=> idcft.ajq»ale, utimur ad comparandasduas «quarcs quan- 
titatcs.. & appcllatiir figaum iqualitaas , fcu awi»atu>ms. ComparaciQ 
enim duafum quantitatunv ^qualium, feu qufdcm iraloris, vQcatur^- 
auath. Si cxempU ca»ffa daai quantitatps * & m figmficcnt duas x^ 

qhalcs qoantitttes, iA kTptftacnd^ *^^T^^^^^ ^lS^ 
fcribatur a = m, ideft a «qaalis m. 1»».» -h 4 ^^J^J^^ 

ilgnificat' valorcm qii«ntit«is- z fcflKr 7r . ! . _ ^;^u. ^ 

Quantitas pofita antc fignum =1 4i(«liir pnai» pars m^i(mu»fic 

quantiws^qu» fcribitur poft fignum^ fecunda acquatioms pars ap- 

f^^^^^^- pifinitioIIL 

• ^. r ' • ■ . 

Qaantftt»^ qw figms -H, A •^^- iioii fimt oonnewi^ *«mme 
Mnpliar^ monomi^^ vel incomplexie ,ttt n^ — b, acx,'-j- , ftc. 
' Contra vcro quamitatcs Cgnis ^, &: — ' fimul connexar, appcllaiw 
nir eompojit^, pofynomidf, vcl complexa , ut a -f- C , ^T"^' a"^ '^ 
— x,&:c. Atquc quantitatcsiUa, quar duobus terminis conltant » 
hinomie. appcllantW;, ut a-J-b, c — m, ^q. fi tribiji tcfipttiis , <r#. 
nomi^, fi quatuor tcrminb, f «^w»ow-«? vocantur; & ffc ^nccps , 

Primo quantitatiim comppfitarHm tcrmino nuHum pr»n§?tur li- 
anum , mindp cft .quantitas pofitiva ^ fed prjpfixum intciligitur 11- 
SS^^^Si? ^~1b idcm fgnificat ac i^ a -B j J -h J.idem 
€ftac.iijfl»**^ 


/ 




pRO- 



PROBLEMA PR1MUJ4. ^ ' 

- * 

jfflihmcMf ptsfttiidief in u»m'Jiimmm cmigfrei '^ 

. Kdbluue. . 

iWdirio caianritatum Alph^t Httcris cxpreffimnn cfcrinettff (hti j* 

. ■ 1 ^ ^ • j^^^.^ .^A «!;«•«« MM 4&.J. ^^Mik«« ^ 

Onidc . , ,,, , , 

Itcm qnuiriutucn 4a*, cx, — Vja™ (unima crit 4^jir^Xx^^ 

«^ 5 8ini* ^ •/.' ^-r 

Simiiitcr conipofitartim ^jkmoMomk «• -»• .. u 

a4*i-Hjr^ /c — m^jr«>h24rc-*-«teftiacikai4*^4ftB^}c— iia 

•^«•♦•iac — z 

PROBt£MA SBCUMOUM. 
Compqfitar ftumtit^r sdfim^ieiortf expHffimmr niufiift. 

Rcfolutio » 

* 

IMmo cM la «adeiii finmia eaieni i iaamim Ua Aripor fanrou» 
mo icmef ^no •(•; Ifc teel "fiino 
ifcm i^uantttii • .--**' 

Sc H-a— nr-, ^ f"^ y , 4-« 7«» *-*• Tmm midl 0§ni£gmm:i fr 
pa ctttm m^m, Sc — ccmtraria funtj 8c qood a figno «t» affinnaair:^ 
idcm a figno — n^tnr. Unde fimuna^n^^Sbi^ft^-c •4»x^^4C 
ledudtnr ad fimpltciofcm czpreffiOncm 
4a — }b «t* X, qnia termini 
H» 4c> & — 4c fe invicem dcAmMr. 

Iscm qaantitaa compofita 
4a"TJb4»cx-t»}b4* ac-^cx • ^ t — - . 
reducicur ad finpliciorcm 
4a«f»2c> quia tcrmini 

— 3 b -h ? b> & -h cx — cx te €c taKxcao dcfirtent» 

Sccutidt> ii in eadem fttmma inveninntiir qoinwito» <30cni liticrif t$» 
cxpreffie, tc eodem figno ^, yel --^ affeOrt tunc iii unam fwBwnBm 
^Hgantar ipfanmi «^cficientcsy 8e fmnmm pnbponacnr id^ i^mmi^ 
flt poS coefieiendtim fuminMi «Ntam qfnmcitaa ftmet fiBvibacue • 

- 'Wepro fimimt :-.•'•!.' 
'5^«*t»4«'fi*ltat4ir^>»tft- ' ./. .. 

"9rm qiifiiiKas 
23 W» 6 «K 2:a 4* 4b 4« 7a ad fimpliciofef cerattfloa na&tfla eipri* 
numr per 




1« ^LEMrESTOKUM Ai-Ui:iJ JlA. 

SimiUtcr qnaiithas 
'41 — }b «Ha — 4b rediicitiir ad fimplicioreni eqirefSotieni 
jn _ 7b| atque ita Je rdiqu». ^ ''** ; '\ : - - ■■ 
^fim Ttxao,9 cum autena quaoticates iifdetn litteris expreflae figna ha* 
bent diverfiij fie incquales co^ficientet^ tunc minor coeficicns a ma* 
J0ri iiibducatur^ & jefiduo pratponatur ligauay majoris. 
' • ^ Qpapropter fiimipa 

»ab*H4b — yab — pb, fnbduiSo coeficiente y c* zl^ & 4 « 9> 
muc l>9W9 ^J^ *^ ^^^^ primum. refiduuin 7^ & figno ~ antc t^ 
fiduum %j eadon fumma bxevius exptlmetUr^pci'' ' ' - ' , .1 . J 

Eadem ratitfne qiantitaa 

4a^**-3c — 4b— a-t-Sb redwitw^A , .i.rn 

J»^3P«*»44>t & fic de c«eris. ...,;. ..,>:.. 

PROBLEMA X-S R T I U M. 

. » • " • > ^* * » ■» • . » r .' 

.Algtbtmcdt qumtitat^ fubttame . 
Refblucio» 

J7. Scribatur iii primis quantitas major Cea nempe , a qoa altcra fijfr* 

: ttfbenaa eE > cum oranibiifr fiw fignis 4-, &-*-t, rfwftea ei aiton- 

MUB t|Basmcaa.iU)CralMd»^ M mutatia iMttni^u^ cjuir Qgi^s. i: ^» 

H» in ---, & — in H-j atque balebitur ausefitnm rcfiduiH»ff:rPW^ 

«mhendo.c oc a, j^ft «h ^x-h a.^.rpfid4iua% %sk,^^T^ «^;»"* 

^ i Itemc fiAtcaheado r^ m ex ««^ :) 

refiduum erit a H* m. 

Similiter ex quanciuce : • ^ . > - 

ja -♦• xb — c fubcrahendo.qpuMMltatcm. , t. . - ::- . ,♦ - 
«I — J X «t* 2j difierencia, firu refiduumi.ed^ ^ . ^ . ? . •. ;< .1 
Ja-h^b^ — 6 — m«t»3X -tt jZ-^ ;» t ■ - ■ . •-»* / — 1 ; - > ^-^ 

Demonfiratio» . . * ."..^ ,.c-^ ,. 

jtt^ • Iir omnifebirt®oiiediffereorii, fegj^fidu^^ ^^" 

.cit qnancitati fabduccndjej ut adaBqqe^ quantitatern.infnttcn4ami a4j99r 
,futt fumma refidni cum qu^i^ce ix^s£\A xt^m^ ^^ 
dam, qMftnritaiCcqii^ «qMl, fiifeKtjiaic^jw perfciend^; to jtipdQ^^ «o, %- 
ftura cfl in numero ancccedcnci, fi in unum colIigM^tut xcMdgnm > 
& quamicaa fiibtraAa^ femper reftiniecur quaii4^ .rni«|u«p4^ '^«^SP 
fubtraaio quancicacuoi fieri debec addendo quancicati i«»ijcpdfftiij»an- 
-ikacflf fii^l^jl^fytt ^ variacis oanibus ejus.:fignisp. . j^ .«, ; .^. 1 :: 
Sic i» antcccdcnti ttltima fubcrafllone, fi refiduum xnvei|9va;i. 


LIBBR PRIMUS. 

|a M« ^h — c — m 4» ix-^zacUaoir qaaadi;m & k mUtm 

^a H^^fc-— ^c^m-t^jx — 2«^in^ 5x.*-«> fa« ad fii»* 
plidof^ tcnninos r^dnaa ( 14. % reftituit qoantitatcm miMKialaia 
ja •♦■ 2b ~ cj *► 

& fic de orteris. 

? R p B L.B M A Q U A R T U M. 

• • • . . • 

PrioHy cum gaandtatei omnes (6^) Etit vel pofici^» j lel negati- 

rst j-ftodnOa j qu^ itx ip&nm qnuMJtactim mtiltiplicacione oriuntar ^ 

•cttam pofiriTa , veL «^gati^ ^gam i fpareqiirnttr multiplicanda in prii> 

«mia fbm figha datis qoaMtcarihis. pmfUii > .tit infcntatur fignttm pro> 

^uAo qu a fiio fe gp oiiePdiMn i qood feqHcn^iiw r^iitis faciUime obtinetor. 

» • ' * . 

• ••• • «■•— « . ,. 

Rej^ula h . 

JBadem ^na incer fe multiplicaca finper dant 4* in produAoi ni- 
niiiiim cam malriplicatur h* in H*> vel — in — ^ fismper in produ- 
Yto ponatiir «H. NaoA muteipKdve^H^ sn ^ cA pooesc. paficiviMli , 
crgo -eft aflbmare* MaltipHcaire — in ^ eft negare quamiutem n«- 
gativaro; ^o sdeaa eft ac caAdem ponercj fiMi.affirmaresrdim caioi 
ncgsui^oncs affirmanr. ^ - . 


f « 


« -^ •• 


- Regttla II. 

Signa contraria inter fe mqltiplicau dant prodnanm ntguirwui^^ 11. 
'iKKf tft cum mrfti^teicur ^H in -**^, Ycl — 'in h*> produftumfcin- 

^ £tenim mulcipl]t»re -♦* in -^ eft ponere negstifam j fcd negati* 
>Bm ponere» feu affirmare, ideni eft ac negare poGtlvomj etgo mnl- 
' tiplfcando qnantitatem pofitiram in quantitatem negatiyam , prodih> 

ftum eric negattrum. ' ... 

^ Multiplicare — in -H» eft negare pofitlvum ; ergo idera cfl acne» 
"gativum pofn-rtr tonfb^uefitarc^antittsikgari^ in pofltivam multi* 

plicata dat produftum negativum. .1:1!-- ' " • ^ ' 

Secundo £ifta fignorum n^u}tiplicatiope pptta praccedentcs regnlas / ax. 

u litterales qnantitaces przfiitds nabetit "nut^ros coeficienccs (" 4* ) 9 

tunc mulcipliccntur intcr fe iidem numeri cocfifiemcs , ut in yulga* 

ri Aritlhnetica . '•' 

' Tccjio* tandem iqnantitimjm Hcteralium mukipIiGatib fit pcr fimpfi- ^i. 

*' ■"' ■ - cem 


Sinttlitcr qoaiititas 
'4a — ) b «Ha — 4.{> rcducicur ad fimpliciortm diMlfiotiem 
5t — 7bratquc ita dc rdiquis. 
i^ Tcrtio.> cum autcm quantiutes^ iifdctn littcris cxprcflSe figna bt« 
bcnc dirm^, 8c imequalcs coeficicntetj tunc minor cocficicns a ma* 
. ^ fori fiibdttcatur^ & xcGduo pnrpon^tur figoupi majoris. 
^ Qpaproptcr fimima 
xiab*H4b — l^h — 9l>^ fnbdudo cocficicnte 5 oc 11, 8c 4 txt^ 

BW t^nSo figno H* sintc primum, rcfiduum 7^ 6l: figno ~ ancc r»» 
uiffli 5^ cadcm fiimma brcvius depr|aictur'pci'' ' ^' ^ 

9-air— J^b'. •■ * ^ .- ; -i. ' .. '.V , ■ i .£. . r::. -;) r- ; 

Eadcm ratidkie qiamicas 

4af*-3c — 4b— a «t-Sb rcdMicnradl .; .ini 

9««h}c«^4^; & fic dc caDCeris. .^ . . . 


PROBLEMA T^RTIUM. 
•/Hieifslcar qumtitat^f fubtramre . 

Rciblucio . 


17« Scribatur iii primis quanticas major C ca ncmpe > a qoa altcra fub* 
tnbeiMU cft > cum ocmiifaiia fiw fifimia ^, & -^ « rpo^oa ci aijiiin- 
ptm qnamiaaf^iHbcrahcsid»^ M iPMCacia omni^u^ cJMf .Qg9^< *u^^^^ 
H» in — , j& — in H- j «qnc baScbitnr cHnefitnm rcfiduM»t:rtI\Cib- 
tmhcndo.c cx a, i^ft «H o-cirr«f« a^r^fiauuai eat,«^.a.7-T c.tdcll 

V iltcmc (iibroihcBdo r^ m yt; t» .1 

rcfiduum crit a H* m. 

Similitcr cx quanticatc r - • ' 

ja -♦• 2b — c rubtrahcndo.qwMltetcm. . m. . - .: ^ ». - 
m — J X -♦■ 2> diflfercntia, firu rcfiduumi.cmr r . , < n •. . ,. ,.: 
3a4!»2b' — 6 — m«t»3x -r» jZ^ ^ t .... ••:.*•/.— : p - . k 


Dcmonfiratio. . . * .':.:^ .,c — ., 
/..-'.. "'1 ' . - *•••'.. ,»- . • 

^r» * Iir omifi fiibm6&Hic dififocoo^^ fegj^fiduiimi^ftJd.» 91^ ^^** 
.cic qnantitaci fnbduccndie» uc tdxqqc^ quantkacernfnfnucM^n^; ,.^99* 
^ fiimma refidni cim qiMWMliwtc fuMufta . rciljtncpe ,dfbtt..na4ffW3' 
dam, q y imri itf r q>;> ftqN», fiiblflAtc#MP j^cicndd co «ipdQ;, wo^ $- 
Aura cft in numcro antcccdcnti, fi in unum colIigMKuc f^^dj^pm > 
8c quamitas^ fiibcniaa^ feoipcr reftituctur quao^^ .piinuf|ida. '^jqi^p 
fubcraAio quanticatum ficri dcbct addendo^ quantitati ■oMnyepdif^iiluin^ 
-ticatcm.fiito^c^diia»^ ?ariatis oimiib«s. c|us> figni^ , ^ .11 ; ^ i ^ 
Sk in antcccdenti ultlma fubtra^oncj fi rcfidiium Inveii9init. 


LIS.£R FRIJ4US. » 

pliciorc^ ccrminos r^duAa ( 14. )> reftituic qaancicatem nuMepdaoi 
ga •+■ ^fc ~ cj *-" . ' 

& iic 4c c?ceris. 

FROBL.BMA QUARTDM. 

• - 1 ^ Refpliitto I.- • , 
*•••••. , . • . ' . 

Prima cum qoandtates omnes (6.) finc vel pofici^» j ipel aegatU 
T9>'prbiliiia8rj quf Irx ii^fiirom qMUilicactimmiiksplicacionc oriuncor ^ 
'Ctiam< pofirifa » veL i^gauva iqiMt ;; fpnfoqiimccr mulciplicanda in prii- 
tinia fiim fijpia dacis.qmKisacibus piiifua>.uc in^eniacur fignuoi pro 
^uAoqaafisofnrpoboidiHn:. qaodftqHcn^ibMsrcgttUsfaciliimeobtinccar. 

Rej^ula I. . 

JEadem figna inter fc muldplicaca finper danc 4* in produAOi ni- 

iDirnm cum mulcipifcacur h* in «h^ vel — in — > fiunper in produ- 

nOo ponaciir «t^. Nam mnlcipHcsare^H^ sn ^ cA pooesc. ptficiviMD > 

ergo •eft afBrmarc* Molciplsare — ih ^ cil; ncgare.qu^mciucemnc- 

-gacivam; ^o ideaacft ac candem poacrr> fiMi.affirmarb:;^ caiqn 

ilcgi6kMi^ affirmaitr*. . j . . - . : r .- 


■ » 


i t 


Regttla Ili 


Signa contraria inter fc mi)1ciplicau daoc prodnOum AegadnRtf*^ ti. 
htxi eftcom m«flti]^cacqr ^H in -^/^d — 'i» »»4, t>irodaftumfbm* 
'j^er erit:.— •. cv • . . f - 

" Epeniih miiltfplfcire -K in — cft ponerc negactfam ; IW negatt^ 
>Bm po0ert> ftu affirtnare, idcni eft ac negare poCcivmn; etgo mal- 
riplicaftdo qoaintitatcm pofitiram In quanticaeem negaciyam ^ pfodii» 
oum erjr negacxvum. * -• . - 

Mulciplicarc — in -h efl negare poficivum ; ergo idera eft acne» 
^gativum ponertr iidnfi?q^eftt«rqi5^^ iir poficiv«kii malci« 

plicata dac produ£luni negativum. . ii: ) ^ w^ r - . ^ .> 

Secnndo fafta fignorum n^ujciplicatione mm pracedences regulas , 
fi Utteralcs quanticaccs przfijtds habeht ^riSrros cocficiences C 4. ) , 
cunc multipnccntur inter fe iidcm numcri cocficicntcs , uc in vulga- 
rf Aritfcncrfca . • ' "" • - 

* l^itio tandem tjoantitimjm 'tttcralium mukiplicacio fit per fimpH-. 


1« • * 


a7. 


ELEMBHTDAUM.AhCEnR^. 

cem li mfjinii cMfnAiofioB.j tiitdo inee|pofiro iigQO, vd CBtiItU>ii* 
cationts tantum figno X interpofito. 
t^ Qpapropter muTtipIicando a per ro^ feu (5^ 7«) H" 'a pcrf^< oi^ 
pMiluftnm crit «t* <amj fire Mi.^ ^od efiUm hac tadonc li^ica-- 

Item multiplicando am per c ^ produ^m erit amc» ?«1 jifmi 
aihil enim refertj quo ordine fcribantur litterat. 

Similiter abcmx^ vel a X b X c, X m X x ^ vel abc X mx ^ 
&c; figqificat produftum ex a in b^ In e^ in m^ ia x. 

Eadem j-atione mulciplicando — 3 a per 5 b > ideft per -H 5 b » 
produAumerit — rytb; flaro «^ in ^i^a «bc *^tax.)* 3 in5 pro- 
ducit 15 ra20> & a in b dat ab (ajO- 

Eodem modo — 4c in -^ jm |tobAucit 4« z 2cm . 

Item multipiicando cm ^ fieu «h^ icm per — 7m Xj produAum 
Wt — 7c m mr. 
^ar» Ponamus quantitacem a fignifionpe mimerom ^ > fc ^Hmtttatetn & 
«xprimere numerttm 4 , tc qatmicUMvc nttmettim % ;. pMaimis tmamm 
'pe a rr ^^ b =:: 4^>c =: a$ tunc pm itt dhwi ^ab^fiBmtebk ifX4 9 
ideft 14> & rrod«aini ab^, fcvtb X c faatcibk anmciami 6.K 4 
X V fivv 24 X 2, ideft 4^ ; quantitas vero sabc fij(nificabic nu« 
memm $ X 48 > (ciUcet 24il . ' 

iMUHtio 21. 

• I 

2S^ Sl fEiMtat «otipkia < la;» > imdtiplicalidii fic-ptr.qiiaiitkaftm fim- 
Tincm ( «o» ); tune fc^atmr fireplex qittntitaafub frMD cmpofts 
*qMmtit«aa'Gfi«nino ,.A dmBm infiBiua liaca « . QMritflplioetur fuviplex 
quantius in fingulos terminoa quanticatis compofiM:^ H finifiK* iacir 
piendo^ & verfus dexteram progrediendo ; produAa vero peculiaria 
infrs lineam ponantur cum ikb fignU -h 3 & — > diligenter obfer* 
vanda regulas omnea in pntcedentibus numeris 20 ^ 21 > 22 ^ aj ^ 

cBc» ttVwisas * 
Sk mm^ » ^ »i> -^ ^ «Itiplianaa >»*»•; PcOita m ifi 

primo terminb ^, 8c fubduda lineola > muhiplic^ m in a > & pro* 
^bAim »«A :iiifi:<^ Uwafn jpooQ;; foftea iixi4U.ipUcqr'm *in «f» zb ^Sc 
prodndum «4» 2 1> m primo proidiiQa n m adjungo; cgndem.muldplii- 
.flO «F iiT — c > & psQimQjgits^-r^ ^m fcribo tcriio loco infi» fi* , 
neamf a&oque produdnm ex. a «f» 2b^ — c in.m erit amvh^bm 

. SbyiiUMr «Mbi^nqfltndo 3^3 *-^ 4ic; «^^m jper itf ^^ omt^ftuin&m 
92 c - — X2CC -h j c m ., ,./'.,/,• 


'►v. 


» I. 

Jtefoluitio X I L. 


Cm» autem coroplexk qnancicas per aliam compoficam xfiaadww 
naoIaf>U^anAi ;cft » cum atia infc^ ^ifffxa UfSapwf Jm^ ifi^i»t$ , 


IrlBarR PK t*MDS. i9 

ft inCnifB iaSk Kflc» , finguli «craiini| inferioris wattlttis iMliir 
pHeemQr in fivgalot Btrrakios^ altfrio» qttanumis > Ik £imttb ptM« 
If aria pradnOa ponaociir tnfra lineani almi ddncepsi poft aHii4 cimi 
Ma figms ^^^ & — f 8c habebttur pracfaAna^ qnalSMa. i 

Moiciplicanda iic qidncitas a-hbperc«t«x; ])ofita ^aortMt 
c «h z infra quancicaceoi a,4* b > 4k fidldafla linea , nmkiplico in 

produdum ( 2<. ) ac «t* be infra li* 


primis a «t« b per c^ & pono , , , . 

aeam. Poftea mokt|Aico eaipdem qpnmitaiem a.«t» ^ per «t ^ aiUo 
produ&um «^ ax «^ bx produfto jam invcnio ac «H bc; ergo pro« 
duftnm s qnod oritar miilciplieando ^ «t* b per 6 «t* ac crk mq ^ 
bc -V^ ax ■♦•bx^ 

'EAdeiQ ratione «Mdtiflieaiife 

5 si ■♦• ib — <x t«» 

4 a — c 9 jnveniccor juioduAiMi 

xj aa ^ *a6 —4 acjc — jac — abc -+• <««• 

/rem mnlciplicaikio 
aoa — 3c^4Per 
y 4* H- ^ > cfccinctur prodaftom 

abm — 3bc -h 4b — 4*Aai ^ laac — «*a^ aam — 

Scbolion J. 

CmpofitmiaiqoamitatiuBnHdciplicacioali^uaadoetia^ per if. 

^gm m rooltiplicat ionts, jujh iupraomkiplicafgca conyoficos lioea^ 

Sca.-t«c — -x ^ b — im 
indicat piodoAum rt quandcacc ' 
* ■*• ^ ZZJf^ qp w isa p ftii b» ~ cn « . 

Item 4a~H* "^ a^nT X ^ ^ 
fignificac prodaAum 
4ac -r1>c — acm/T ' 
quo& orkar xBi)EiltipUcMeR> 
4» •H.fc — am per c- 

SdioliaiQ IL 

Praterea com mole&um Gt eandem licceram plories iterare» proin* Mf. 
dcquc^ iioati in Additlone <i;0 Tummi a -t» « *ievius ^zprtmitur 
Per aa , & fnmma b •«• b H* i> pcr jb^ &c ; ica in qiiantitatum 
mnkjpltcattone produdlum aa defignacur per a^> produftom aaa pcr 
a' . Similicer b^ figni£cat prodoflum ex b in b in b in b » -loqae 
au de reliquis^. 

Hi nomeri fj dexteram^ & paullo fupra liccerac pofiti dicontorfiib 30. 
«w 3 five Exp^niet eariindcm quanncatufn , qoia indicam ftoim^ 

^^ ^ ^U^m ^ncitatibus per femeciplas femd > tel.4iis ^ Tel pbi^ 
nes iniiir^fflfbatii* ^ - *i . . .. « . 

Qoantitaces , qux onilom iiabenc exponcntem j <fctnper taidligaiiP iu 

cur 


♦♦ ELEMEKTOIEUiM; Al-6««R^.v 

oir habere tmifac^ . Sic a figsnificat a* , w /dMnvaldC a^ cci* >;^«^ 
}2. ^^ndoiqiiancitaccs hiier (e multiplicandar lUidefn licterU expriii)i|f|J. 
Ctir j cunc fiiAnl addantar expoDcnces , & babebitiir earundem quand« 
tacum produ^hifla, Sic qomticas a' mttlcipiiGanda per a^^ pro^iftum 

'•• ' • '^ ''• Deraqnftratio i • 




Kam a» figniildrt produaiM aaa < i;. ) ^ as ai^ fignificat.a a r 
fed quantitas a^ multiplieatsi pe^ aa iit produaum aaaaa ^ quod 
Ci^. ) breviu^ exprimitur^^r a' $ Brgb multipiicandoa^ pcr a' ^ 
produ^m erit a^ : confequenter fiimma exponentium indicac piodii^ 
£ium quantiutum^ qu« iifilem liueris Mprinmnciir • ^ 

Iwqac multiplicando b* pcr b' j produftum erit t^ 5* muItipK^ 
cando a, fi:u a" (ji.) pcr a^ , produdiim ertt a' « . 

Itcm multipIicandoM^ ' bl pcr a^rb',^ produfium. e/ic.a^; b-* . 

Simiiicer quantitas 4a b' x multipficata per j^a^ b^m jdac pro^ 
diidum zz a' b" mx. 

v^apropcer cum quancicaces inter fi; muIUplicandas jam (tifit j>rodn« 
Qa plurivm quantitaciim , tnnc cancummodo incer ie add.iricur cacpgr 
henccs quantttadim iifdem l^tcerts exf>«efl[ariim • <- ^ --U — f^ ''> 

Sic mulciplicando sl^ c* & a^ bx' per ac^ , produflun^^eri» a^j 
b c^ z ' $ atque ita de reliquis « 
If, Hic fedulo nocctur magnum interefie difcrimen inter quanticacem 
habencem quemlibec numerum coeficiencem » Sc- inter eandem quanri- 
tem qua? eundem nunierum pro expQtiente habeat . Sic multum iqtcr 
fe difFerunt 2a^& a^^ ja^& a'^ &c: etcnim ponamu$»Qi}antiu* 
tem a fignificare numerum s 9 nimir«9|. fiac a zz; s 9 tunc.crvlxttfi^f 
feu a -jP. a= 10, ja = ly, ♦a=:2fi ( n^ 1^)^ (^ a? >-fivc4iSJ^ 
crit = 5 Xy = 25 j a' =aXaXa,:tT^,3t^^ ^I^l^^^I^ 


a* = 625. 

Itcm fi fuerit m = 10 ^ erit jm zz:m>4«niH*ni^ ^^. "^ *? 
4« 10 = 30 . Sed m' = m X m X m, crit = Jro X 10 X x^ 
= 1000 i & fic de cseteris. 

PROBLfi''MA qUINTUM. 






Refolttcib H.V *•- '■ ' * " . • f ' 


34. Pxin^dn .c|liaiipt9tum.d}vifione'» omnino ut in mulciplicatiooe 
X 20, 21. ), eademfigna ponunt -♦-, & diverfa — ; idcft fi divida; 

.c fur *+-|>cr -f, aut — per — , fcipper. qqpticnti p&figatur fiai/rm 
^i ^ jlividendo ^ fcf — ^vel — PSr.:-r. ftna# .^"^'^^^\S,H* 

,j Sccundo coeficientes, fi adHnt, feparatim dlviclafllui: JMxfa fcgu!« 







t I J E It P R I MU $•: 4» 

^Tertio delcunir tx divideado litoem iU«» V» c ontiMnwr In di^- 
^Hfore, & iMbebioir qwCais auotiens. tlc Idiv^endo ab fq: a ~" 
uent cric b^ aam qoocuit b 4P diTiCmoi f tiitllK[ipIi9am f r 
dividendain quandcatem ab« ^ ;, 

£sdeai tadone iividpndo aack.iier ^ ac» ^ioctens ertc ~- aa:; 
€fxiB — * ac Xi — ai( rcfticnic ^rtdi»)dafn quancicacccn aa^it - 

Jleiii dlvideado ijrabflRper jab^ quoci«nf <rif f 0)« quia ym X 

^tftr rafticiik is^sibin^ t " ^ . i . . . i 

Cum aucem omnes divi(bris lictedi nbn bondoencur in divi4endo|^ ^y^ 
tunc qnocient cxprimicur p(r fifi^on^,» cums numeracor lic dividin^ 
da qnancicas . & denominator fic divifor • vJc dividendo a per b » 

^uotien^ cric -j- , &^Tid«iido« pcr^ m , qBaiichttrit'qf! ^ itl -^ >;•• . * f 
^ Item dividendo tf a.qn pq: jlix» qMOciens cric jy'^^ yd ^^ > ^^ 
^ ^^ duia cocficima tf di Wdi poidl /Pfc pMteAct||«n k^Lfi i: 
Stmilicer dividendo acx pcr fnz» qciocietii Wit^^. ^J' ' -ii^ 

Sij eaedem lictcne invcnljrjtiir tam in divircire> qoam hi dfvRlm^ jg^ 
HXque haWnc nuiiicrQS exponentes ( }o; j'; cui^; fobtrabaturexpoiiem 
4tvi|pris'ab cxponente diVidendi, ^ re9duuR|erlttkpomte<)aoclMtit. 

Sic dividM46 m* ptr m» > quouw * cric io* # 

I>emo6(lrtiti(l« 


,. Nam fi po* extefifum fcribancur , m' iquiTalet qaanticati «imfla 
mm^ Sc m' adaequac mciim^ Sc divtdehdo mmmmm per mm», 

quociens ( ^* > eric mm = m' ; crgo edao^^ adxquac m* ; unde 

^ patcc eaeponences dlTtfiMii. Tobtraiwsdo^ : ^flSe. abr. fKpomucij^lis Quaati^* 

tis dividendar^ ut habeacur quaefitus quotiens » . r ^ 

SimiUccr dividendo — a^ per — a'^ quociens.eric-4Ta)^# leiia** 
Item dividendo S»M]^^.o pcr 4a^ ^^-e^vofactoetiH; qiiocicns %h\i 
I qata ib* X 4a» b* c, reftituic 8a> b« c. 

Pracerca quselibec qoancicas per femccipfiittdiyifit.dat pro, q^eii- 

tc nnitaccm^ idcft i; nam qu^libcc qumdras icipfi|m.£:qiclconfiiiicc; 

adeocjue dividendo a pcc a> quosicns eiac.a; oam quocicns i multi* 

^plioitNS p« diviforem a,.»fticuic xiiTidendami.quj^icicaccm zJ' 

^ilefn 41viBtaido fb pori^b^ircl 4AX inr^^^^^^l^a' ^^cr^a^^b» 

quotient fempcr cric z ^ ui pcr ic paccc. , . 


Co(c^ittm« ^ , 

(finc fequicur , quancicacem babemem pro - ^xponeme cifram •/ , 49« 
*9taleme& unkaci. Sic a° fignificac i; naoi-.vDidividatttr^ excoH 
pli caufla^ quancicas a' pcr qoancicaccm a' > jBXca; ffcgulam'^ oradicyii 
t); ]Sj iiibtrahcndus^i^eiipoileils j ^ix^^(c/As a> ab eicponcnce 3 di- 

vjtAlfadi a' ^ atque rcTiduiua 'cric o; qudd pbiicnttiiitt iA pro 


4i ELB*lBllTbllOArALGEHR^. 

lidbie qdMbtttd^ fiieei^e ( 3S. ) divi<l«Rcl& a.' per a* > ^itotteMirife 
i^f at tqiattibiec 4<s>ntitii per fcaKCiKM» iitfiiM-dK pA»qac>eienceimU 
tateta < }fi'') rurtdp-^iVi4etid6 a*- («r ji^^y qaotieas eft i; erfa 

quintitas a** eft xqualis z. •''<> u •' 1 i 

' ^&aeiir^mionti \pntaites \t*,f^^ith'* iOgnifidnt.i».. Iteot a^x** 
i^gnificar' i ; quij?'a*«»«''Metti ^HilSstK tt° Xx? i fiye i/^-.i)., idefl) 1, 

dens erit ab**, fire &■ Xb^> idcft aXi,. <iudd''id«i fignlfieat: m 




4«- 


Wpc fcrMitapciir priinio 4ac« quanticaces^ uc diximus^in Aricnmeacai 
*«;*. I«£t^%;'dcihde*«niiirrt^^^ JWdaa- 

tur per danfan diyUb^^ ot Jv(AMr:eft' fa' i^[tsoMiiHi» »nKriipUs ; x 

Sii quancicasaiviilinAi.. .,..., ;i:, .>,-..« ^r^ .« 
•J^firt^c^riSJx, fit dlKifer 4c a; poGcp dmforc a ad Gaxltram quan* 
^ * i»«lii diWS!»?» ? ^ f^"^* **^fr* iiviforcm lihca , prim6 divldaciir 
tcmiim fi^sH^"^ aj,5&squotichs b fcribatur infra dmfonsm ; & crit 
primus quocicnci^ 'ccrajipus, Poftca dividaCMr rccufldtfs t^ritaintis ^*^^^ 
pcr a , & quocicns V^. c fcribacur pro - fccundd cjttbttemfa tcf mino : 
tandcm dividacur — a x pct a , ^ quo^cns — x eric ccrcius cermi- 
nus quafici quocicncis ; atqiic crit b H- c — x quoticns , qui oricur 

.^l^idendo <.f^^««™ *> :^,?,!,7: »« P«f 2/ Na^^^ 


c^uscnHt 


^I) «t^ac — ax. . 
Eodcro «ddo divideSWb ' ■ ^ ■' 

»ab -*-'«!t»ro«^^4»Jper ♦a».i«KMttir qfiotka» 


* t S' » 


ab -^ J m -♦- »• • ' 
; Item «fidchda' . . , . • 

2 — jb -f 4X — -.X. 
" ftirt rSftlbhe ff divldaiW 
'^ab'-^bc — ?b *f« fci» p«r — b, 
invcnietur quoticn* ^;ja'H« c ■♦• 3 —* »• - 

Si qiiancicas tlividcildt' icrhiittos babcat^ qui pcr datam dmioreai 
- dividi ncqucahr/^ttti^ co«Am tcnninaniia divifio fitt jptt i«$Aiin 
fraftionis; ut dividcndo •-i ' . . . t, « 

ac — cro •♦■ ab — x per c, 

quotiens crit a — m 4* -7"**^ 7*/ 

'' ^Smilitcr di^eado« . . i.ii.i. v» . . 


-Rapiutip ni." . :t-^H : - 

ro gMitkas complexa pcr idiav QOBiForitam qtt^Qti^itctyi 
ai^iacnaa eft, tunc ad dc«crt» qiuqtttaw 4ivi4^l4* ^ ln^jV)Gi;^[ 
linca^ fcribatur divifor, 4^ idk <od«m dirifoin .dw^tjir. ^Ju.jipU^ 
& opcratia codcm modo pcragaw ^ *o 19 4i««fi<a*c f «ntf VW!P t 

Sxt -'cpantitas diridcfida • • •» - :, , ^., ^-^ ^.. .^j 

ib -^ aro — ax, & dififcr : ,• • •> . , 

JL ^^^^^ flV^ ^H^^ XT • *^ 'i iT ••• ■•f 

^ Pruno^ divi<&t* teiwitoas i«l) ?«? » tenaioqp ii i}iiri(firj^i> i<k 9^9? 
tieiu a ponatur infr^ Uncam fub diviforc; poftca multipliawpijnffi^ 
eos qnotfctts a tn totow Aiviforcm ^r^^—^^^^VfMlfa. ^^ 
^b i^f^^am — ^x fiA«nAiitnr^>liiatKiiKatr iiAVttdkii4^.4oitbcBil9 ^v, 

ah — am-hax infra, vcl poft qiiaatitatam j4ivi<lcP4ain _ . ^ . 

ab -H am -^ ax^ ft ddeui: MmtnJs «qualNm^.fitt^if i»^^ 
^freOb^ reftduitth crie 6; protndeqBc a cft qwMckffs b^a^.divifi<yiil^ 
t4am multiplicando diviforan b -^ m ^..x |rcr qniHifaiciii a^ K> 
ftitdtnr divift ?piantitaa : . :; . . / 

ab ^ am**^'aa . • - j - 


(liOksiAu % obHfictur; fi dlvidatar tMnioNi» aiipfr^ftcmSfni 

tcnmtmra «S^^Wferlf , ircl dt^ilanir mtvAmvm '^^HJf. |wr — XjrT. - 

C^^apcqptcf' > qntndiO ai^ttfoAl ' «iipBifii: jNpir. omiiMptiiiLMM i#tfp9V* 

^cntiBbr feimlrir qttantiMis dMMr^ Ubwlft ift L4i«iftc>M»>n- 

ftiroRr ^ qvmnbet diri<bi^ m um» Sk^',^mt^ 

pctisi fcBpd-^a^ibeitar-y necr unqiaBi miiM»^«ft« i« «id^^lWi^lP 

^qucnti excmplo. - , - .> 

Dividcnda fit quantitas : / , . :i j. ! 

aa — bb •»■ ibp •*- cc ptr a •»■ fc "~^l * ' * *•• i 

tcr{baiituf';iii atne 4iAatn iuit» poftca^iaftitaatur divtfiotpfi;. V^ 
Itbet tcifriimiA^Aviibris; cxempH patia, pcr a, & dividatMr «Nrmi<-^ 
nus aa per a, quotiens (jtf.) crlt a, qui panacur anfixl. iltncam fMb 
^vifcce daaam» & multiplicctur a in •otom divifiMem a -♦•* -^<?» 
& ptbAenrD aa -h ab ~ ac fiAtiaiiamp tx qua^tuaw *¥]Miida> 
ninmnm, mim «gnis^ firrfbatur -* aa -^ ab H^^ac po& , v^ 
infia qaa n tffi He ot^divtle^daii»- o . - ' ] .o . 

aa — bb 4» ibc — cc, habebitur refidunai « a^ •*«- bbi4^«^<?-5 
--^4a '-^ a«-'^:*.ci^ae *Ietls ttoaltiia H*i^ 
Mo^aiqiumiir^psvnMeUe diaidqndajpnoiisaa. r^ hh «t».zi)^:7' ^^ 

1«iqii» .^uantiath Aviaatar termlmiis'^ «b^^ih aflimipw«i» *W- 

~-l> in diviforem a-t-b — c, pibdBihmniut r-^PT 5* "*■••. tt! 
'«fea«#.«k 4itntiate «IMikMll^ iirfw unjtm faifcHa^aM'"" 
-- fcc, habcbitnr refiduu«k fxi w. « 

•njt " F » — D^ 


4i EIEMBNtOJLaM ALG£ERiE. 

•^bB«4»lbc — cc — ab •+■ ac ■4- ab •+■ bb — bc, quod tl 
fimpliciores cenniiios redncatur ( 14^ itf. ) > & remanebit qoaocicas 
diTidcnda b«*^cc>t*acj cojus terminus «f* ac dividatur per a& 
/ liimpciim diviftyris terminum ai qoociens eric "t» c» qui ponacur pro 
certio quociencis terminoi atque idcm c tnolcipUcetiir per diyiforem 
t H" b ^ c^ & prodtt&um ac 4" bc — cc fubcrabatur cx divi« 
dcnida qnanciuce bc — cc H* ac^ refiduum eric * 
bc ~ cc «H ac » ac — • bc«t" cc squalc nihilo, qiiia.bc 8i 
— bc, — cc & «4" cc, •♦• ac & — - ac fe fi: inylcem deftruunct 
«nde quocieqs eric a — b -t* c* 

Si enim onilciplictcur a ^*- b ^ c per. diviforem a «H b' — c ^ 
(froduftom - \ L • 

aa -* ab -hac ^ab —^bbvH bc.n- ac ^ be — *cc ad fimpli- 
cioreft terminos rechiQQm <S4,x5.)>Kftittiet dividendam quanticattsi 
aa — bb -h abc ~ «c» 

^^ Qitando ^oltoi divifor terminos faabec , qiii cque non. continentur 
in rtfpondentibus cerminis qoancicacis dividcndc, cura divifio femper 
iiAituacorper diviforis terminum, aoi pluries , vel falcem integraa 
rices concinecur in dividendx quantitatis cet^iinis. Execnpli cau(& 
Si quantius a' — b' dividenda fit per a* «t» ab.4-;^.^* ^f^^i^c 
rifio- inftititfl potd! Ter a* ^ vel pe^ K> qQ> arque ^ootinet)Cur:'iii 
refpondentibos cerminis a> ^ ft <— ^ b' ^ at neqHaqaam in&ttuacur pcr 
ib; fAmqoam tnitti inveniretur qoc^iem qusiKus 4 — b, 
^^ (>iOd 6iiAa divifioBe^ aliquul» rcmaneat in quancitatcdiiridcndaj 
4iQd dittdi ntqoeat pcr aflompcum diviforis. tesmiaum ; , tum illudre- 
'fidoum ponatov poft inventnm quocicntem cum proprtia («nis -t-» 
& — ^ illi fupponendo totum diyiforcnir 

&it dividenda qoancitas . j /'1 

«a «fi^bbj & divifor fit ' ^ ^ '.■ ;. ... 

'ifP^ b: Dividatur aa pcs.a;j & qoOtietis a multiplicetat in dtirU 

'forem a*-» by 8c pooduNftum aa — - «b fubcrabaiur qc^quanckatc di» 

videnda ^ -rcfidoom cric . < 

aa -t» b*^-aa-h ab> ideft 

bb «K ab {^;:> • Atque bojos rcfidtti divid^tur cernjioos "t^.^b V^ 

«ofliioipcooi div^rcm »> erit qooikes I» ^ gui. dooQw, in divjforem 

a — b^ & prodoAom ab — bb iiibdufWiir tx, quamicacc diviileoda 

^l^br«tfii4^ftfiduuni^crit:' .' / — 

-^bH^ab •*— ab ^h bky idc^ :»bb ( 14, ,X]f#k^ > quod: divJdiocquU 

pcr airrtnpciim diviferi» tcmsiiiuoi a^ ideoqnc m qoocicmcj^a-lPib 

-felbaeor ''^TTi critigiciiriuijttsdivifionisqoocicma«t-b4* ~"IZI^ 

.. . Cojufvis divifionis oiidctens aliqoando per fradnra tndicacor, cojna 
Imftoeratdr fic dividenda qaancitas^ & denomiilacor fit divifori 

ft^ i < ' ■ j«n . tadNSML XftMMMm A^ qHl iVlWi #»!• 

a ^» -^* m 

* den* 


dctido ac 4» bc — cm ^er t •♦• b — ^ m . & ka de reUqDisj 
Simtlitcr cum nufliu dlvidendx qoandtadt termiiiiis diridi poteft 
in imesrU per oultam divi&ri* temtnpm, Bfif.caap) wodeni c^ 
«Hminir pcr G»aam , cojas nmiieinar fit dmdenda qttanclttt , « 
dcnaoriiMwr fic dinfor; at diridendo ab •(* aa per in ~ x» tfio- 

. ab>^>a 
nenf ent ■ — ~ — , 

pheterea quantltacora compofitamra dLvilio aliquando etiam expri- 
' Bkiic inclddeDdo dividendnmj fi{ dinfbccm parauhe(i> 8e iatcr Hv 

km appoowtdo duo ptiq£ta i ut ■ ■ .^ 

(:^^b) : (c — x) ii^Ctt qn(^ientera r:r^» 

l^a^B X»> T^!» ■! i «tt , Uei^. fiftpii^ ,K .-- . 

S mtcnr Hiter duas qaandam paaaiAtS inchi&t ncAr vppovaom 
Jao ptioAa, ninc indicaDitw eanindem quantitatum produAum. 

Sic Ca H- c } ( b — m ) exprfmtt -produflum 
ab ^ bc — am — cm , qjiod orinjt multipUcando » ^ c j>er 
b — m. * ■ - '■■■■'■■ ;■■■- '' ■ - '^ 

•' Sniaiter"(T— C «4« x) m> defignat' proJiittaiip am •;-- dro 
•h mx ex a*— c«t- x In m. . ■ - r ■ -■ ., ■ ..m,^ 

• :. H>r. ■ hi , [-'!■ . .U,r-» 


■£t^'" 


4> -!. .1 

ELBMENTORUM ALGEBRiB 

;. L t B K It S E C U N D U S, 

p E F I N I T I 6. " ■ 

X do quamicuctn dividendam fnpra Itnccthun , Sc di^Ajren. inM 

eandem lineam, nc aiitlst'dlxiiEUS3.app4;llac^ fr«Wa. . . ,^ 

Sic diridepdo: a.pec x^ quDcieiu, cft ^, qui fraOio Micltur ; Si 
quandtas a-Iupra lineahi pofiu TOcaftir flmnrrttor JrMStiaift; qurtti-' 
4M- Wft K ^ca. lipaua. Sedfft^ Demo m i H^t Pr /ri$^onu dicicMr . 

jl* QMe^Jetn func aqoalu ,& inter fe «qualia funt.' 

f;.$it ti-Tr.4,=?^*»& ij — 7 — ?» erit cuamiiT-^^: «5,— '7- 

Similiter & fucHt » — mySc h = t», «it {tjtricer z — b, r. ^ 

Pnicerea quod uno zqualium roajus „ vel minus c& , etiam reliqii» 
cqualiuin inaius ^ veL minu» eric. 

Sic fi. erit a. =: Cy & alia- quancitas b' Ct major quandtatis a, etit 
cdaai b major c. 

£t il li erit minot qaaiidtatit- a^ erit quoque b minocqnanciuusc. 


S£ sqaanbu! > gift-di^». fiioc xqnalia. 

Sic8 — j rit «uaitt'»^ — 3-^4=^ 

SiiMlitec a =^K, encTttiim a •*• m =( 

Item fit a = b> & -jj*— mrtnffle caiiui quaridta$c> aeca-^e 
= 1) -t»c» ^-■. ,- 

Axionia' 11 L 

Si ab zqualibuff xqualla; iaaa, qpar temanent fiiat squatix . 
Ponamus dTe » = b> & c = m> erit etJam a — c — i> — nu 
Ixaa fit ft =: x> fi uciinque aufvatuc cadenk quandtas m , net 
■— m=x— m- 


Si qimiitatef zquale* mnlcipltceBtur per taaiffa^ vet per sqnale» 
qiHUtitaic», jprodu^ts cnuit zqualia; 


Sic (9.) «qnati^ 5 — ^ =: | , & utraiquc aeqii4(ioms pars mul- 
tiplicecur per 4^ «t iioTa 'ssquttio %o — '• :£= -lar»' - 

Similiter data aequatione a = c ^ tnultiplicaiido «quales quantica* 
tes a & c per eandem quanticsMn' m »1 fiet noyasequatio dm;=:cm. 

Irem ii iiabeamus a=Xj&c = m« roultiplicando aquales 
f|Miic)Qri|s :^ tt*^ pcrv«^akr« tc m /pie^diiAt aa v>^ flsk^ipiife* ^ 
cciam aequalia inter*ftr>ciit fleoapc ac ss m%A 

/ Axiaoia V. 

St «ituintitates «qnales diyidantur fer^dem ^ vel pehflBqaater ^w» 5^« 
titaccs, quociemes eruttt paricer «quales^ incer fe* 
Sic 15 — 9 :^ 6 3 dividendo totam ^flbquationem per 3 ^ temanebic 

V ~i = +,ideft5 — 3=:^^ 

' Siintlicer iRHdatSd lequactmem M''i-3Z € tik fa ic ^ i!tmaii&it 

A^ CBI • • . 

— = — , mipiipn) a = m^ 

£adrai ncioiie ii fiicru»t:a ;= fc » 9t c r^ai^ dwdtadoprjmm 
rSBq^oaea» per &avidam^ ficc AOfa «gua^o ^ ^ ^4 4ifi4mtMr4|. 

• Axidiwr VL " - 

t^OKfitet qaaiidcasapprilari potjeft ^^h^^^^x^Yd am^ ibc^oi» T7« 
▼€i -j-i ^, vel b •♦• c , vel m — a, &c, 

Qpaprc^ter quaclibet data quantltas a £eri :poteft .laequalis ^roduAo t'» 
i^ ^ ?el mx j vcl fradioni ^ ^^ .Sic tiuaicrus^ exempli caulOra , ^ 
-cft^ «gnalis ^produao x^ i - rcl ^o^ J , vel ly X i^ ^c ^ fiie 
<ft aequalis fraap ^^ ?cl -r ^ vel <ft ^ualis i •♦• ^ » vd 3® r* 

. Axtoma Vll." 

iCquales j(|Baotl(aces iiitiftitui poftiinc agualifcus i]tianciacibus ^ «t fi T9« 
habeacur m'= b -t« c — -x^ & fit c — ic = ^a » fubfticueodo a in 
locum quancicacis c — tc in aqiiadonea = b «h « — ^^x> fiec alia 
aquMo m = b -t« a aBqnaUs 4ac« m = J>«Hc~Y9 ^ fimpli* 
ciaribiis tenniiiis •cjBndBk^ 

l^^^_~^^^f ^^•^^^■■^■•V •^^KTVW^^ ^ 


1; ^ 


y > 


I. • 


j'l 


"1. 


PRO» 




IrtMnfrtai* mAtplknm ptr fmm d n um int ittm m .i^fnd^a, 

trit. mmttJtot ^dim.ftmtiopit. 

Data Oc qudibec fra£Ho -i-, qi» owldpUwuf -per dcnominUQ- 
>n « 4 4i^ pro4n^m rl}$ a. 


t ' 


Dcmonfimio 


w 

tt , cHiciet produAttm m x cquale quanciuti a . Ponamus icaq*rc? 
qMncicam a , * m x «quales enfc, feti^candcm rem flgnificare UY ^ 
5«.; > mminim poM^ a = m xi deindc aquaies quantitatc^ a, Sc 
m X dlTtdantttr pcr eandcm quantitatcm ra, quodentcs ^, & x ( *:• 
adomi 5* ) enmc aeqwilci intcr fc^ ^it n6mpc ^ zszxi Boft^ qpaA- 

citatei squalcs -^, & x mulcipliceotu^per candcm qttantitatem m , produfii 
— Xm,&nix ( axiom. 4. ) eront intcr fc-aM|uaIia , crit nempc 
2.' X m =f:'mi(; fed cxhypotheiS eft ctiam.a :=3 m x; igW^^per 

Dl 

axioma primum) erit^ X m = a;nimirum multiplicandofraaum'^ 
^ dcnominatorem m^ produAum erit numerator a. ^ 

'^ 'Scd a'&, m poflbnt fignificare quafcumquc quantitatcsintegras^ ttl 
^ii;^£t9is, fimplices, velcompofitas) idcoque fraAio -^ cxprifiiic qiiantf- 

tis datam fra£lioncih '• Qiiapropier gencraliter tx>ticludendum cft qu^m* 
libet fraAionem malciplicftam per fiwm dcnominatorem ('rodii&cre 
Httmcratorem cjuidcm fram» C^od crat demonftrandum • 

P R O P O S J T I O S E C U N b A. 


Thcorcwa ; 


f 


61. Si wmersior^ 6r ienmrnnatw eujustibn ftd^VMMpHceniw-^ jm iM^ 
dsntut per eandem quimtUstcm ^ ftsRhms njdtt nom muijfiiimt . 

Primo fit quxlibct fra£lio ^^ cnjus nttmerator z , 8c denominator 
c multiplicentur per quamlibet quantitatemm, orietur novafira^tio ^ 
ootaino «qualis datas.fraaioni-f : crit nempe -^=5 — 


_. ^ : crit nempe -7- ,^. 


« " • ■ 


&• • * » • 


DemotiftratiQ • , 

^ Qiueiiiaiii x ( axioiii. 6. ) fignj^ficare^j^eft c|tealibec ffuMimfd , 

iico pooaiaus fraAioiieni «^a;^ual(xnefleqiiandtacix«(H>oaciv 

,== ?>, ?tqac: J^tooa aMpationis is^X Rrima j^aifi muItii>licetor Kik c , 
)^odaflam'erit^a per antecedentem Tko^fidoiiem • Siihiliter' toeonda 
'ptr» X MimlttptKeeur ^' eandem qoammcett c > pratdttaom 4ttk 4n* 

'Sed iiiulcip(icattd<y aqoalda qoamitatef -l-^v jt x p^ ^ndeni^qDandfa* 



.^.^^ jBT =;:.c m<x:£ aKiooi^ 4. ) • Taodao» «qoalti ^Mcilficea 

am /; ft € m X dividantiir per eandem qoantiucem c m « qoocieotca 

1^^ & X enidc asquales iorer ft raxiom.f.); erit oeirf|^ ^^i^* ^ 

a hypdthcCi babehius jr ^*^ ^ im». i.)-crlt fS 1. ^^ ^ 
ecat primo demonllrandum • • . " 

Secundo data fit fraAio ^ , cu}as noaierator a x. » & deno- g^ 
minator a m diiridantar per eandeiA ^antlcaCea t ^ babdiicor nora 
fnaio ~ Joqoalis datk tm^ •-..a ,' 

OeoMftradb.. .1 


Dam A fraftibnis ^ nomeracor x^ 9c SMmaiUMDOt fl|>fec eaAieaa 

^antiutem i- mulripUccntur , orietor fraftio ifi •fjf* ^^^«>i m 
I)cr anteccdcncctn Dcmbnftrationcm . Ef«o fraftionis j^ diFidaido- 
i2ieraCorem a x^ ^dlrnorafnatoftm am pcr a^ ortcur fraftio IT 
lis dat« Ifraftioni V^ • . . ^ r • 

Quaproptcr pcr candem quandutem mikiplicaodo ,■ re! Akideodo 
tam numeratorcm , quam denominatOFcm cujufris datc fraftionts ^ 
efufilcm fraftionis quantitas , fco ralor non onitatur • Quod erac 
ofiendciidom .^ 

PROPOSI>.IO TBRTI.A* 

Problema. ' ' ' 

..... » j . 

' hd^ram fUMtHaew in frtiSkmm AMi iaiambtmonf t$imm. '; ^j, 

Refolutio. 
MuUflpKcar dau^uadi«i-p«r Jatiiw.de iwMM iwc ni » & vmIu- 



fo &CBMfllffTOHCIM 

Ho iuppoiiitiir ipfemet deMmiiutor • 
flt per feiatooeia , qm habeac denominatbran m j oic ^ qttefia 

Oqnpaftratioi 

• Qi^^tu a txptial pweft p«r fr*aionenn .-f ( tilj^, <tt«i» »«> 
«imiiiati a m ViQe«MMMW « ifUoqiM IwAiecHr -t* ;s. Oi 9WW 

iMtJM 4nA«MM 7 qpujlvplicatU «vmnMaot « m 4( i»sm\nm9r^ ' 

f« «3 *o*i(ur foOia if «qnaii* -f.., fw a> p^ pfUnrwa p«f«efi».Piv 
. pofl|(i»ni» «macdhatia. 

• 'tMm mimt in^ quanikai • H*«— • n'«edHcitat. in i» 


f . fkem ^Ackei fl/ i^ o ^H ^..ie^octo» : ad tmicvn ft«<^|C|ii^as 

• hi "*-- em "4* x 

— ; & fic de ccteris ., 


Problema .. 


»i 


g^ traSipitis sd mtim dmmUstmm ndsieire. 

rr 'Mno fi fmfiioiin teduoeiids fimtiMOmiiiiodadw» ^c "^ i ^7, 
jtuac immeracar a 4( 4etiQmiDatcK m foi^ -^ ^^^'^?^^^^^^^ 

• ^nomtoatorecn x ^lcerh» fi-a^ipni$<» Item auimezacor^ c. « Sf j^c9oinin> 

* ^. z Jrs^i j[- gdulupUcQmir ner d^atinacorem m primip fradio 
nis; acque erunc novc fraftiones |j|, & ^^ Qii(dpiidcW>n}i9atoris, 

& isqitirtcf daci^ is* » ^ v^r 
. -i ■ » • . » . 

QnMnfiftcio*. 

Nam per fecundam Propoficionem func — =: -^, & |^ — !!• 

Secundo fi ^drei fiiertlic ira^tfionei tcchicendae J td^ Jl — * 

c * m ' * * 

&c^ cunc numerecor , 8c dcQomina^r cujufqae fra<ftiotiis muhiplU 
ceticur per produdlum j qudd c^l aliarum fradionum denominacoribus 

n^ultac ; mmifom. isfmiinii a > j( c fi^io0i& ^ 4w4c|pl WwiiNr. per m 

X ; cermini vero b , & m fra^i — multiplicentur per c x ; undem 

cermini a , & x iraAi -^ muUipUcentur per cm; &fient novxfra- 




4^ l;ll c A A A \>.v r« n V » T. j€ 


• 


OiKoaiiAvttib* ^ ^ ' •* . t A 


Eteirfoi per Propoficionem fccuiiJam 


J y, f 




(„ ikxSbtmift. °'' '' 


»• «• 


onain fiimmaal' omnes numeracores ( i). ) » fummc vero fi^fcribator 
docos c oBMn uiii s denonitnmr ^ Sb AoAionnai -^^ '^*?» 7^7i 

ir --£^* b^C-t-X 

BIBMBa 4nt ■» ii "" 1 ' " *• 


* r 

m 


. Cum vero it^wi^ oon habcof UapD jipiPccty-jtunfr r aju caht u r ail' 
cundem^dMominatortm per antecedencem Propoutionem j & reliqua 
feocttliiprft. ••••^-- 

Fir«eioa fla^Honm &mM aKmaoJM tpbiiMCtr AMtolla JidMMtf 
acj eas (crii)endo cum fois fignis* 

Sic fraaionum -^^ ^,& ^-f *ww»r trir^ --H 4^ '^4'»^ 

. amx -h bcx — acin - , j » . 

cnc " ; ' >Ji i ' ""/ r ''Pr*f*<>*¥^ ft^/ni|My»;f«yni<iHitnrcin. 

P & p P O S 1 T liO' S 6 X T A. 

St fraaiones dat» noi^ hahrm;. idein aomenp reducanifviid .eiind» 
denoimnatorem ( Prop. 4* ). ' ' - 

Cum vero fradiones reduAse funt , Tcl habcnt idem nomen , tunc 
fubdacatnr numerator fraaiofii^ ^fi^MmfttaUaB a numeratore alceriusfra« 
^onis^ 8c produfio fupponatur denominacor commums. 

'' Mw^:«iii6^^M^ .ft ; llfiiM«>tei€ 

^^ G a ' I^^ 


*> 


f» ILBMENTORUM ALCEBRi^ 

Itcoi t ftaQiofic ■ iiibtfahciidb fraAionem — — — — 9 

-.- . tb ~ c *-^ bm 4«, ac > 

ftfidifan er^t ■ ^^ ' ■ . ^ "• 

Pnetcret fi fraAio ab iiitegra quantitate; vM yiciflim Int^gra t|nanF> 
dcai a fraAione (iibtraifenda ^t ^, mut^tis fignts quantijcacis iabtrahen- 
d«j in unamiimimam colligantiir , 8t hat^cur qmefitum rcfiduim ; 
vd rcducaoir intMrt qoantitas in fra^ionem cjnfdcm oomiois ( Pro- 
pof. }• } j pofiea nac lubduAio j nt aotte • 
f Sic lubtrahcQdo fira^^em -g^. tx ^aocifam a « refiduum tric 

i^. m rtduccndo ( Piop. |. >,,o<f -^^-^^ . 
m •■'•'• m 

' lccm ex qiianfiyacr m ^€ U bi n he t io ftBOuoi — ^ > rcOdaucxi 

. « — c~--ab— -b . , , /am — cm — ab — t> 

artt : ■ '■ • w radttccndo cru. ■■ -. ■..''-♦ 

' aOo ^ f;dicntoidoqwmtica€«» b «^ c,Irdidbiim.erit 

b — c / ' ax« — bm — cna 

f-tdrcdoccnJoaaidemiiomcB» crit— 



SabtraOio aliqoando cciam fic finc ulla reduaior 

ftbcrabcndtf quaatiuci • Sic fiibcrahcodo fitAictnem 

- -,, ab "^ c H* ^ 

a>'iefidttOm cru ■ . 

m ' ' m X 

P^RO'POSItlO SEPTIMA- 

\ 

#7. rtsHkmf mii^^itMf • 




•^ •» 


Re fe lutio» 

Daca fir qtelibet h^o -^ aaulapliainda pcr firaftiooem ^ :miil- 
lipliceocur nQmeracqres inter fe^ Ac intcr fe quoquc dcnomioatpro ^ 
^t fra^o ^7v» ^i^ qostficom prDduAuai • 


DaoMMil^cio* 


j »*iw«ir JW^o -1 s= « tf«K) 

m «patio T* ^ > fmlcipliomr pcr o > ficc' mm^ m 


*"• 


* > • ; € t 


et ( axioia4j & Prop. i. )• Similiter fepinda aequado ^=rzmitl« 

tiplicetur per m , babebicur a4ia xquacio b = m £ ( axiom. 4 9 8c 
Crop. '• ) • PbAea muario a = c x ttmiiCiplibetir per «quaiioi^ 
h 2=: mz\ nimirum ^ per b» &cx per mz^ produAa ab^ &cmx£r 
erunc «qualia (^axiooi. 4« ) j iJcft.eric nova aequatio ab = cnixz. 
Tandem dequado haec a b nr cmxz dividacur pet t m >'^etienceS' 

^, 8c xz eruftt aequale^ (axiom, 5. ), erit n^mpe -^ = x«? fedex 

fiirpochefi quantitas x Cgnificat ^&aftioriem -^ > & z fignilicat fra-- 

Aionem ^ ; confeqijenter produdlum x z es^rimit. produ£tum tx fi-ado ' 

-^ m ftwBtam ^^ &,oftenfuin eft fira^um ^ «qMalem eOe profluda^ 

x;t ; crgo ctktxi Craftio -r adjcquat produftum ex •7- in — ; : hpc 

autem produdum — eciam in^enicur mulciplicanda numeratores in.^ 

tar fe , Sc incer fe denominacores datarum fraAionum ; ergo fraAio- 
num mulciplicacio obcinccur raultiplicando inter fe numeratores ^ & 
inter fe quoqUe denominator^ datarom fipaftionnm • Quod erac h* 
ciendnm , & demonftiuindum. . ... 

y Si fraOio multiplicanda fit per integram quanticatem , vcl v^flim 69. 
integra qaantitas per fi-a^lionem ^ tunc muftiplicetur numerator datar 
{raGAonis ,per integram quantttatem , 8c produi^o fuppohatur denomi« 

Mior cjnfdeqi fraAionis ; uc mulciplicando IraAum y f^^^ incegraai 


a m 


tfmnauitm m > produ^him erit -^ • . ^ 

Demonftrdtio'. 

Q^ntitaa ni exprimi poceft per y ; & mulciplicando -? pcr -7 * 
produaum eft ^j^ , five '^ pcr ancecedtotem Demonftrationcai • &• 
go patet propofitnm • 

PROPOSITIO OCTAVA. 

» 

PfoUema • , '. 

Refolutio » 

Mnldplicentnr decuAatim ^ idcft numeraior firaAtonis dividemtcper 
denominatorem diviforis , prodndhira erit nnmerator quotientis ; & 
denominaior fira£tionis dividend^e per ' numcratorem diviforii ^ & 
|«Mi^hfln/.f«t deflOMilNitor qiiotien^ . . ^ 


^ 


i. 


«■ r 


14 £LBli(ENTORtJM ALQ^BRiE. 

Demonfirario • 

Poftca printo «quatio ^" — * rttultiplicetor p^S^ flttaquatidjr=rbt 

( aYiodu 4., & Propor. lO^qfi» demio multiplicetur per m . b«be- 

bitor «m = bmz. Similitcr fecuiid« «iuatto — =r z mukiplicetttr 

per m j orietor nova^ «quatio c = mz , qnK Iterum muIdHpUcetur 
per b j & habebttur bc = b m z ( axiom. 4* ) • Tandem diyidator 
«quatio ^m rr bnlt p«tr aeqoflttoism bc ^ bmz. nimifuoi itmper 

bt^i JfiK biii« per baif , quiiticiites j^, & ^, fci ^ < *^) «* 

«qualei' i«€r fe (axiom. 5, ) > «rit nempe ^ = "r* ^'s^ T" ^V^ 
tiens, qui oritur dividendo x per Si , & 3c flgnifipat, et iiypothefi , j 

^iantitatem dividendam -|- , & 2 fignificat diyiforem ^ \ confi^ 
quencer -^ ^B<>ificat qiiocicntem, qiii oritur dividendo frafium \ 
per fraOum^; atque demonftravimns efle^ =S «^ : trg0( axMBtu O 
' j* di qnoticrt» qt»fittrf* 

^ Qsiiapropter ut fraftio quslibet per allam fra^ion<;m dividatvr , cfe* 
Cttflratim. ^u ia crucem| multiplicentur numerator fraflionisdlviieiw 
dbe ptt JefKMiiiaatorem Jiviforis, fic dtnoftatn&tbr fira£iio«ii» divlj^ 
dr per niiraeratorem diviforis , atque pvimam ptttduftum «k mme» 
yator qnotientis, fecundum vero prodiiftum erit denominator ejuldeaB 
qaotientis • Quod er^t faciendmn , & deaionftrandum . 
70» Fra£ti» vero quaefibet per integram qoancitatem dividitur OMilcipli* 
cando denomifiatcvcm frafti per integram quantitatem. ,. ^. (^- 

Sic divMcuda — pcr m, qpodens erit— . . " ^ 

Demonftratio, 

I ' ' M tn 

Nam quancitaf m idcm vafet ac-^ , & dividendo p per — ,qno^ 
ticns eft — , feo — , per ancccadertlMi. Demonftrationcm . Ergo pa» 

^ tet propoficum. 
71. Qiod fi integra quantttiMl *fl*eil*l*fil pcr fraftionem, tunc inte- 
gra qaantitas muItipHcetur per denominatorem frafti, &prodaftafiib* 
fcribatur numerator fradiionis» 

. Sic dividcndo a pcr ^^ quoti^ crit .|;- . . „. r^,; -^,}^ 
Oiantitas a rtprinn poteft -«WK-^»*!. &^tfWlJw»*^'4'f«r ''^^ll***» 


•:i -» . «• gLB- 


/ 


'J t \ .. . . " -fj 


ELEMENTpJm,M ALGEBRiE 


'?• ♦ ^ '^r* 


.^ ffuamttmum fptepativHr^ cr ^f ^ 
D Jfc Jt- Jl N I T X' 


p E :rj'N I T ,i;d, l 


PRoJufltuni/quoa fit multipHcanab quimltbct quantltatcm pernnl- 7». 
tateni^ aut per femetipfinn iCmdi vel bis^ vel pluriet ^ appeUa^ 
tur V^eftof , JXgmtas , vel Totcntta cjufdem qaantitatis . 

Frima potc/tas cujuslftet, ^otuatis e^ v^. (|aaiitltas (eaiel {lofitf» ^j, 
fiii F«r Maitateoi mltipUcaita; ik ii >(^ a^ ide^ a> eft prta»a pot^ftas 
Qiagaitudinis a. ^d^s mui l^.piV ell frima d^n^as qnantitatu ba|> 
&c. xX7j idcS 7^ eix prima potcfhs numeri 7; & fic de' reUquis* 


'Dcfinitio IIL 


.•c<i 


\ ■,. • . :.. V 9. 


Qxm, quod flt remcl mulcipllcando daum quanciutem per feracdpfaoL 
Itaquc muaerus 49 eft qua/kWioa Jlfimeri 7 » quia orttur «x multi^ 

plicstione oumcri 7 in numcrum 7* 64 eft «piadratuai > vel CecuflMU 

pptcfias ouqieei 9« quia 8;^^ prQ^Mcit ^. .: . 
Itcm puJxipU«a^do a 14 ^f^^ p^i^CKiuftttm aA^ (eu li* didtvr^gfldit- 

tum quantipi,is a#. . , , i ^ ^ •,;,..*./ 

Similiter 9 a^ i>'^ eft qua^atum quai^itatis )abS W^ owbttpU^ 


", \ ' .". tJefinitio 1 V#. .,. *.• , , 


Z' 


04aM'^ vel UrtSa P&tejtaf ^jvXyis qmntiZSL\ ^ 

oriciir mufriplicanda dacam ^juancitateni pcr fuum quadratum, '^ ^ ^^ 

Sic roultiplicaiido a per a per a» fcu aa pcr a'^ ' ^vodii^hinl aiii' , 
l^ a* a^^criiufv feu tlsi)OU,'p(MfliU'thagi^€iidiMs^ - '^ .r^ 

Sknilttfr Vf efl.cubQft iittitU!Fi^(j > quia dbtih^ur'mflriplica»id6 ij 
■'•Ifci' j iii i^Svft 9 *•».' j;- f. . ,j • . . - 't . -. ^ ,.^j 'ii r./u' I 

Quod fi ccrtia potcftas^ fcu cubu» cujuslibet quanctt*eis nitilti^na!« 
iQf per prmaua' pote(]bt«cti eiufdcm quancitatH ^ proddfhifrii eric kuar^ 
$a Vot$ftai^ fcu QMdpato^itatltatum e^ufdcVn quaiiticatls. 

Sic a^ cft quatta' potieftlis quantitHtis a ; quia t>riHir ex 'a ' Xa/ 

'* ii^^rmxUbfiiMariptr^^^^^ ejurdem 

i^quiiwitacir •; «oq«e4ta. aailieeps' a ^ ,-a» ^ a* S^rtiinifixfaf y /s/*f • 
Mi#^ ocSF^T/iS Potcjiar ejufdcra a . . -. f a 2 ' ^^ 


1 / 


16 EIEM6NT0RUM ALGEBR^. \ 

Deffnitio V: 


• i .... 


^6% Quantittf ' Hla 7 cil|iirpot^to exhibenokr ( qat eelaoi prioa po* 
Ceftas apptllatuc ).^ <Ucioir 1:^«/ ^ fcu l(4^Jr earundeoi j^ocdlatnoi • 

Sicf a ^cicur racllz quadraa; ?el radix fecunda quantttatls a' left 
nulix tertia^ fea cutd^a quaotitatis a' ; & fic deiooeps. 

Similiter nudierus \ cft radiz quadrata Oumeri 9 , eft radix cnbi» 
^ ca^ fcu tertia nuineri xj , eft radix quaru nunieri %i^ &c.. 

-^^ Dcfimtio VI. 

• • }■ 

^. ProduAum ^ quod fit mukiplicando inter (e duas imequales quanu* 
caces j etiam dicitur lieSsfigidm» earuodem quancitacum ; & quancica- 

tCf iplas dipuncur L^trm ejufdeoi re^nguli, fumpca denoinina^ione a 
liiieii^ ttt videbimus ih Geometfxa Plana; 

^ Sic produAum am dicitur redanjguluni conteHlbm a quantttaci&us 
a^ Srnii quancitates reroa^ &mTodantur latera ejufden reftangult^ 

PROaLBMA PRIMUM. 

f 

7t. Q^^fwi dsi^ quantttath qmHitMnm , oAum , qnstrtam fot^flM^m , 

^ qtkntattt'^ <^ tdiof bmnei p^fjlater invcnit^ . * 

' . 1 » Refeltttio. 

Ut in^eniatur quadratum^ tnuhiplicetar daca quandcas per femet- 
Ipfiintf^ & produAum eric quasfitum quadratum, tel fecunda poceftas 
data^ quanticaci/^ ut patet per ancecedeocem Definitionem Tertiam. 

itaque quadiratifm quantitatis b erit bXlrj five b* . ' 

C^uadrattim quancitacis am eric amXam^ idefta^ m* • Qiadraciim 
quancicacis y a • b* m erit jra'b'm X ya»b*m, idcft ay a* b* m*. 

Similicer multiplicando arH"1> per ;a4»b • produAum aa «t» aab 
■^bb eric qiiadracum eiufdem quaucicatis a^Hb» 

£adem ratione quadracum fraAionis -j- eric -5- 5? -5- ^ idcd \i \ at* 

quc .it^c d^ reliE|uis. 
f^^ Si autem quaK^jCiir cobusj (eu tercia potefl»si dac» quan(itati«.t tunc 
. per. .fnceccdimem numerumJpvcDt^. quadrato ejuldem qnancicatis , 
mulciplicecur quadracum illud pcr eandem qfancicacm j 4^ IvibebiQir 
qu^ci^cubus*' . ^ 

. Icaque cubus quanciutis b erit b^ Xb» ideftb> . Cubus quanctmis 
am eric a* m^ Xam j nimirum.a' m' • Cubus quancicacis ^ar' b' m 
«rit 2j a*b*m*Xj a' b* m, nempe uj a* b* m» . 
^ Slmilicer fi aa «H 2ab H^bb ( q^racum quanticacis «H^b) mul*- 
;tip|icettw pcr a-hb, produftuip a'. •+• j a* b ■+• jab* ^ b» er»jWi- 
bus quanticacis a H" b . 

Qfjod 


/ 
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HBBR TBRTIUS, j; 

Quod fi tcrcia poteftas iteram mttltiplicccur per «latamqatntitatem^ §#« 
in prodJito habebitur qoarfea poieftas • MulcipUcaiidQ qpartam pote* 
fiatem -t^er primam ^ habebitur qttinu poteflaa ejolEem quantitati$i at« 
que ita deinceps. 

Quapropter iniiltiplicaiido a in 2 ^ fit 4 » quadratnm numeri x • a 
in 4 producit S> cubum neoipeiiameri 2. a in 8 producic xtf » qui 
nome^us eft quarta ppteftas nomeri 2« a in 16 facit 32^ atqoe }2eft 
^nta poteftas numeri 2, 2 in 32 prodocic ^4 ; nnde 64 eft ft^u 
poteftas numeri 2» Atqaeiuprocedenddi reliqacpoteftatainmiimciir. 

Corollafiom • 

Viinc ttt habeacur qoaetibet tHXeftas cojaslibec fimplkds qiandudb g^ 
litteralis , latis eric exponentes ejurdem qoanticatis multiplicare pes «k 
SDcrum ^fixGtx poteflatis 1 Ad obtinendam exempli gratla Cecondaai 
^ceftacem quantitatis a b ' c ' m* , multipltceatur ^ l^tr 2 «ponentei 
ij ^> 3^ ^j 8c eric a^b^c^m** quxfituro quadracum. Nam joxta 
fegulam pnecedentis numeri 7S^ mukiplioando ab^ c' m^perab* c^ 
sn^ , idem produdum> (eu quadratam a* b^ c^ m' * dbtinetor. 

Si«uliter tertia ipoteftas quamttatts ab« c^ oVtinetur triplicaodo ex* 
|K>ncntes 1^4,2, acque erit a' b* * c^ cttbus ejufilem qtoaotttatis. 

Eadem raidone ad obtinendam quartam potmatem owkiplioenM 
«zpoAentes per 4; ad obtinendam cpiincam poteftatem mHltipIicentttr 
P^ Tj atque ita deincepsj cum dact quantitates fliat fimplices^ 4e 
pp&tiyM. 

Nttmeri mo ceefieientes femper multiplicaodi fimc inter fe ^ jnca 
regttlas traditas in prxcedenti Problemate. 

Slc terda poteftas quanciultis 4*» V etit 4X4X4 a* b* * , ideft 
64 a^bl^ (79.) 

Scholion« 

C^awitates oompo&ttf etiam ad qaam?is pote&atera eleTaotor fcri- {^^ 
%endo ad ea rom demte gam eoponoitem qtt»Gts poteftatis , duAa deitt» 

per linea. Sic a -t-b* fignificat quadratnm quancitatk a-Hb^ nem^ 

pc a*-^2ab-Kb', Itcm ap^-b* %nificat qttaotiutem a-Hb elc?a- 
tam efife ad cubt^m , {cu tcrtiam poteftatem* 

} DefinitiQVlL 

^^icir extraHie eft inventio illius quantitatls^ cujos ooteftas dalti («^ 
eft. Sic extrahere r^cem quadratam ex nudciero ^4, eft mretiire na- 
txierum 8 ^ cojas qttadratum eft numerus 64. Similicer. rfidicem €er« 
tiafa emahcre ex quanciuce z^^ , cSL invenire qoantitatem a^ , ^ujos 
Ccrtia potcftas eft a.' * • . 

• l.»ij* *r .* 4« 

- — - - -. * . . • 

£/emeMts Maih^$r , , H .' ' ^KCh 
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RADIC ES. qUADRATA." 


ELBhtENTORUM AIGBBKM. 

9<ltO>B. &.BMA SfiGUMD^UM. 

£^ dm mtmcro rmUcm fikuhMm cxttjihm • 

Refiilutk« 

.^Sf iaSM niimefyu eft qHftdraciit^ &rnQ0eicedit lUncnin* oinuniiBi j 
«Hii nduc cyiadraift^ habenir in («|MAa XabtUa, 

^ Hu jus prima columna finiflrorlijin r»* 
dices condncci alcera yero d^xftinr(im 
pofiu ^ earundeoi radicum qaadraca con- 
flkft « fix blc igituiH Tabdla cwidfna 
cft /adifieia quadratam numcric vs efla 

4|ltlD(BniOi 5 j radipem quadracsun. iiwe« 
.M<^< cflia ^; &. fic de ceirtcru« 

Cuca vero daciift niimerus minor 'cen» 
tanafio; qnadratiis non cft i ^cunc fuma»»' 
tur radU maxlmi quadtaci in- dacp nu- 
4Krd conce W » ^o cadix quadraca^ nu- 
meri z8 invci^iri noqutf ,. qula nuUus 
^wamom in fe .^pfiim dudiis producere 
pon^ numcrum 28 ; fed radix quadra* 
ta proximc mioor. numori 28 eft 5 ^ 
quia ejus quadracum 25 cft maximum 
iqM^atttoi .wntatttum' in dato^ niuM» 
ro 28. . ^ . . 

< "Similicer radir pfoxime minor^ immeri ,97 eft 9> quia t\i^ quadra* 
tum ii cft maximum quadracum concencumin dacp.niimero 97. ., 

Quod fi dacus numerus major ^Qi ;nBmero cenieno « ejus quadraca 
radix fequenti mechodo inveniacur. 

Prinib dividacur datus niimenis tn meAlbra» puoOo feccKttendo bi« 
ms quafque figuras > incipiendo a dextetyi > Sc procedcndo». yerfiis &• 
luAcam • Si figiurarum numerus fic par > quodlib^ membrum duas con* 
cinebic figuras ; cum vero numerus figurarum eft impar^ primum mem« 
brum ad^fihiftram pofitum uxlamcamum hslbebic nocam^. 

Pnrcerea quot erunc membfa^ toc figuras faabebit radix. Hlfce pras 
fuppoficisj operecur uc in (equenci exemplo« 

Dacus fic numerus A^ ideft* 294849 ^ hujus radix 
quadraca inveni.enda fic. Divifo daco numero in memr 
-Bra, ttc didum eftance^ qu«rainr in fuperiori Ta- 
'bula radlx quiidraca primt membri 29 ad fintftrah:! 
'pofici ; cum^ rero numerbs 29 non' fit quadratus j 
• qujiacai*' rtidix prdxitoe mihor < 8y/)i qu» eft y* 
qus dexcrorfum ponacur in B> incerjefta lineelaih- 
cer numeros A^ tc B. 


I 




3*4 
294849 


• 4 


PqAoa mulciplicctui radix 5 in feipfam^ Sc qua« 


dra^ 


tlBBR TER TlU«i - 59^, 

dranim 25 fcribatur fiib iffo menbro 29» a 910 fubtrahMir » cefiiluiiiii. 
erit 4 j cui deBtrorfum addatur pima figua 4 iecundi meisbri 48 ^ 
fiec numerus 44t Deinde radiz aoTcnta y duplicetur^ fict divifor 16 p 
qui fcriiMtur in C j & dividatur 44 per io> quotiens erit 4^ qiapo» 
natnr pro feconda radicia figuiat io B ad deictcram £^rx 5 > &t f4» 

Multiplicetur numenis inventus 54 per (emetipfum > invenjaturjiea^ 
pe ouadratum numeri 54^ quod erit ^f^id, 6c icribatur infra jwmer 
rnm 44 direfie^ tc ordiMtim (iib %uris 1948» qm fimQxx^clbm duio 
priora mimbra numeri A cpnftitumit; & iiibtraiiatu]: quadratnm a^x^ 
cx nwnero 2948 ^^^ rcfidnum eric |^> oui dexcrofffimi^ dcfimdatnr pri«r 
ma figMTft 4 tercii 'mmnbci 49> fiet membaim divideodum 324» Po* 
fiea dupUcetiir ftoca radix jam iaveaca $4^ Sc eius duplum loK po* 
nacnr in D > eric alius dlviibc , per quem di vidatur numerus } 24 » 
qygciens eric 3 • qta lcribatiir in B poH 54 i^ ideft pro «ercia tadici» 
pctt* TifKiem fiac ^dracum rotiiis nuUcis tnjrentse €4; , quod crit 
294849 j Sc fubtu^iir « cribus iatqyrh membri^^ ideK ex isitcgno 
nameto A » «cfidnum eric o| ideoque dacua juimerus A eft quadracusj, 
& ejus radiic quadrata eft. numecus SH - 9^^ mimem& 542 ii» jG»» 
ipfiim diiQua refiicuit mimenim datiim A «. 

Si qnadtMm yim tnvemaB radicia excedit nomeram ^ a quo fiibtra^ 87» 
\A debet ^^ tunc ultinui radicis figura per divifionem iovfnu ^ imitatt 
mimMtUB» ut videre eft in fcquenti exemplo» 

QunmMr fidix quadmc^ numeri £ > feu 324^ qui 
dividtttr ii^inembm per puudia modo yim CKplica^ 
CD. Atmum mcmbrum fiinftrorfum crit J. » oijusra* 
^x quadcatai proHfaiio miAor cft x j^ qp^ai ponatus in 
•F, efofitue qiipdratnm t fiibtnhatur exeodemmemiP- 
jm f A rtfutusm erit 2; cuidexcrocfiimaddiaturpri« 
ina figora 2 fcquentis membrij^ iiet numenisai^qui 
dividacnr^pec dinium inventa radicis x , yidSt per dlviforem 1 po&^ 
cum ift Gi, fiod 2 in 22 novies concinccitr ( quod aocempluriescoi^ 
4iiieacnrj. nihil cefccts nuUua eniaL n«cneni& poninic in» quocieme .p 
faa i» radkae» ^JJF^ qmu» 91 > >. unde ^ouens- 91 fi^cibendus. ^et. ia 
F pra ficondo fadicis ilgtirar deinde (ysifranuni radids^ 1^^ ideftnii» 
sfneraa jitfXj..fiibcraheodus. eflcc eic aumeiih iH ^ 9^ ^^i- nequit ;: 
pratnde qi]otien& 9 nnicsce mimiittir j. ppnatui: oempe t pro* locunda^ 
radicis figirar tc mjdtiplicando radicem inventami i& in> femetip(am> 
obtifietur eius. quadratum 3,24 ,. quo fubiraflo er numero dato 324 ,, 
nihil remaneti. ergo numenis zS eft: radfix qnadrata numeri 324*. 

Cum vero inventns. divifor non continetur in membra divutendo,. tS"» 
cune apponitur in radice cifra o ^ & membra dividendo dextrorfum 
adduntur duse fiibfiKjuenCes. not» numeri datt.. 

^Extrabenda fit cadix quadrata nnmeri 432£f> quS vocetur A*. Di« 

Tidatur in periodoa , ut cQAum fnit numero 8^.. Primnm. membrumi 

liniflroriiis eric 4 ^ cujus radix qnadraca. x pomcur in hA^^ quadra^ 

i X txatk 

j 







* «» EtBMENTORUM ALGEBKJE, 

nm hu^s ndicis 2 , ideft 4 , fabtrahfltur ex 

meidbro 4 nucperi A j refiduum eric o ^ cui A M 

dextrorfui acklatur prlma fignra 3 fecundi menl- 

brl 31« fiet •} « ideft 3* Duplicetur radix in- 

vetita 2 j & ejus daplum 4 ponatur in G 9 & 

diTidantr } per 4$ cum aucem 4 in 3 non con- 

tineacnr j^ fcribatur o in M poft notam ^2 , itcm 

Gnatnr o in G poft notam 4 s fiet radix 20 in 
« & ejti^ dnplum 40 in G erit di?ifor . Ddn- 
Ae ad dexteram nnmeri o j defcendatur fecundt 
4gura 2 fecundi membri 32 ^ fic prima nota 6 tercii membri ^4^ 
ftet membnira dividendnm 32^« Per dinibrem 40 pofitnm in G di« 
iFidatiir numerus 326^ quotiens efit 8^ qni ponatur tn M pro tertia 
r^dicis figura*. Tandem fiac qnadratum radicis aoS^ quDderit432tf4y 
qno (iibtra^ ex numero A, nfiduhm erlc o ; «deoque namcrus. M , 
ideft "toS , eft radix quadrata numeri A, ideft 432Af* 

(9* Si poft nltimam fubtraftionem aliqnid remanet , fignnm eft ca«. 
fcm numerum hon ttCt revera quadratum^ neque habere radicem^ raii« 
tionalem ^ qu« nempe numeris exprimi poflTit* Radix fero in ope- 
ratione invenu erit radix quadrata proxime minor ejuCdfifm numeri ; 
five radix maximi qnadrati in eodem numero contenti. 

Quamyis autem yera radix inveniri nequeat^ quando datus nmae' 
fVS non eft quadratus ; poteft tamen ad veram radicem roag» ma^ 
fiifqtte approximari^ ita nc difierentia a vera radice fit nsinima • 
Qpod fequenri ratione obtinetnr » - / 

^^ Oaca nnmero non quadratcr tot ctfrarum oaria addantur , qnot li- 
Aoeritj iisSt vel duo o^ v^el quatuor^ vel lcsr ^ fiec^ Ae ex ihco au^ 
mero una cum prardiAis cifiris extrahatur radix quadrata ^ to modo> , 
qyo fiifhim eft ante,' 

Pbftea ex inventa radice tot notc anferantUf dextrorfam , qnof 
cifiranim paria addita fiiermftt reliquc notse radicis finiftrorfiim pofi» 
Ut exhiMttnc radicem integram proxime minorem dati nnmeM • Fi^ 
gUf^ dbccrorfum- ablat» ponamur fupra linec4am pro numeracore fira« 
Aionif 9 Bc pro chenominatofc (crtbacur unicai cum coc cifris , quot 
earia addica fuenmc^ ft inceger pmii^s cum fiaftione fiipradidlt. 
nvHcahum radic^m pronimloitm daci numeri .. 
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LIBBR TBRTID&^ «* 

ExtnlieiiJa Ct radte ^'f » « v""Tf *Ir 
cnjurradix ptoxime «tnor ( 85. > dt J^ coni. 
refiduo 6 t nt inveniatur radn proxiimor , ei- 

ria , eXcmpU graria duo , fiet nHmerus i joooo , 
a io exuzhuot radix <pia4taoi juxtt regnkw fu- 
peritu traditas , & iowm«ur jS^ «** P""-^ 
me «inor nuwert lyowo , cum tefidua »3* * 
OB duo cifrarum pafi» addi» feceioantuR ex ea 
radice i»? dw» ooob ad dexBcram, neoipc »7 #. 
& nuimra 87 fcbfcriban» 1 cnm d»bus cifrisi. 
atque erit J f^ radixr pw»imior ,^ver». <pa- 
iemminor, fed proptnq««r , ee exafttor , quaih 

radix ? primo inrenta : h«c emm radix 3 

■f-Vz neque una centefima BWtarit parre a vera 

'"f 'tr^eiq««or, ^rplnra «fr,rum .pari. addiuf»ffl*nt,.tanr 
ndix mx&r magtfqn* veiw ladid propinqMior eQet ^ 

P R OE%E M A T &R T I U M. 

'• ■ Em dkto 'nnmero nulHtm aAif'»m nctniir*'-^ 
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Refolatfc) .. 


KADICES. CtJBI. 


\ 


^^pamTo datus nnmcnis ctt cubus , « non 
ex^it nutnerum looo ^tunc cjus radix na- 
bctur in hac Tabrfi , in qua cvidens cft ra- 
dict^ tcrtiam^^ fcu cubicam nuracri lAi ^™ 
miineniin 7 ; radiccm cubicaro- numcri 719 
cflCb 9 . ViQiffjm paict cubum numeri 7 cflfe 
343; aibum numcrt 5 cflCfc x2f, 5te. 

Sir datns Aumcnis minor nuroero looo' nOn 
M cnbus j tum accipiatur radixproximc mi- 
jior ^ idcil radix .maximi cu5i in dato na-^ 
mero contenti.. ^ 

Sic radix cubica proxime mmor numeri 
124 eft 4 , quia ejus cubus ^4, cft maxfinus* 
Ciibus' contcnttts in dato numcrb 124, 

Gum autem datus. ntimcrus excedit nume^ 
xxm Moa ^ tuoc fcqyenti methodb extrahi^ 

tnr radix* 

larenienda fit radix tertia numcri 79507;,, 
qui Tocetur A . Dividatur datus nuraerus in membra aextrornim im 
opgaido^. ita. ut finfiila mcrabn tws cootin< * —^— .~ .^-k. 



9» 


92^ 


9» 


«S ELEM£NT0IKIJM AIXiBBHiM. 

nio meQibro fimftrorfiim ^ ^ftoi ali^pMiilo-. Main 
tantuifij rd duas habebic nocas, «c » bocexan^ A^ K 

plo apparec« 

Prscerea quot enuic menabra , cociion «eouatno- 79, 507 Li> 

tx in qusefita radice . " ^ i2i^ 

Poftea quzratur in ancececiettci Tabula tUidix ic- . ,^ 

tertia primi meu^i ad finiftnm pofici t &dM4ft- ~ ^ 

to numero primum mcoihriim 79 non «eft numcni» 15 f ug 

cubua ^ adeoque ;ipdpittur radix cnbi 64 frt<mmt ^^ 

minoris^ qM eft 4,&ponacttrinR.liiJi$i*lK ^^^^^ 
as 4 &if cubus ^4^ qui fubducatur a rrimomBK mZI 
bro 79 j & refiduum erit ly , cui JextroiAm «U o 

jungatur prima fequenti^ mcmbrifigura y, £ttl55 
mcmbrum dividendum, 

Deinde inveniacur ^uadracom itf inreotai ctdicis 4 > & mt eiua 
trifaum 3 X i<5, ideft per 48 , qui ponacur In D , divJdaoir xncni* 

Dj'^^* ^^*«« ? «^« «i^ radicii fgiira . q«« ponacur in R. 

Kadicis 4 j fiac aibas ( 79 . ) 795^7 , qni ftbaahatar cx ucrQque 
memhro daci numeri A; cumque nihil fuperfic, fignum cft numenim 
43 cfle radicem cubicam daci nimeri A. 
y^- Quando cubus jara inrencac radicis cxccdic numenim , 4 quo f«5- 
Crthcndus eft, Mmc unit^ce minuatur . ulcima i;aaici$ fiaura, ut videte 
cit m lequenci exemplo, . « .* 

Excrahenda fic radix cercia.a numero A * A " K 
ideft 155720871 , qui dividacur in membia l 

uc antead4ximtts« Primum membrum fmiftror- X5y.72o,»7i lyjg 
W ««< 155, hujus radix oubica proxime mi- "^ 

f or ^ 9i. ; eft 5 , qua dcxcrorfum ponacur in ,,- 

> ^ftut oibus Jly fobtrahacpr a primo '-^ 

fiembro J155 ^ tefiduum crit 30 , cui ad^atur 207 . (75 

frima npta 7 membri fc9uenji$ ^ ficc 307 , ,^ •^-^ 

qui aividaiur for Of K } , ideft per 75 tri- t48«77 C 

pluoi qu^dtacum radicls j qupticnscft^, qul 

^^^ u \ ^*^ *" * ^^^ fccnnda radicis figu^ ^«43« I8427 

la^ &i^abac«tur ladix 54 i hujuscubMs 1574^4 . .^~ 

lubcrahcndua eflcc a duobus primis ' membris xtfTioJ^i 

Wtqeri A ^^ fciUcct a nuRiero 155710 , ^uod - ■ 

pir4 nequi(;; l^^iideguc quoficns 4 unitace * 

ininuacur ^ jJC ponatuc j in radi» poft no- 

^^ ^A^A ^^ * ^"^"^ ^5*^^** ppccftas , fcu cubui 14*877 fubdiicttiic 
^ pTMlctQ numcro «5572.0.^ rcfiduum erit 6843 , cui dextrorfiis ad* 
lunMcur (cqpeo$ npta 8 tcrtii mcmbri ^ habebitur nnmcrus ^49* » 
qui divifut pcr numcfum C* idcft per triplum quadr^cum radids iii« 
vcnt^ 5} ^HQ^ ^ 84271. dac quotiencemr tj^ qui ponatur in R pra 
tcrcta radicis figyr#i , Ociwdc^ flac pubus. cocius, radfci* 538 , qui «rH: 
^jy 7^^871 , & fubcrahatiir cj^ numcra A^ rcfiduimi cnt ♦ 5 «infiK 

qucn*^ 



LIBER TBRTItJS. ^ 

qaenter hivciiOis ntuncnis R > idefi 5}' > eft radiz cubica dad iiu« 
naeri A. ^*^ 

Si di?i(br inrentuf non continetur in membro diridendo » omc 9f • 
ponatjkf • o^ iW «iil^MS«a^trttiu8' is^nte. nulidi ofait- (nMkam, nt 
fupra didum fuit; refiduo autem femper addatur prima nota fequen* 
tis meml»*i^9 & numerus^ qui^ inder cifitur^ diyidatur per criplumqtta* 
dratum totius jam invenue radicis« 

Ot in appofitt>' emmfi^ ^^ qma 12 triplum 
quadratum ^flxA imreM»' radicis % noh contine* 
turinmeoibfodividendo ^j^pMitup o inradice 
pdft )am inventam nota» %t poi^a cubus radi* 
clt ^^ 9 ideftSooo fi^birahitnr ex diiobtts prio- 
ribus mmbtis dati snMmii , idcft ex numero 
$998;, & refiduo fpS dextralfiHa additur prima 
flgura 9 kqttpm mcmbri p^» , & fit numerus 
S9^i V^ dividitnr per um triplum quadra* 
tim /aitt inyemas mdicifl ao^ fdiqua vero fiunt ut 
ii|(» nntecedcmibuf anemplis. 

Quod fi ex dato numero radiz praedido modo ^ [ ^ 

tratii nequitj fignum eftidatum numeriminon ^ ^ '^* 

cflfe ciAwA j neqne ha^e xadicem cubicam ».^ numerisei^* * 
vA poffit « ^ 

^ ProptnqBior autem radijiE > qws a vera infenfibiliter difierat » ittv6 
nitnr addeodo aliquot cifi-arum ternarios ad ipfum numeruiti datum » 
A tf eodem numero cum pradidis cifris extrahendo radiceai cubi» 
cin eo nxido> quo UAwsk eft fupra • Deinde ab inventa radice tod* 
dem dettforfims feccnmr not» , quot cifrarum teriiarii adje^. fuereT; 
reliqmtnotaf finiftrorfiim dabimt radicem ime&ram proxime minottm ^ 
atqne eadcm radix imcgra una cum fradione , cujus numer^tof Cfft 
ipfie rejeAas figurz , &. denominator fic unitas cum toc cifr is^ qndt 
cifinram tcrnaiii addid fuenint j eric radix. pro- 
xtmtor. Sic numero 12, qui cubus nonefty ad- 12,000,000 l^j^ 
ditts'*dttobtts cifraruail ternarijs , fit numerus 
S2000COO g cujus radiK rertia proxime minor s 
eft 22S , a qua feAis duabui figuris ob dnos ct* 
frarum ternarios additos ^ quibus fublcribatur u* ^ 

nitascumduabus cifris ^ erilir -rSrs radiapropin» l^S^ 
qitior > qnr non diffcrt un» ccntefiflaa Hniacis ^iS^ |r4l3L 

parte ^ rera radice • Si tres , aut plures ad* iiSyity^' 
dantur dtfiarum temacii, radix fanpcr verc ra;^ 
proximior invenictur. 


4^ ^i^^ 
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PRO- 


£UM£NT/>ROM ALOCBRiG. 

tROBlEMA <iUJA^JBLTUM, 
|(««rm itm^m^m nc ^iMck QfMMttn imshcH^ 

Rdbliitfo* 

Si aatt qu^ciuces func fimplices , CKcrahicdr radiic qiuiantta 4iri. 
dendo pcr iiumerimi binarium omnes exponences eiufdem quancicacis. 
Sic qoancicacu a* radiK eft aS feu a , qaia a X a xeftitiiic *» . 
Icem qaanuucum a* , b* , c* , radicesqnadraaeenmc a» , li* ,c» • 
^imiiccr radtx quadrau poceftacis V eft a*, &quanciucii k^ tric 
^t . Kadu quadraca quaBckads a^ ** c* -erit a 4 b cS &c 
^». Si daca qua^cicas Iulbec nuroerum «ocficicnccm , in primis exciahi. 
Xur .radiz ex numero cocficienee> ionca ircgvlB« tmdica« in prarcedcnci 
Problcmace Secundo; poftea eic quanciucibus iicceralibus^ juxu pr«ce. 
dencem numerum. Ucradix quadrau quanciucis 9it* b* cft^a 1^«^ 
quia 9a b** X ^a b' rcfticuic S x a' b^ « Iccn racUx quadraa qiun-. 
ttcatis 314 a« b* cft i^a^b*. 
99. Si aucem daca quancicas ^ componca , iic 

A» «4« aab — a ac-fib* — abc -h c*>/canc eac afiquo ceraii* 
vOf qai fit perfeftus quadratus, uc ex a* excraliacur radixj qosB erir 
^ \91*)^ a^quc ponacur dexcroifum incerjcAa lineola; detndc per«dtt- 
flum invcncc radicis a , idcft pcr ft a diyidaocor omnes ccrmini da- 
x«. quamicatis^ qai dividi "polftnc in intcgris:; dividMcur nempe cor- 
j^iini pH zab^ & — ^ac pcr la, &qu«ieates ^h^ tc-^ q^ 
mncur in radice poft jam invencum «certainam a ., aiqtte eric a. •<• b 
^ c radix quaBfica. Namfiacquadracum invdncs cadicia a «h b — c, 
Jk fubcratKitur cx dau quanciucc , nihil remanebic ; amfieqMcnccr a 
•i- b — c eft radix quadraca dacae quincttacis • 
^ Qood fi poft fubcra£Honcm aliquidrettianec^ figmuncric dacamquan« 
ttcatem «on cflle quadracam« 
|5o, Prseccrca radix quadrau cujasUbcc quaaciucis exprimkur poncndCo 

esjidem qoanciucem iiib lioc lignp V*, vd tT^ quod ^a«ii» rsulktJe 
nppcllacur^. 

Sic ^ idcm ijgniicac ac 8 ; ylL* , vd '^^ idcm valcc 'ac a . 

Icem yi5 indicac radiccar fecundam numeri €$. V^ab^^cn) £gni* 
ficac ladicem quadraura qoancicacts a b — c m • Acque iiac racione 
excrahicur radix quadrau ex ^libec quancicace 9 quac ' 9011 fic qua* 
dracum perfe£lum. 

G>roIlarium« 

ioz« Qiapropccr uc habcacur quadratoBi cujufvis qoamiiacis pofit« ^ &• 
gno i;adicali ^ (atis eft eam poncre cxtra fignum • 

Uc 


L IB E R T E RTI U $• . <|, 

Xit qi^drfttnoi quandttds /25 eft aj; nam cidtdis W Ggiiificai 

jp ji 4(* quadraoiBi nuaicri y cft^^n «rg^ yaj >< T<;fcy prodiicit jjr* 

Eadcm raiionc Vlf X VI5 =S ly • IcciQ Ka -^ b)^/'* -^pro. 
i3ucit a -— b • 

PROBLEMAQUINTUM. 
t{dJic$m cMcm$ ex ^Alfebtddt Quamiiiaibm i9etf$ikct0^ . . 2M. 

Rdblutio . 


\ 


t • ** 


Cx qatticitadbut fimpUdbus Tadlx cubica extrahitur dtiridniA»: p«r 
numcrum 3 omncs cxt>oncntes daurum quantiutum ; idcoqjic ra^x 
tertia qazntitms a' cft a ^ qula a X a X a rcfiituit a' » 

Item quandtatum a^ ^ b* ^ c' * j radices cubicae funt a* ^ b' ^ e^ • 

Similitcr quantitatis b* radiz tcrtia eil b 4 « qiiia.b ^Xb r 
X b i producit b -f , nimirum reftituit b* <32.). 
r *Cum vcrp.habmit numeros cpcficicntcs > tunc priu^ extrahttur ra« |o|« 
dix tertia cx numeris cocficicntibus , |uxta rcgulas tmlitas iivMctce» • 
^nti Problcniatc. Tertio • ^ 

haquc quantltaus 8 a^ b' radix cuSica crit 2a^ b. Jcctnradixqno* 
titatis 1X5 a' * b' c* cft 5 a* bc* . 

'Quod fi datA quandtas 'fic compoiitaj ut 1^4« 

a' : — i a* b -h j a b* — b' , tunc per aittece^mes regnlas^ 
cxtrabatnr radix cubica c^ Uliquo tcrmtho, qpi fic pcrfcae cubos, uc 
cx, a^ > & eju^ radix a dextrorfiim ponatur ^ critquc primus 4-adicia 
tcrminus. Poftcaper tripkm quadratum invcntas radicls a dividamnr 
omnes termihi divifibilcs , nimirum in hoc cxemplo pcr ja^ din^ 
daiur tcrminus — j a * b > & quoticns •— b ponatur irt cadice foi 
terminum a. Fiat cubus totius radicis a — b, crit 
aj — 3 a* b «t» 3 a b^ — b» ^ quo fiibtrafto cx daca quandute ^ 
nihil remancts adeoque a — b eft radix tertia dacxquaiititatis« Hu-* 
jus opcrationis ratio ex ipfa ciiborum gcncft patcc* 

Si cx data quamiute radix tcrcia pr«dida racionc cxcrabi ncquic ^ ^^5« 
ponatur daca qoantitas fub figno radicali a fupra quod (cribaiur iHtnacriif |. 

Sic Vz* j-- bc indicat radiccm tertiam quantitatis a* — b t: • 
Similiter^^y^ ^ fignifica^t za^ idcft radiocm cubtcaaiqaa«itiutis£s^« 
Xtem f 5X2 idem valcc ac 83 quod de ^ » i u qii;ki*frMHyyn» magnlni/l ini^ 
bus incclligacur . 

G>roUaruim« 

Hinc fequttur cubum cujufyis quanticads fub figno radicali >^pofi* to5* 
tx obtJMri fcribendo eandcm quantitatcm estra fignum • Sic cubus 

^ncitacis Kd^eft 64 { nam y6^ idcm omnino fignificac ac 4i fcd 
£lcnfema Maih^e^s. I ^»" 




S» ELIfAfENTORaM ALGfiBlRiE. \ 

tiabiL% Qttnf^^# e<t^4r; ct^** <6W qaaittittils A'^ crit- etkm ^ . 
Simlficcr ciAtti qiAttcicad^ ^tfbe^^ft a^bjtrftt^^ itit '<&' ttAiqdb» ^ 

Scholion* .. . . , 

Z07, Si tx clata* fra^fje .^xtraheiicla & «adiac i]uadnfta; ^ Vel cubica » 
tum extrahatur quxfita radix cam a numeracore j quam a denomina- 

.* . core ejiifiiem &aatoais\ Sic radiac qUadrata iaiSA^xam ii eric i , 
radix cnbica fraai sS eric i • ^ 

Similiter radix quadrata^fraAionir ^ eric ^ . Quantitatis verQ 
^««li»'qii*U«euc^^,v*^^ - 


.V 


»1 

9. 


cric 4- j & quanticatls -^ ndi» cwbica crit 

- / * ■ 


vcl crit 


IlI. « & fic de cartcris^ 

-«rahendo,.coi CibferibatHr denojninator diat« *''»«^*: ^ ^:, ,, 
'^cTt invcniatur radix quadrau fraaioms "b , «""l'^*""" ^JJ 
izVatquc ex produao 3« extrahatur rad^« fccunda , .qu« eft 6 , cd 
S,fo&- dcWlinator « ,, crit ,^. idott i rad.x qu^fi» • 
*^e h;.c Sr,.qu« dc liroque. Ca^uto >^^^^l^^^. 

■ Unmdi ftudioforum adolifcenuunn utilttatl^ *^°«, 'f^^S tSS- 
JSS?Nunc «t faciltor' iiflctn ad Gcomctri» Wa"*®*"^*"!* KS, 

. jSi^ aditu. patcat , ad H^Ycr&tn PropomoOum Poftrwatt cxpU- 

tBOidjttn an^m £aciainus» i 


. ' 


BLE- 
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ELBMENTORUM GEOMETRIiE 

LIBER PR1MU5. 

Ve Hfiantitattm ratiombus^ ir praportiombus ^ 
D E F I N I T 1 O P R I M A. 

QT^antiutc^ omne^» (]p« intei* fe cooipajirtaf arquiTes funt^ velfme* 
quales^ dicuntur Qiiantitatet Hamo^eneie , Teu 'ejufdem 'geneffT • 
OuocyiiUbct nuneri» (i imer fe coraparentut^ 9BquaIeserunt> velinx^' 
9uales; ideqque omnes numeri funt quanm^tes e^ufiem generis. 

Simnitcr ooxnes longitixiint% inter fe> pmnes fuperficies inter Ur, 
Sccy iiioc magfiicudines ejufdem gtntrbss quh fl due fongitudb^esitW 
ccr (e comp^rentar j vel enint «luales > vel una eric alcera major • 
Idcm incelligacttr de reliqtiis quancitatibos » 

^ D«6nltio 1 I. 

Quan^utes vero » qinp imer fe comparari nequeotit ^ qua; hempe 
sK^^ialeSj yel inaeqaalcs dlci non po/nint^ appellantur Qiantitates Hr^ 
terogenedty feu iiveifi genettT ^ Sic pondus , ic longittido funt quanti» 
taces becerpgenear ; neque enim dici pOteft dacum' quodcumtpie port^ 
dus sKiuale eile cuilibec dncs loi^icadini ,» irel ea majus^ yelminus, 
£c iic de csccris. 

Oefinicio . I I L 

Quamiiates i^omogenesr > qua? aliqnam communeni ipenfnram ha* 
^enc^ dicidicur ftumtitases cmmenfiee^M^s » Omnes numeri fum tom» 
menlura&iles , quia unitas eft cpdcuifiunis omnium numerorum menfu-» 
ja^ C Aritb«s>^ ) • Siotflicer linea feptem pedum > 21: linea diiodecim 
' pedum Joojgicii^inif funt licMsr commenfurabiles> quia alia linea unius 
pcdi^ looguudinis . jua. Jimecicur .. , . 

Dcfinitlo I V* 

Ilfe vero magnitudines e Jiif^em ^enerh^ , qnibus nulla invenirf po» 
ftft ^^opsmuoia jn^p(ura ^•q^anciutes/^Nro»m«}^^ yocamur» 

. QeuQRaliter d^^ quaittitate^ iQci;mtur commenfurabiles > quando pri«- 
JXA ad {ecuodan^ liabec .eandc;in'Jbabitudine(ii » feu relation^ j quam 
^btt' numerus allqfiii ad aHum pumerun^ » Incommenfurabiles vero 
ijinc^ cum habitudo> fcu ratio linius ad ^jterajh non cft fi^ut nume*^ 
rus ad numerum ^ nimiruQV Qumeria indicari nequlc » 

« 

■T:C l X 


^ EIEMSNTORUMGBOMBTRIiE. 

••* --1. « .•»• 

Oefinitib V. . • 

Qaoties qinlibet data qoandtM cum alta ejaflem generis conftf'- 
tor , fomparatio illa unius quantitatis ad alteram appctlatur I{at90 , 
qus duplex cft, Arithroctia nempc, 8c Gcomccrica. 

V L a - 


^AMbmidesrMtioiicim M qnando conffderattfer digeremi^ intc!; ^ 

datas quantitates : ut comparando numerum 12 cum' numero 4 > if 
conGderemus numerum iz excedcrc numcnim 4 per 8 unitatcs, lunc 
comparatio numeri la ad numerum 4 vocatur ratio Aritlimctica . Si- 
roiiiter ratio numeri $ ad numerum 7 erit Aritbmetica , fi confidcre* 
tnuf miroerum y pcr duas uniuces defipere a numcro 7. 

Dcfinltio V IL 

• ' . ... * 

J^i^/tf vero Gemettica appcllatur 3 quando animadvertitur primam 
qoantitatem continerc fccnndam^ vcl in ea contineri • Sic ratlo nu« 
roeri 11 ad numerum 4 dicitur gcometrica ^ fi confidcremus nuqse* 
rum x^ triplum cfic numeri 4 • Similiter ratio numcri 2 ad na- 
roerum 14 crit geomctrlca , fi nos animadvertamus num^rum 2 eflc 
ftptimam partcm numcri 14 • 

Dcfinitio V I 1 I. 

Omnis igitur ratio a duobus tcrminis conftituitOrj quorum primus j 
qsA nempc ad alterum refertur^ dicitur ^ntecedenr ratkmrj fecundus 
vero terminusj ad quem primus refcrtur , dicitur C(n^eqnfnt cjufdem 
raiionir i ut in ratione li ad }j numerus 12 cft anteccdensj ficnu* 
merus 3 cft confcqucns eja{!lem rationis. 

Intcr antecedentem j & confequcntem cujufvis dmt rationis geome^ 
triofle brcvitjicis cauflfa ponunturj duo punda ^ quae Qgnificant ad • 
Sic ratio numcri 12 ad numcrtim 3 itafcribiturj ix : i, & legitor ix 
ad 3 . Itcm c : m j legitur c ad m , 

Definitio I 3C 

. In omni ratione geometrica quantiuf illa , qnx habitndinem tx»» 
ptimit j feu rcQ^cAum antecedentis ad confequcntem , appellatu^ no* 
men taHonir^^^tl qudniHdirj feU 'vatot rationir ^ vcl rationir expon^r. 
Icaque nomeii ratioiiis 12: : 3 eft 4» ^uia itnaierus 12 qaadruplos cfr 
mimcri 3, Norocri , fcu Valor ratiohis j : X2 erit i , quia y cft 
quarta pars numcri il. Atque ita de rdiqnis. 

Dcfi- 


• 


Deiinitto X. 


/ 


Q&apropter cujufvis geomctricx rattonis nomcn> feu valor invcfii^ 
Cur dividen^o antcccdcntcm per confequcntera : ut nomcn rationis 
j8 : 6 crit p-, ideft 3. Qjiantitas feu valor rationis 1^x6 crit 
V j idcft 2t ( Arith. 17. ) . Item rationis ^ i tt valor crit -fi * 
aimirDm •{ i 8c rationis 12.: 28 valor crit ^, idcft i» 

Similiter nomen, fira vaW rationis cm : c ^ric ^^ idcft m ; 9t 

rationis a : ac valor crit ^ j five 7^» . . 

V • c c 

Defimtto XL ^ ' 

QfigliBct igitur geomctrica ratio gecfiilit eft fra^lioni , cn^s nfime^ 
rator fit antCQcdcns rationis j 8c deiiomfnator fit c^oiift^uens c/u£iem 
rationis. Nam exempli gratia valor rationis 15 : 5, pcr ca, quxdi- 
ximus in antecedenti Definitioncj cft 3f item valor fraOtonis V^ft 
etiam s ; ergo ( axiom. i. ) ratio i; : 5 squalis cft fraAioni -i^ • 

Similitcr ratio a : c «qiiaUs eft fraAsoni 4r • confcqucntcr data 

qfaalibec Vatione a : m ^ habemus frafiionem aequalem -^ f 8c c con^ 

verfo dari^ ipalibet fraAiooe «^ , asqualem habeoMi gcomQQricaai ra- 

•tioncm 6 : c. 

Dafinitxo XIL ' 

lOtiHffis Geometrlcde Jnnifes i dr esJUm^feu ^quales dicundir flhi^ 

qu« habenc valores aequalcs^ five quarum antccedcnccs caodem habi- 

cudinemj feu refpcAum habenc ad fuos confequcntes •-kaqne rationes 

la :^ ^ ap : < ^ 28 : 7 ^ &c. func rationes «quales ^ quia habent 

idcm noracn^ feu enndcm valorcm 4 ; cft calm i-* = *^ zr: V 

-=;=: 4 ( Aruh. 57. ) 

' Iteni rationes 2 r 8, j : 12 &nt asqualea fater fe^ qbia | ~ ^JL 

r:^ f C Aritb. fx. ) . 

Simifitcr ratio ac : c xqualis eft rationi a m : m ;^ nam valor nt- 

cionis ac : c eft ^^ ideft af. & valor radbdis am s m cft ^^ ni^ 

miaim cadem quantitas a . 
Generaliter ratio a : b (emper Bequalis erit rationi Q t itij qMCias 

'ftertc -r- = ^ j & cconverfd^ fi fberk a ; b =r « : in /crtc criam 

ConiiBqoenter cqiales rariones codftioiiim fiaAione* aqndnj &Ti^ 
ciffioa aqiiaici iniO^iooa confttnHinc miooa aqinltt. 


S 


De- 


7» BtEMp>N-r09.UM q^pWf iRIiE. 

Ik$tim XIQ. 



Dcfinitio XIV» 


Troporth ^ five uc aliis placct 3 pt^poffhfuiit^r , vel mdi^U tft 
«qualium rarionutn comparatio. Itaquc fi du2 «quales rationcs ( De- 
fin. 12. ) 12 : 4^ & 15 : 7 intcr fc comRarcntur^ fict proportio ita , 
12; 4 queraadmodum 15: 5; idcft antecedens 12 eandem habicudinem^ 
l%Xk iffUtioQcm b^c gd fuum coniamen^eai 4 ^ ^uao» babcc ancecc- 
jkns is* ad fuuqi confequentcm 5» 

Similitcr dq«e rationfs aequales am?ra. &bm:b cpn&icujintpropor» 
tipncm am a4 a^ fipujti bm ^d b; idcu quam babicudii^^ ^ feu re<- 
fpc^hun babec am a4 li« cf^n^em pari^cr relatipopii bajaec bia ad b» 

' . Dcfinitio XV. 


|C 


Qfitpif«pier^ igutMoir itermiiii Ciifit geomeiurif^M^fropor&iosaiei « qiMtfw 
do primus eodem modo ad fecundum Vefertur , ac certiu^ ^ qu^tum. 
Proportio yero quatuor tcripinerqn» :b^ ijatione fcribitur ' 
X2:4:m5:5^ vel 12:4 — i%\% , & legitur 12 ad 4 ficuti ij ad 
i^^fX \% ad;4 «quale 1% a4 % i & fic de c^tcris. 

:' r^, JPtsfiniftio XVL 

C^ni«n^oporiiU>jjecm!triga flwauiqr t;efmi»Qn)W a dwJbus apqtt** 
libus rationious Conftituitur ^ & qu«iibet ratlo diibs tcrminQ^ ;f^^^. > 
antei^enc^m ,ncmt>^/,4c.4ConiequcpCi9m> hinc eyideficcr fcquitur >^ in 
bmni proporcio^e duos eifle antecedenccs ^ primuQi QcmpCp & {ercium 
term^ttPJcn ^ iccmqws .dup$ cpnfcquencjes ^ fecundam ^ & quarcuqa cccmf-^ 
num » Acguc primus cerminus dicitur primttf snteccdenT ; .cercius vero 
'i^tttkwas:/ecundu^ antecedent yocatur.' S^cundus terminus fnmus coTt^ 
/efptenf appellacur^ & quarcua ccrminus T^Aviii^ir piopAmoind catf&-' 

' Bl«*»a ,pi»nvi% tfionjnus^ ^.OPajKi^^ diwocur tejnrnnfsfxts^enet^ml 
extrema; fecundus vcro^ & cercius vocantur terminimediiy ytlmedia. 
Infuper antccedentcs' inter fe, & conrequenCes eciam incer fc dicitfi- 
tat te^mfBi . iemolpgt^ idcft ^^ifdem mminir » Uc ii» . propordoiie 
12 : j : : 8 ! 2.; texmini ix^ St A ««ocancitr termitti hoiebcio^i^ ^ia 
func ambo ameccdciKes . Similiter termini j, & 2 dicuncurhomolor 
gt j fctt cjufdcm npminis % funt enim ambo confequentctv 

Defir 


ftftfinkioXyij! . 

Qfaotfes 4Al^&dr rdrmini fimt pr6p(ntt6fiti#3 ft' ftctiAdtts Mtmihitil 

a:b::c:in» 

Dcfinitio KVIIL , 

Cum vero fecunfdus termiiius aequalis eft t€ni6 , five quanjo' pd« 
mus terminus aj fecundum eandem ratlonenl hab^it^ quatn' rdetn fe« 
cundus ad tertium ; tunc ea proporiio aoralnua vodatur ^ '& ttibus fo^ 
lum terminis ex^rioiitu^ , atque indicatur hoc figno -rr^ <^od eiaeo^ 
proportioni pneponjtul'. tJt proportio 

24:12: :i2:^ eft continua^ & fcribitur hoc modo — 24:il!f ^atl 
^oe lc%huTj, proportio geometrica cominua 24 ad 12 ad tf j vel 2^ 
^d X2 eandem rationem babetj (juam idem 12 ad 6. AddDcjueinproI 
portionc contihua fecundus* cdtminus gerit vices coiifeqlifeilciSj^ jcan^ 
tecedcntis; eft nempe confequens primf» & ant^£eden& ter€Ut<!timni; 

Similiter proportio • . . , 

a : b : : b : c eff cont!nua'j ft iu fcA-ibitlir ^ a : b : c> atque le- 
S,\tnc a ad bj ficuti b ad c. 

Defiaitio XIX. 

Proportlo Geometrica continua^ quas pluribus tjuam cfibus eonfUt 
cerminis ^ vocatur VrogreJJio Geometrtca ^ quc ad infinitos tenninbs 
continuari^ vel extendi poteftj five termini crefcanc, five dccrefcanc. 

Sic ProgrciJiq -ir i : 2 ; 4 : 8 : 16 : 32 ; 64: I^ 25^$ ftc. ^ft iMgreT; 

fio crefcens. . ^ ' ^ ^ 

• PrOgt^flBo vcro -^ 8:4:i:':*t-i:4: ?$ : ,h : «S &c, eft Aacw 

crcfcens i acque ambas in infinicum- coiAnnati poflimc » ttt ptr fe paceill 

P R O P O S 1 1 1 O P R I M A* 

■ • 

M»V fuaimr nmims^ftf^ionalibmf^ prpthiSim €xtrmf/tm I^iftpCf 

«equalc crit prodnSo mtdiorum^ 

Slnt qnmior cermim pfoporctonales 
a:b;:c:m.>dipOjrpro4iiifti«m am extremorum a> 4c m> IB(]aaIe,tiQft 
^roduOo bc mqdiocmn bj. & c. 

'" ' .DoMiiftricio^f ,t... 

Qponiam 'CX' hypoffiefi eft' 

ii:b?:c:>mj4v^( Dbfin. 15. ) eft » ■ .• 

a:b 
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a:b = c:ai j & aRiuales rationes conftituunt fradionesaequtles (De- 
fin« Z2« ) ; ei^o erit -|- =^. Maleiplicentur fequales qnancttates^^ t 
& -^ per bca ( quod eft produ^um con(c9ientiuQn terfninonim , (eu 
denominatoram b, 8c m} , enint ( Algeb« 68. ), prpdufta ^J^ , Sc 
-~ ^ ideft (Algeh.}6.) am^ & bc «qualia inter ft ( A&idiii.4« ) / 

erit nempe am cbc* 

(^apropter datis quatuor terminis proportionalibus ^ iive numeri 
funt^ iive longitudines ^ five alterius cujufcumqut generis qiianticares, 
fempcr erit produ^m ex primo in quarcum zquaie produoo (ecnndi 
termint in tercium. Quod erac demonftrandum .^ 

In hac' Propoficione generaliflime demonftravimus quod Euclides de 
linets in prima parte Propoficionis itf.Xib. 6;^ & de nu(neris in pri- 
ma parte Pr^^ficionis ip. Lib^ 7- den^onftrat. 

Sip iexempluin numcrtcumj ponamusnempe a-^ar, b — 7» czs5, 
& m = 2 ^ habebitur proportio ^ ' ^ 

2x:j::6:2; 8c multiplicando extrema, at«|ue medta , erit «quatio 

aLj.X » ?= 7 X 6, ideft 4i = 4^. 

PRDPOSITIO.S5CUNDA. . 

t 

Theorema* 

Si ouaiHOt temim ea camdiHanc intet fe comPoraei Jha , ut ptodufhm 
€x fripuf im quanum ^uale Jh produHo Jecuudi, tfrmiui in tertium » 
. iruut iidem termini frQp9ftionAler intcr /e r 

Dati fint quatuor.termini - : . ^ . 

b, a, m, c, & reaangulum ( Algeb. 77- ) fc» produaura bc ext». 
fwrum «quale fit produfto a m mediorum , dico ,- d ws,, terminps ^ 
inter fe proportionales ; eric nempe 

b:a;:m:c. 

Demoo^tia* 


-. *-' 


Etcnim ex hypoihefi hab^mus b» c :?: a m , & dividendo «q«al« 
quamitates bc,&ainperac( quod eft produaum fccundl lcrmim 
» in-teniam c ) , quofiente»^, 6c j^ ( 'AKi<>m.y.) enmt «qmkss 

erit nempe ^ = F? » »^«'* f = f ^ Algcb. tfi. ) . Scd aqualcs 
fraaiones conftituont «quales nciones ( Defin. w. ) ; ideoqae opm 
Oftfenfim» fit ^ i= -E-v ait pritcr b : a aa m : cj fivtf b j a : : 
m : c ( Defiii.*if. ) .'Ergo datis quaTtuoif ftrnilnis cujof^rii' gcrtcr^ * 
fi produAum extremorum acqiUik firfvodaao mediorum, fempcr da- 
ti termini erimt proportionales . Qucil «Ht oftfBdendnm'. ;<•'-:' , 
Hoc Theorema Bcneralcm conu«9 P«»owrfdof»^;eiiw* q«*»M 


' :liBE.R.P RI MU S. 7J 

EucHde ofidlduur in fecunda Farte Propofitionis x<« Ub. tf, de li« 
neis> 6c in pirte fecunda Propofijdoii|i 19* Lib. 7. de numeris, 
Sint numeri 7, 28.^ 13 > 52^ ejus conditionisj ut 7 X 52ad«qtte€ 


X k 


CoroIIarium , 


Quapropter duo qusdibet pfoduda «qualia y Gvt qiixlibet cqnatlo re- 
fbj?i poteft in quatuor.terminos proportionales^ quorpm extremi (int 
fi^ores uniits ptoduAi , & medii termini fint faflores ajtccriys jsqua^ 
lis produdli s quod dicitur tequaihnem diffclverp . 

Sit zquatio 
12 X4 ^ ^4 Xi , diflolvendo hanc «^atiooem^ fcmper c iig propo i t to 

12 : 24 : : 2 : 4, vcl * 
12 : 2 ; ; 2St .• 4^ yel 

4 ; 34 ; i 2; 12^ vd . " 

4 : 2/ : 24: i2> Vcl 

245 12 : : 4:2, yd . 

24: 4 :: xl : 2^ vel 
2 : 12 :: 4: 24, yel 

2:4:: X2 : 24; quia fciBper froduasm cXtcnmpMI adsqBtt pt^ 
du£lttm mcdiorum; cft enim 
^a X 4 =^ M X 2, lire» qpod idcm eft^ 

24 X 2. 5= 12 X 4. 

. Gencralicer fir aBqsatio 
am :=abCj diilblvendo cris 
t : 6 • : c : m^ vcl 
a : c : : b ; m, aut 
m : j> : : c : a^ vel 
p : c : : b : a> vd 
b : a : : m : Ct auc 
b : m 1 : a : Gj vel 
c : >a & : m : b » aut 

c : m : : a : b ; loBper ^m pradaAnm .•extremoriim «qualecS jm« 
du^ medianim^ cum ex bypothc& £t 

PROPO^ITIO TERTIA/ 

Problema.. 

tJatis tfibm Utmims iifMmft guMtm timimtm pfcpofiiof$0lm^ 

Pa ri fint ties^termini a^l^ m. 8c inveniendus fit quartos ^ ad 
^tim tertius m eamton ntfooom mbcac^ qoam habcc primns a ad 
ftcnadum b« 

$ 
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RefoUKio. 

f 

MukipHettiir feciiikhit hpot tflrdnm nij 4f pmJnaBm bMdivi^ 

Cfir per primum cerminum a^ quociens ^ crit quartus qmdicte ccnm« 

tm proporcionalis • 

Demonflracio. 

Qjiia X poceft fignlficUrc ouamliliec^ incognicara quandtatem ( AI- 
geb. 3^ ) j ideo quarcua qusucus cecrauius yocecur Xj atque cunc ha- 
bebicur proporcio a : b : : m : z; & mulcipiicando media^ &excre* 
ma per psimam Propoficionem^ eric produaum eacrcmorum ax=::bm 
produAo mediorum; 6c diyidendo cocam aequacionecn ^ ideft duopro» 
du^ oqualia ax, & bm per eandem quancicacem a^ quocienccs erunc 

SBqtiales ( Axiom, i*) , eric aempe x = ^ . Ergo . quarcus quarficni 

terrainus SBqualis eft quocienci , qui oricur dividendo produAum ek fe* 
cundo cermino in cerciumj per primum ccrminum. CJuod eracfacien* 
dum^ & d^onfirandum* 

ScboUon. 

In bac Propoiicione praKHipaam • celcbcrrknaaiiyie dcnionft.nY\tn^i 
Arichmecices regulara, qua; VroiH)rtionm» BjfguU vocacur , «cqut ob 
cjus pracftanciam, 8: immcnram fere ucilicaccm WJtgulA .^iinf^ nnnGU* 
patur. Vulgo auccra dicicur tijigula^ trium^ /jfii^. cx cribus dacismme* 
ris quarcura quafitum proporcionalem invenic ^ ucanccd^monftraviitiosi 

Per hanc rcgulam, qux fjfcillima eft iis, qui muUipiicationem ^& 
divifionem perfeac didicerunc , difficiliorcs quarftiones - Arkhmctic» 
refolvuncur . Uc autem luvenes hujus reguls utilitacem y acqucf exceU 
lentiam clarius incelliganc ^ optimum eric nonnullas quxfiiones rcft>Ivcre» 

Cum aucem in omni quxftione cx tribus datis- numctiS' dub^^cm-* 
per fint homogcnei , & alcer fit ejufdem generis cum quarto ^alfitoy 
kaque in primia ovdine difponcndi fiint daci nwDCrs^ ica uc mcdiuo» 
locura ccneac is^ qui boinogencus. eft cum quavco invCDtcndo ; ccrlio 
loco ponatur is^ qui quxftionem annexam habec; & is^ qut hkieho^ 
mogeneus^ eft ^ p^ioio Iqco fcribacur • Poftea , juxca ancecedentem De-> 
monftrationeo} ^ muIcFplteetur fecundus hk tertium /&i>rOduaum di- 

vidatur per primum nuraerum ^ quotieqf eric quartus quasfitus numcrus« 

• ., • ' - i 

Qiaaio PriW- 

EftTabellarius^ qul percurric.milliarjtt ^i^boris tZ^^.qusricar.qQoc 
horii fWi?urrct nnUia. 420. Tcrmiiu^^^^.iofl^ 
to quaeCco funt horie 12; hic ponacurUcundo loco. Teru^iliusj qui 
anncxam habct qusBftioncm func milliaria 420 ; hic fcribacur ccrcio lo* 

^ ', . ? '00 : 


€o: ffAmo «orem ItKO popatur cermi»» huic homogeneus , jpcmpc 

millia 72; (cilicet fiat 

MiL Hor. Mil Hor. 

7% : I» : :-4^ : • Mokiplicftar 420 pv %%, & produAum 9040 

dividatur per 7^ > qootiens 70 dac qu^cum qusficum cerminum ; eft 

eotm 72 : Ix : : 410 i 70^ quia 

71 X 7^ = ^^ X 42^ ^ 5049. Addoqu^ horia 7^ Tabellariui pcrrar« 

KC pmli^bi milliiria 4^ 

QpKftio Secaadt* 

Airgenteis lihris Boftrattbus t^i empm fuerunc i^ ulns panni^ 
qiKBritttr pramtim Qlttanun 9 e)u(dem panni» Qrdine difpopanjtur cer« 
mini j ut antea diximus^ nempe 
ulnas^ lih* ulnar« lih. 

16 : 192 : : 9 : • Atque duAo 9 in 192^ produAum I728divi- 
datcir pcr 16 ^ quocns zo8 erit quflBficBs flumcrus iibranim » . 

Secundo cum in daca qucftione :plures quam trea inveniuntnr Mr^ 
mini ^ nimirum 5 > vel 7 ^ vel 9 j aut etiam pliires , tunc rcf nla pro» 
portionam^ dieitnr Cmmfofitdi atqnc inter dacos terminoa tre$ femper 
(imt ptsBeipuij alii vero minus principales, qui cum tcrminis princi- 
ftUbtts componBntur , ut ^anc trcs folBm termini : fiputi videcc eft 
Vn eicmplk feqtteatibus. 1 

Qiicfiio Tercia. 

m 

Milices 48 diebus 6 ezpenderunc argenceas libras 433 j qusriciir qooe 

N» tlxpeiklav debeanc milices ^6 diebus 9« 

In hoc problemace cres prsecipui cermini func militei48 > librsr 4)3» 
Sc roititcs J6. Ad milites 48 fpe£bnt dies 4^ &: ad milites }6 fpc- 
Aanndies 9; adeoqoe mulciplicetiir 48 in 6, & 36 in 9^ fieat duo 
-prodtiAa 288, Sc 3^4^ quonm prinNim a88 erit primus cerminus i 
(ecundum vero produdtum 314 erit tertttis terminus » Sc pro (ecmir 
dp ponancuic libns 43^1 fiac nempe 

288 ; 4J2 r e J24 V 

'MakipNcefiir 49^ per 114 » fe produaimi 1399^8 i|svidamr pcrpri* 
innm terminum 2883 quociens 48$ eric qucficuacerminus: piQnuloqK 
milices 3tf diebus 9 folycre dmnc libras 48^« 

Qu«ftio Qiiarca^ 

MerbaCores 4 libris -80« menfibus 3 lucrantur Hbras ^o ; qucrlcttf 
qpot libras lucrati finc mercatores 6 libris tfoo menfibus 8 ; nenipe 
4^ 800, 3 : ao : : 6, x5oo ^ 8*: x. Trcs y-aecipui tcrmimfiifftmep* 
catores4, libne 20. & mercatores 6. Ad mcfcasorcs 4 fpeftant li- 
bne ztfop ^ ic mettfes 8 ; adeoque muItipHcctur. 4 in 800 in 3 j jK 

DfTvltiAum of^co Mf nrimiis f#rminii«. fi4mifit^ mnlciDliccCur ^ tH 


produAum 9^00 cxit primus terminiiSA Simititer mdtiplicetur 


y 


L 
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t6oo in 8j & produAum 76800 erjt tertius terAiinus; fecnn^ ycfo 
crunc librae 20: itaque eric / 

9500 : 20 : ir 76800 • x . Ducatiir 76800 in 10 , 8c {>rodu£hiiii 
1536000 diviclatur pcr 9600 ^ quotiens ii5o crit numerus librarum i 
qux a fex mcrcatoribus libris i6oo mcnfibi?s 8 lucrata fue^pnc. . 

Tertio regula trium five fimplcx, five compofita fit, femper voca- 
tur direHa^ quoties primus terminus eodcm modo ad fecuQdiAn re- 
fertur^ ac tertius ad quartum qusefitum^ ut iti aHtecedentibQsqoaBfticK 
aibus* At quum data quasfiio talis eft natui^ae^ ut quanto primus ttt'- 
minus majorj aut minor eft tertio , tanto' quartus quaefitus major ^ 
vel minor e(K debeat fecundo ; tunc regula dicitur inuerfk , vel eucr' 
Ja^ aut reciproca\ atque cunc qu^fitus terminus invenitur divtdenda 
per tertium terminum prodtt£lum ex primo in fecundum • EsKempla 
rcm declarabunt. 

Qijseftio Quinta« 

Ex ptnno habente latitudinem unciarum 32 pro veftimentis Mar- 
celli poficae fiierunc ulnx 9 : quaeritur quot nlnx.p^&tm Bru, ex pan* 
Sko vefti fnbfutOj qui latitudinem babebac unciarum. 24* 

Qvihy ut per fe patet^ quo major eft latitudo panni j» eo minor 
requiricur longitudo^ feu numerus ulnarum panni ad veftiroenta pcr» 
ficienda; idcoquc cum in hac quaeftione latitudo ^4 CecuT^dV patuic 
minor fit latitudinc 32 prioris , numerus quxCttus ulnaruni Uchti&\ 
panni major crit numero ulnarum 9 primi panni . Confequentcr quan- 
to primus 32 major eft tcrtio termiao ^4 > wnto quartus quxfitus 
major erit fecundo 9 . Quapropcer fi quarcus quscficus yocccur x , cnt 
proportio 

32 : 24 : : X : 9; & jwultiplicando media, acquc cxtrcma (Prop.i.X 
cdt aK]uacio 

24 X = j2 X 9 , ideft 24 X = 288; & dindendo cocatm aequationem 
pcr 24, eric ( Axiom. 5- ) x = ^1^% , ideft x = 12; crgo quaytus 
qusefit^s cerminus cft ii: nimimm 12 ulnae panoi laci uncias 24ean» 
dera veftem faciunt, ac ulns 9 panni h^cntis Uciittdincm unciaruai 
J2. C^apropcer in regula crium inverfa qoartus Cermin«s invcnitnir 
mulciplicando primum terminuAi per fecundum, & dividendo produ» 
ftum illud per tertium tcrminum j quotiens cric quarctts quaEfitus 
tcrminus » 

QjMeftioSeitu» 

]n Urbe obfidione cin£h ali poffunt milites 1200 mtnfibus S $ 
qoaBricur quoc mcniibus ali pocerunc milices 2409 : paucioribus men«^ 
fibtts , ut f acec , quia qiuo plures func milices , eo citius confiimuhcur 
«nnoQs. Ic&quc quanco primus terminus z2oo minor eft cercio24o*,. 
canfio quartus incognicus minor cfie debet fccundo cecmino ti ided« 
que refolvatur q^zftio per regukm inverfam , nimirum mulciplicecut 
l^rimus z2oo pcr fccundum 9 j S( produAum 9^00 ^yidatur ^ 

. tcrw 
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^terttiifn terqainam 2400 ^ quotitns 4 eric quartus qaaditbs otanerus t 
cft enim 
1200 : 2400 : : 4 : t^ ut evidens eft« 

fiadem metbodo refolTuntur omnes ali« qnieftloiiet ad regulampifa^ 
portionum fpe&antes« Reliquat trcs Aritbmetices rcgake» niminim (a> 
cietaiif, Vojhiomt ^ vel Vaifi^ c^ ^ligMifmif ex hac propordonumre- 
gula omnino pendent: nt videre eft in AritbmeticesAuftoriibos^quos' 
confiilant ii^ qui eas perdifcere cupiunt. 

PROPOSITIO dUARTA. 

Theorema; 

Datir quatmt tetminir ptoportiatuditur , primur ad tertium eanicm ra* 
tionem baiehttj qrtam babet fectmdus ad q$tartum. ^que bn af£u» 
meraandi genui dicitur Altcrostrc > w/ PermutaKe ratioam » t 

Sint quatuor fermini proportionalcs 
a : b : : c : m ^ alternando erk 
a : c : : b : m« 

Demonftratio » 

Cum ez bypotbefi fit a : b : : c ; m ^ muftipl^anda media ^ au 
qae extrema^ erir ( Piop. i« ) am = |c; & di^lvendo ex.a per c 
( Coroll. Prop, 2, ) erit a : c : : b : ra • Qjuod erat dcmonftrand^m» 
£ft JVopofitio t6. Libri .7. EncUdisr * 
Sit if : 12 : : 7 : 3 , alcernando ^it 
2* : 7 vi,hi%% : j '^ quta 
2» X ? =& 7 X 12. 

CeroUariai»^ 

(^apropter datis quatuor quantitatibusproportiomfibus^ ftt a r brr 
c. : m^ fi prima quamius a xqualis liierie terthe c > etiim ftcunda 
b cric «quatts qoartai m^ fi ve>o prima % raaior fiiertttertia c> etiana 
-fecufidab major ertt qaarta m.» Item -fi prima a mingr fuerit ter» 
tia c ^ etiam fecunda b minor eiit quiuta ni> quia ^aifctniaado feoK 
pcr babetur a :. C : : b : m. , . . 

£ft Aropoficio 14. Libri 5. Euclidis* 

PROPOSITIO atr^NTA- 

Theotema***' 

Sifuerim fuatmor termtni proportionalet , feeundur ad primum eaudtmf 
patimem boMit, fuam batet qieattur ad tertium. Quod didtur M* 
. donem invertere ( D^n^ 13« ) • 

Sint qua^or cermini proportionales 
a : m : : c : b» invcrtendo erit 
: a : : b : C 


BLB^^ENTORUM GEOMETRIiB. 

Demoofiratio . 

• 

Kabemds t% hjpathM a : m : : c : b; erff> ( Pfop. t. ) crkab 
S= ctn; & diilblvendo «qaacioaem ( 0>ioU. Prop» z. ) cric m : a 
: ; b : c . Qvtod erat oftendendum . 
Eft CoroUarium Propoficionis quartae Lib. T« Eiiclidis* 
Sit 3 : l8 : : y : 30, invertetido crit ^ 

18 : 3 : : 30 : 5 ^ ut evidens cft • 

P R O P O S I T I O S E X T A . 

Theorema • 

f)sfif qtkOftot tetmMr ptopottio^Mlihmr , fmmmM primi ^ 4f* fecmtdi esf^ 
dem tMionem haMit ad fecmidmn , ^uam haket fwnma UrtH cnm' 
qmtfto ad etmdem qttartmn. H>c ar^umenfandi £tnitj apfeliaturCom'. 
pofitto rationis. 

Sint quatuor magnitudtnes proportionalcs 
a : m : : b : Cj componendo erit 
jR>t«n:^:in*:i>">hc:ct 

Demonflratio • 

(^oniam ex hypothefi eft a : m : : b : c, mttlcipliasido media ^ 
& extrema crit ( prop. i. ) a c = b m . Utriquc aquationia pprti ad^ 
datur c m produ^lum confcqaentiwn m ^ c j fict ( iUiom. 2. ) no^ 
«a oqoatio 
ac «H cm z= b m *4» cm ^ i^eft 

a «^ m X c rr b -h c X m ( Algeb. a8. ) ^ «lia mHkipliao& 
a «t* m per c prodndk a c 4« 0«^ & mukiplicaodQ b «t* c per m> 
dat bm ^ ii cm; ft diflbl ycndo aBqoatioocm 

a4imXc = b-HcXm^ habcbinir (CorolkProp. z: ) a^m: 
m : : b ^h c : c . Quod ^rac dcmonftrandum . 

Eft Propoficio i& Lib. 5*^ Euclidis. 

Sit 8 : 2 : : 20 ; j^ componcndo crit 
8 -h 2 : 2 : : 20 -»• y : 5, 
10 ; 2 : : 25 : y. 


\ 


p^d- 
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l^H O P O S I T 1 O -S E M 1 M A, 


t • »•* ' 


Thcorema • 

* ; 

Qmikr fketbtt Msawot ma^mtMdiMCT prppo^Un^ dtfftftMtik hiter 
frimnm , c&- jeamdgm ad fecmdam emdem rati^ftem hsbeiif^ quam 
bmbet d^eremid haer tertidm ^ dr guartam ad eandem fuartam • 
Hac argmaentatio dieitmr Diriflo rationis* 

< 

Sit a : b : ; c : fn ^ diyidenio cric ' 
a — b : b : : c — m : m, * . 

Bemoofiratio* 

.Eff a : b ; : c : m ; ergo ( Prop. z. ) eric a m i:= b c • Ab seqna*» 
libitt. produAis a m ^ & b c fubtrabatar eadem quanticas b m ^ produ« 
£lum oonfequentium b» & m> remanebit ( Axiom. j. } 
am — bm =: b c — bm , fivc , quod idcm cft ( Algcb. a8. ), 

a — bXm = c — mXb;& diflplycndo cx a — • b pcr KCo» 

roU. Prop^ 2. ) cric 

a — b :*b : : c — • m : m.'Qiiod crat oiteAdendmn% 

£ft Prppolicio 17« Libri %. Euclidis* 

Sic 22 : 7 : : 3 : I ^ divideodo ctic 
21 — 7:7::? — i:'^ idcft 
14 : 7 : : i*:- !• 

PROPOSITIO OCTAVA- 

Thcorcraa . 

DsUis quattm magnitudinihur ProportionalibttT , tta tfh prima ad diffe-^ 
tJntiam inter primam, ^ fetimdam ^ ficmitertia ad differemiam tu* 
ier tertiM^ ot quartam. £t hic argumentandi modus Convcrfio ra- 
cionis a^pellatur. ' ' 

" Sii a ": b r T c : m^^ conrcrcetfdo trit . » * " 

a:a — b::c:c~-m. 

*• f 

Demonftratio. 

Quia cx hypothcfi cft a : b : : c : m ^ multiplicando mcdia > tt 

cxtrema ( Prop. x. ) crit am =: bc. Ex eodemprodudlo ac ailtece- 

dentium a^ & c^ fubtrahantur aequalia produda am.i & bc^ rcfidua 

erunc sequalia ( Axiom. 3« ) > crit ncmpe "^ 

ac r— am ;= ac — bc, idcft (Algcb. a8. ) 

c— • 


m 
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— m X a =s a — b X C| & diflblireDdo siquacioikm 


c— mXassa — bXci& diflolvcndi 
a — b ( CorolL Prop, 1. ) , crit proporcto 

•'«r"'^^:^-^ — «"• QP^ ^^ dcnuMiftrandmn . 
El Pfopofido rj. Libri 5- Euclidis. 

Sic X2 : 3 : ; a8 : 7^ convcrccndo crit 

ti : 12 — i : : 28 rllS — 7, ncmpc' ' i i 

12 : 9 : : 28 : 21, quia ^ • ' 

12 X 21 =: j^ X 2«. ,// 


* < 


PROPOSITIONONA. 

Axionu . . ■ / 

^'^f*f" 'j^' ''«»** r4ft?ow«» 6^«r ^ ^i^ ausntUatcm, 
Vtctffim tsdm ftkmMaf eamiem rationem habet ad JauMlet auli 

Sic « = b ^ & data fic alia quamicas c ^ cric -f =. — ( Axiom.' 

y« ) ; ideoquc eric cci^ * 

a : c : : b : c ( Dcfin. 12, 14. ) ^' • 

Similiccr cric ~ = ~ ( Axioou y. > ; confcqucnicr ctU c : x 
: : c : b ( Dcfin. X2^ 14. ) . 
Eft Propoficio 7. Libri 5. Euclidis. 

P R O P O S I T I O D B C I M A. 

A>cioma* 

MdiinitudiBef , fum hAM eandem rathnem ad eandem pkmthafem i 
fmt inter fe aqiadet . SimUiter fi eade m m^gmtudo eandcm rationem 
hati^it ad aliaf ^uatHitatef^ fuanthatef iffa eruni interfi aqudes% 

Sic a : m : : b : m> cric a = b ( CoroIU Prop* ^ ) 9 quia eft 
tn :^ m • 

Prarccrca fic ra : c : : m : b j cric c = b ( GoroUar* Prop^ 4» )/ 
qiiia cft m = m. 

£ft Propdido 9. Libii u fiwMii. 


PRa 


PROPOSiTIO UNDECIMA. 

Axioma • 

t{atfdnefs f ^ f^ fimUf , feu mifidet eidem tMimA , vri itpkJihi 

rMtiomiuf j funi aiam ^eqtudcs inUf fe . 

Sk z i h i : ( : %, 9c e : m : t f ; g , niaiiraai ( Defin. xy« ) 
a:b=f9g>&c:ai = f:g^ ( Axiom, i. ) eric ;i ; b S c : ai# 
ideft a : b : : c : oi 5 ut per (e pacec . 
. Eft PropoGcio xx. Libri $• Eaclidis, 

PROPOSITIO DUODECIMA. 

- 

Theoreoia* 

Si faerini auotcunpfe magwtuJiner proportionatef , feu ^uoUunque rsiio^ 
net nqnMU , colligendo ^ ita Je habehit fumma omnium a ntu t den 
tium ad fymmam omnium corffetjiHntium ^ Jicuti ^u^elibet mtecedentad 
fuam eonfequentem . 

Sint rationes mqazlcs , fei ^ncicates proportionMes 
am 2 a : : bm ; b : : cm ; c : .^ fm : t&c ^ colligendo eric a m 

•hbm-^^cm-hfro 2 a «4*b-Hc"t"f? :cm:c, Ycl::*» i 

a 8cc. 

Demonflrajcio« 

Muldplicecur primus cerminus 
am-^bm«hcmt« f m pqf quartwn. c» produAuai iric acoifH 
bcin«H ccm -hcfm. 

Simlliter muUipUcando fecunduni tcrminum 
a -h b -^ c •?• f per tertium cm^ oritur idoai prodii£tam acra •(• 
bcm -t- ccm -H fcmy crgo ( Prop. i. >J quatupr prasdi^li termini 
funt proportionales; eft nempe am -fi bm 4* c<n «t- f m : a «t* b 
■H c-t- f ; ; cm : c, vel ; : f m : f &c. Quodetat demonflranduou 

Eft Piopofitio 12. Libri j. Euclidisl 
• Sint 8 : 2 :': 20 : 5 : : 12 : } : : 4 ; X &c^ erit 
8 -h 20 ^ 12 -h 4 : 2 -i» 5 -i. 3 -t^ z :: 8 : »> tdcft 
M : ix : S 8 : 2, vel : : 20 ; 5 ^. 


Mlmenta Msthtfcot. L pRO* 


S» ELEMENt6RUM GEOMBTRI^. 

PROPOSITIO DEGlMATBRTlA-. 

Thcorcnaa • 

' * * 

Jiaiif qtkituof tetm^ntf pfoportitmalibur , fi Mteeede^Vf , w/ eoftjei 
. wr# velprifnuf c^ fecwulus terjnitms,, wl tertiury^t, qumtur iermi^ 
nuf multiplicentur , sut dividantur fer eandem qjmuitaiem \ quatuor 
termtni femper propoHioHolef erunt . 

Sic froporcio a : f : ! b: c, tnutciplitaiido y auc ^i^idciilo JMe« 
redcnce» a ^ & b^ vel conieqttemes f» & c, vel primaoi- (ationem ^ 
ideft ccrrainos a , & f , vel cerminos b , & c per eandem quantitipi 
tetn !m , quacuor cercnini erunc, femper proporcionales j nimiraai 
am : f :: bm : Cj vel aajni :: b : cm, &c; 

itcm ^ : f : •: iJ- • «^^ ^^ 


n 
f 

a 


:r-' :: b: i^^&c. 


Dcmonftratio PartifTrim». 

Habcmus a : f : : b : c; crgo < Prop^ i. ) eric ac =: ffa'; 8c niiil- 
tiplicando cocam «quationem per m, ( Ajciom. 4. ) eric ac.n^ =: 
f b m , & diflblvendo ( Corolh Prpp. 1. ) crit proportio a ni ; f ; : 
bm : c , vel a : fm •.: b : cm, Vcl am : f m :: b ; t:, vel a : f 
: : bm : cm. (j|{iod ecac primo demonftrandtim • 

Dclnonllracio Partis Secund« • 
JEquatio fupcrius invcnu, ncmpe ac = fb dividatur per m, ( A- 
xiom.y. ) habcbitur ^ = ^» & Aiffolvcndo «qtiationcm ( Coroll. 
Prop. 2. ) crit ^ : f : : -^- : c, vel a: -5- :: h : j^\ vcl -^-5; 
i ^ b r c , vcl a : f : : ~ : i* » ^^^ ^^^ produftum ^ettremo, 
rum adsequat produaum. mcdiorum, cum oftcnfum fit eflfe — — ^. 
£rgo paccc pro(iofitum • 

PROPOSITIO DECIMAQUARTA. 

Thcorcma • 

Si omner termini estfufvif dat^. propoftiofiit per esndem qu^taem , 
wl antecedenfef per unam quautitatem , cir co^fequentes fer alram £ 
w/ duo pr$mi termini pcr tmam^^ duo ubimi psr aliam quantitom 
tem multip/icentur , aut dividantur^ quatuor termini femper propor^ 
tionalet erunt • 

Data (it proportio b : a : : f : g 
priroo multiplicando omncs terminos pcr quamUbct quantitatcm m , 

erit nova proportio 

a m : bm : : f m ; gm • * »v 

Dc- 


LIBE&PRIMUS. 9i 

• Deraonftrttio* . . 

Data eft proportio b : a : ; f : g; aieoqQcerit «quatio ( Prop, x.) 
b g = a f • MuItipHcetur aequacio hsec per m m ^ & ( Axioro. 4, ) 
liabeUtnr bgmm =:tfmm, 8c diflblvendo (CotolKPropw 2» ) crtt 
bm ? am : ; f m : gm. Quod erat priroum. 

Secnndo dividendo omnes teraiiioa daoa praportiooia per eaadcoi 

rntitatem c » erit proportio 
„ . J- . . JL r ^ 

Demonfiratio • 

Invcota aquatio.b g = a.f jUvld»ti;ir pet c c , eric (A;nom.J'«) 
H = ^^ & diflblvendo crft 

^ . JL . . -C : -£ . Quod crac (ecundom • 

Tertio fi antecedente$ mttltiplioentiir pcr. c> &confequentesper m; 
vel prima ratio per c ^ & fecunda per m > erit 
bc : am : :'£c t gtti» vel bc : ac ^^ fm : gia» 

DemoniZraiia» 

JSffmio bjg =: a f mortfplktf ur per . c ni ^ Bc { Axiomw 4» ) tiit 
hgcm =: aicm; 8c diflblvendo erit 
bc : am : : fc :: gm> velerit b c : ac r r fm r gm» 

C^urto fi ant;{0C6dentes dividantur per c^ & confequentes per tti > 
Tel prima ratio per c ^ & fecunda per m , erunt proportionaltt 
^ . JL- L ; X «el ~ t ~ L. ^ 

Deitioflllttatio^ 


Dividaturttqoatia mteinveaGi bg:A af per cm^ erk CAxiomwT* } 
^ ~ ^ >' & diltbtv&ido 6anc «qoationen» ( CoroR P^. X > 4rit 

T ^ i- ' -^ T = m > iwa T ^ T • • ^ • i • QpodW oftcd- 
dendnDi* 


L 2 PRO- 


ELEMENTORUM GEOMETRI^ 
.PRO^POSIT.IO DECIMAQUIN.T A. 

Theorema . 

Ddiif duMlmT , attt phribuf profiortianihus , fu0 habeant eo/dem con» 
fequentet , erit fumms ftiotum antecedentium ad commmtem confc 
quentem > J!cuti fumma fecund^rum antecedenttum ad eorum commum 
nem confeauentem . 

Si autem haiuerint eofdem antecedentet , erit primur communit antecedenf 
ad fummam priorum coffTequentitim , utfecundtir €0mmumT antecedem 
ad Jummam fecttndorum coifequentium . 

Primo fint prbportiones a : m : : c : g , b : ra : : f ? g, qa« ha- 
beant eofdem confequentes m ^ & g ^ crit 
a «t* b : m : : c -H f : g • 

Demonfiratib • ; 

» 

Ex datis proportionibus a«: m : : c : g ^ b : tn: ttf: g (VrQ^ 
pof. z. ) oriuncur aequationes agrrimc^&bg^mf. 

Si prima sequatio addatur fi^unda? ^ ( Axiom. i. ) fiet aUa «qoatio 
ag «H bg = mc •+^rafj ideft ( Algeb. 28.) 

a «H b^ g = c'^* fX mj & diflblvendo C CoroU. Prop. 2. ) erit 
a H« b : m : : c Ht" O 8 •- ^od erat primo denionftrandum . 

fiecundo datas fint piroportiones 
a : c : : b : m^ & a : f : : b : g ^ quae habeatit eofdem antecedentes 
a , & b , eric 
a : c -** f : : b : m •♦• g . 

Pcmooftraiia « 

Habemiis a : c : : b : m^ & a : f : : b*: g; confeqiieiiter (Pro(^ i.) 
eric am :== bc,&ag=:fb; atque ad4endo primam aequacionem 
fecnndas^ (Axiom. 2. ) erit 
a m -^ag = bc -t- f b , fivc (Algeb. 28.) 

a ^m»f»g = b >^ c «h f ; & diffolvendo crit 
a ; c «t- f : : b : ro 4« g. (^od erat fecundo demonfirandHra. 
Prima pars hujus Propofitionis eft Propofitio 24, Libri s. Euclid^ • 

Definitio XX. 

Ratio illa^ cujus valor adaequat produ£him valorum aliarum ratio- 
num , dicitur B^atio Compq/ha ex aliis datis rationibus . Sic ratio 
30 : 5 dicitur compofiu cx rationibus 14 : 7 ^ & 12 : 4 , quia 

cius 


L I B B R i> R 1-M U S; % 

cjos valor ^, idcft 6 CDcfin. loj aequalis cft produao cx 2 in}> 

qood fic niDlciplicando valorcm ^, idcft 2, inYalorcm-^ , idcft j. 

Similiccr ratio cma : a dicicur compofica cx racionibus cb : b , & 

mxixj quia cjus valor ^ * , fcu cm, adaequat produftura cx quanci^ 
tacc c ( c)u« cft valor raiionis cb : b ) in quancicaccm m^ qu^ cftva- 
lor racionis mx : x. 

G)roUariiim . 

C^propicr ratioflci com|K>fiC9e ib aequalibBavTationibus fimc srq«a« 
ca intcr fc. 

PROPOSITIO DECIMASEXTA. 

Thcorama ^ 

Dgiif duabHSy mf plntibus rMtiombur ,Ji OMieceientes multipliceniut Ah 
Urfe^ 6r co^fefuenter etfom mterfe^ duo prodmS^ conftitucnt ratio^ 
mm^ qme cempqfhii erit ex datis ratiombus. 

Smt rationes data a:b^c:m^f:c; muhtpiicando amcccdcntcs 
intcr fe , & confequcntcs paritcr intcr fc > fict racio a c f : b m t coin* 
pofita ez datts rationibus; nimirum cujus yalor xqualis critprodudo 
' omoiata valofum datarum . miomio». 

Dcmonftratio • 

Etcntm rationum. a:b,c:m>fst valorcs ( Defin* xo. ) funt -g-* 

^y -^9'^ 9 moUipliccncur snter fc, prodn^tum crit f^-^ C Algd>* 

^Ti^) : fcd rationis acf : bmt valor eft paritcr g^^ ( Dcfin. 10. ) ; 

^ergo catio acf r bmtj ciijns valor adaequat produdmil^ vaiorum da* 
tamm racionum a:b^c:m>f:C9 compofica crit cx iildcm ratio- 
nibus ( Dcfin. 20, ) « C^od erac dcmonftiandum • 

Sinc rationcs i: 2^ '^ - ?^ atquc mukipliccntnr antccedcnccs 4 ^ 
& iz intcr fc ^ & confcqocntcs 2 ^ & ^ eciam inccr fc ainlcipliccnp 
tur^ fict ratio 48 : 6 conqpofiu tx datis rationibns 4 : ^ ^ 12 ; j ; 
qiiia valor-^^^ideftS, adatqnat produAum «x 2 in 4» icilicct ex vai 
lore f s= 2 ia i^dorein: V =^ 




PRO 


«< ELEMENTORCMGEOMETRIiE. 

PROPOSITIO DEClMASEPTiMAi 

Xboorems « 

J# fuerifit quot€finquet magnitudinet Cjufdim generif , raiio prtm^ ad uf* 
timam compqfitA erit ex omnibus intermediir rationibuT , fcilkei pfi» 
ma ad fecundam , fecunda ad tertiam^^ terii^ ad quartam j drc. 

Sint; datae quantlcaces a , b^ Cj d^ f^ 1> m^ ratio a : m compofi* 
la ericxk ooEinibtit sjaurmeiik t^me^^ ^ \ b, b : c^^-:^'^ d : 
f ^ { ; l^ 1 : m« ^ » > . . ; , 

Demonftratio« 

Etenim rationum a : b ^ b : c» c : djj^ d : f^ f : l^ 1 : m raulti* 
plicentur antecedcntes ajb^c^^d^ f, 1 inter €e, 8c coni^uentes b> 
c^ d, fj l^ m etian^ inter fCj produfta abcdfJj & bcdflm con* 
ifttMient rattonem 

«bcdd : bcdftm> qtm ( Prop. anteced. > coiii|K>i]U crit eKomnf^ 
bus. datis ratienibus; fod eft ab cdfl : bcdf loi : : a : m (PnofMjj 
quia produdlum extremorum abcdflm adzquat produftumabcdflni 
roedtomm ; ergo ratio primje a ad ultimam m oonipoAiutt eic <»ft)ivi^ 
bm intcrmedH* mkmibu^ a ; b, b ; c, c : i j&ci Qpod cfiat<dftft&« 
dendiim 4 . 

^ Sint numeri quotcunque a4> tf> a, 18, j afc; racia primi ^ ul- 
timum , nempe 24 : j , compofita erit tx omnibus intcrmediis. ratio- 
nibus 24 : 6, tf : 2, 2 • 18, !& ? } > quia valores^ feu exponentcs 

barum rationum funt V, ix ,^> V> i^cft 4> 3> *> ^ ^l q»^ ^ 
tnter fe multipltcemur > produ^um erit 

4XjXiX6 = V=8j8c valor rationis 24 : j cft panttt 
*f X fcu « f adwquc ratto hac ex ini& coiHponititr C Dcto. 2<>. ; - 

Hia^QSITlO DEgiMAOCTAVA. 

Tbcorema «. 

Ssfite$fint du0^ ordaier qttamkatim mmero^ ^gqualhim ^ .fi^M^ primd ai 
feemadam ptimi ordinis , Ut primA ad fecmdam okerimT ordfmr > &• 
fecmda ad iertiam ptimi aNiinii, at fecwnda ad tertiam fecemdi ett» 
dimr^ ^ tefii* ad ^ofiam ptimi ^ m tertia ad quan^am focmdi , 
atque- ita deihcepsi tunc data^ fuataitafef dictmtur eff i» ^a«one 
ordinau > & erit prima ad tJthnam primi ordinis > Jicut primJ^ sd 
tUtimamfecundi ordinir;, (s^ boc dkitmt atfftatcatari ex aequalitatc 
ordinataj^ vel Qrdinando.. 

Sint duo ordine& quantitatumi 
a> b, c. m. &c , • r 

\ 


a t b ;»: «s: f ,, b. : 6 r : f «. t , c via t ? t : 1 , ordioayQih Ctit 

a : m : : e : 1.. « . ^ • 

GtsMnntatia: < 

f 

Ratio prioias ad uldinam priaii ordim^^» UtQ& ryi^ 9. : iO.> con* 
pofiu cft ex omnibui^ rationibus , intcrmcdliis a : b , b : 5 , 9 : m 
( Ptop. anteccd. > ; Simiit^f per amtcc4eftl«ii ^fropdfiHoncna ratia 
prim« ad ultimam fccundi ordinis, wtio neqwc c : l <?aaipofiu qff 
cx omnibus incermediis rationibus c : f, f : t, t : 1; fcd rationcs a : 
b, b : c> c :.aifitnt cxhypotliefi^ales ntiwbm « ijf, f : t, t:l 
f cft cnima:b = e:f, b:c = f:t, c:m = t:l );crgo (Axiom. 4; 
CoroU. Dcfin. 20. ) ratio a : n compoSta ex primis acqualis crit ra- 
tioni c : l compofitae ex poftremis rationtbus , crit nempc a : m ; : 
e ': 1 • Qiiod erat 'demonflrandum. 

In hac Propofieioiie oeatiMmiir IVopoiicioate ^^^ ^ ^^ libd T« 
fiiclidis « ' ^ ^ 

Sm numcrt in ratiofic ordinau 

54, 6, 1« 

fit nempe 
3^ : 4 r : S^i^, Sc 4 ; 12 : : 5 ; 18 , orJinando erit |5 : 12 : ; 

PROPOSITIO DECIMANONA. 

. Thcorcma • ^ 

Si In dwMt quMmitMtwm trdimhit fmth prtms si ficumdsm ptfmi^t^ 
dbuf , ut ftcmdik ad tertiam aherfut ordimt, fSr ficunda adteriiam 
primi ordinis ^ ut prima ad fecundam alterint ordinif ; tunc ^uanti'^ 
tatet dat^e dtcuniur efje in ratione pcrturbata; at^ tfit prima ad 
tdtimam prtmi ordmit > ut prima sd uHimam fecundi otdinir : QiOki 
dititm ttritnmeutaBfi cx aequalitate pcrturbata » vcl pcrturbancb • 

Sinc duo ordiiies quantiratum 
• '' 

V r m ^J^ conditionis, ut fit a t b : : t : m, & b : c : : f : t » 

*1 t, Hl^ 

cx asquahuce percuiiau, £» pcrturbando erit a *' c : : f ; m» 

■ ' ' f. 

Dcmonftratto» 

Hibecwis ex hypochcfi ft:b = ttni»d£b!0=f:t; crgo pro» 
duftum ex ratione a : b in ratioMcm b : c «qualc erit produAo cxra« 
tionc t : m in rationcm f : t ( Axiom. 4; CorolL Ocnn. 16. )^ ni- 
mirum ratio compofita ex rationibus ar .' b, b t c^ asqualiscritrationi 
compofitae ex rationibus t : m j f : t ; fed ratio a : c ( Prop. 17. ) com^ 
pofiu eft cx rationibus a : b ^ b : c ^ & ratio f : m cft compofita cx 

ratio* 


« ELEMBNTORUM (SEOMEtlllJE. 

rationibns f : c,t ; mj crgo ratio a : c <tit «qi^alis ratiohif : m^^ 
crit necnpe a : c : : f : m. Qpod erat 4cmonftrandam •' . , 

In bac Propofitionc oontintiitur Pkopofitioncs ii , 8c ii lihri j, 
Euclidis. 

Sint diio orditics numcrjMrum 

?^' *^ ♦ fkqfK «ji;f3o;3f,&2:4;:xj:3o, pcrttfcbaqdoenc' ^ 
12 : 4 : : ry : y , ut pcr fc parct.* 

4 • r 

PROPO«ITIO VICESIMA.: 

Tbeorema« 


tum . Erit nempe pfima frdSh ad fecmdam , ut prod. 
meratore prim^ in denomnatorem iecumhe^ ^ pr^dnSt 
ratore feamd^ in denondnatorem prim4^ 


Sinc duae quxlibec firaaionet 

c ' m 

b 


^ . — , crit 


^ . -H. : : am : bc« 

c « m 


Demonflratio* 


Nam raultipKcctur fwmus cerminus ^ per quartum b <: < Algek 
«8. ) , produaum crit tji. idcft ab ( AlgA. Jt^. ) . Similitcr^mrfti. 
plicando fecundum ccrminum - pcr am^, produftum cru — ^idcft 
ib. Ergo ( Prop. 2. ) quattior tcrmkii -f . -, am , b« Xunc pro- 
portionalcs, cft ncmpe ^ , -=• • ^ »^ '^ bc^ «cieani:bccom- 
pofita cft cx duabus rationibus a ; b^ & m ; c ( Prop. i^. ) , qua- 
rum prima a ,• b cft ratio dircfta numcratorum a , & b dsrtanim fra- 
aionnm 7- * & ~ 5 fccunda TCro m : c cft ratio inycrfa ratiohis de- 
nominatorom c,"& m ( Dcfin. rj. ) ; ecso fi^afltioaes -|- , -5- funt 
inrer fc in rationc compofita cx dircfta racione numcraiorumi & re* 
ciproca dcnominatorum . (^od erat demonfirandum« 

Sinc fraaioncs 4 , 4 , eric 
4:i:iyX4^3X7; ntmirnm -f ;*::»©: *M wcocpe tra- 
aio i minor cft fraatonc i. 


PRO- 


.3'. '! tiAi A irtcnM y_«K: -Mi ^ 

PROPOSITIO Vl€ESl!M APRJMA. 


• • # 




JfraSifmes, fns h^Aent emuiem denoimnMotem y funt tntet fe in rnHane 
• ' Mretl4' ikmc ^ ^ m $mm . fnaamkfi^kmeni^.fnllmfhn^ztwnie^k w^mee^ 
: torcm Jht^ imee fi'%Wi tioieeee . tetsfpHeaatenem i m i/t omn « . f 


:^ n '. ^i •• 


Primo fint fiiOtones -r V-r' fcn*icra nMimU , «i« ^ < ^ '- i 


a 




c..Pf~?«!^»tio3P... . 


<». f».*t^'***r'T??^"*'^'*^j'*' .-,'' 


»*--. ...» ♦ 


•..' '; * 


«qnalia; ergo ( Prop. 2.^ qnssMr jpaedi£ki.ttnmim fi$fit ^f^nioaa» 

Ic« i cft nempc -^ f ^'^ a : *;>cwifcq«cnt«r prlnM fraftio cft ad 

ecundam direpc^ uc nu(xieratQr.-.!srini» a4 numeratorcm fccanilc • 
(^uod erac.p/iA3um^ 

Sccundo 'finc fraflioncs -7 # ^* ^J^^^'^^ ^nuo^ratoiM ». crlt prinu 

frifl&o ti feetindkm rcdppooe > uc danoaiinator &casd« ad daKNni* 
natbrefn priili», erk hcA^ • 


•r .r^ : : m : c. ' * « ^ 


DcniQn^r|tf • - r ; • 

Etcnim oiulcipIicaQdo -|- iiv^^j produftam eft ^» ideft a ( Al« 

gcb. 60.) ^ 8c multiplicando -^ per m ^ prodiifium cft pariter a; a> 

go ( Piop. ^. ) quatuor dati cermtnifunt^proportionales^ hiniiruM ttk 

— : — : : m ; c; adcQQue pcima tcaQio.ad (ecundam eftrcclprocc» 

ficuti denominator {ecunda: ad denominatorcm primac « C^uod crac 
«flcndcndam • 

Hinc fi diis inaequales quantitates a > & b divldMtur pcr candcot 

quancicktem m , quoticnccs * -^ » & -^ crdnc inccr fc in rationc in- 

tegrarom quantititum a^-^ breft-enioi ;p^ .prioaani Ofemonftr4(«o« 

nem jr:"^ ' ''^? b^^ nlmirum 'ditBidium Inijufvis qaandcacis cft 

ad dimidium a|cerius quanricacisj ut prima' qUantitas ad ftcnndam ; 
vet tercta pars primx nd tertfam fecnnda;^ «cprima quancitas ad fc* 
cundam^ acquc ita dcinccps. 
' Eft Trdpoltio ly, Obri 5. tuclidts • "^ " . ^ 

^Slemonen Maib^eoe. ' M ' LEM* 


t^ ELEM^BNTORtJM CEOMBTRIifi. 

• ' L 'S M M A;.. 

yBfuJfS tddkef mqiuiRa fudfMti^ mfmSef aimf ijre. eom/Hfmmi. f 
cmtVfififikutrMfdMkUis , fiAi spiilcf ^. bdhnf rsuUcfs oMstfs . 

VtkM ic « s n» omliiplicMido^ Jttoe «ftatimM jw &tMeipfiM»^' 
iacft pcr a =: n»» ficr«*' ssxm^ i Amenu 4i^)^%mtm «4M«cio 
a* s m* itenioD mulcipltcetnr per a = m» oriecur a' =m' • £a^ 
dem raciooe «ft a^ ss W^ » ^^ =* m*^ Secx atque iu iapcm^ 

Confequencer aiqualei poceftatcs cqiudium' radicum fiint «qualca io» 
cer fe. 

Secuncto fit b' =: cS ^c B S= e. ^bm diflblftndo^ «qnationem 
b* = C.* j 9rit b : c : : c : br; 8c compopendo C Prcp. 6. ) eric 
h^^\Cii Q^h\h\ ffedeflfb«Hc St^b'M«iQni.aJi 
<fie(y ( CoAslU Ptopk 4. } efit ctiam e a b« ^ / 
. JEideai raciooe fi fiwtt b' ^ q} , ?el b«' = c^ ^ &;c; erit pari^ 
cec b- := c ^ nam muItiplican4o asqiiationcm b = e per (onetipum , 
ic mntdplicanclo produdhvki b*' ~ c^ per e^em tquatronemb~t> 
rcftituitur b* =: c' ; & multiplicando lunc cqiMadoQcaiper 6 ^c^ 
orivur b^ !3 t^9 atque ita Amteps« * 

* SMliccr fi^£iec«ira'b' » €t* m^ ^cm eiiam flb^^T^cm» qaia 
quadrando sequationem ab = cm ^ r^taiciir a' ib^ ^<a* m* • Ucia 
pofito a>b' =: c* m' j» crit ab = cm^ & c coai 


PROPOSITIO VreffSIMASECUNDA. 

Tnedrcttaf* 

psfif 4Ut0k^f proforfionHMf , m^iplicanth , vet, dividcndo tcrcmncf 
miuf pcr rcj^pcmdtntcs tcrminos sHcrius proportionis , prodnSld in pri* 
mo e^u, ^ quatanfcr in fgcftndof tntm propoctiomdcj . 

•. . . - • • 

Sint dua proportiones 

a : b : : c ; c» & f : m : .} r : t » erit af : bm : : cr : ec^ vel 

•^ a b c e 

tfmawx. T •• "5 • • T,- T* 

• * ■ " ' ' ' . 

Dcmonftracio. 

Natft 'iek dati&r proportianibus a t b r ^ c : e» ft t\ m x f : } 
eriumnr BqnatiooBar «( . Brof «. z* ) ac 7 be^s fc =^mr s &.m»ltipliT 
cando primam aeqMacionem per fecundam » fiec nofa squatid a c f c —' 
bcmr ( Axiom« 4. ) ;,& diirolvcndo ( (x)rol3[,.Prop^x.)crit af : bta 
: ; cr : cc» (^od crit primum. ^, 

Si autem aequatio ae =: b c ^iri^aiur -^ f ^acy>ncm ^tt^^L.tSkf» 

fict(A«oai.5.) ff=:£f,'fivc 


4.X4=:4 X4i& diflblreaJo «rk 


Si plar» fiieriiit iattr pvopoaiDiw^ ctdem «ck ratio* 

Datis igitur qnatiior tendois frapanioniltto t : Ii : : c : n ^ 4 
poccflaics ioniniiwi iohuibou w u cmk oHoa ftioportkHilks 


nkniniiii 0» •: fc^ t z t* t m^; iteoi «* 1 b' : : c^ : sn' 4fiC| 4i 
enim data proportio o ? fc 1 1 c e sd 'feriboEor Us« & «ipltipUoomor 
imcr fc tcnnini rc^poodcntcs > pcr ant«;:cdcntcm Dcmonftrationcm fict 
a* : b^ : : c^ : m* ; a oer CoAboDor» &ft a> : b> ; : 9' : »' »i(* 
91C itt dcinccps» 

CoioUorioas IJ. 

Simfliter SRifesies sadicos ipnoKir lerauMium pcoportionaliiimoniht 
ctiom propor n omjcsr sasBr io; aiouium fi fiiciit a* ; b^ : : c^xm*^ 
n^d 0' ^: b^ t : c^ t m^a^rk porMr a : b : : c : m) nam ficft 
a* : b* : : c* : m* , crit ( Prop, x, ) a* m* = b" c* ; confiy 
iqacBtflr ( AHa^yT. ) atrabcadk» rndiccm qua^satam ^ |scr lcmmo 
aniectdeas crit &m S bc; & jiflblvaado ( GaaAf. Prop* z. } cric 
a : b : :ii m« fioicm cacfoae fi facw 0' ; hy: t c' : qi' • cric 
a' ffl' =: b' cS coofevMAtcr fcr lAvao faacQdcBS em am ^ 
be; 8c diflblfcndo cric 
a : b : ; c : mj ocqBc im de tcttimf» 


•f : 


Oefiaitto XXL 


Sotio iHa^ ^m «olof t& qnodmtom valoris abenai ratioois, ^ 
cinar fodo dhftftootu val fmhf^s mJniai^ ^ont»» Si autcm t^7<^ 
prioai rationis fic aibtts Tatoris fccnMa » tuhc prima rado iicitqr 
-t9i^U$0sj^ vel MKai oiMJoo ffociMis« lfiK|oc ratio acc : a cft do* 
plfcata> ua qaadraca foctonij bc : b^ ^ua cc ralor primsc sationis 
( Algek 7S. } e& qaadncam valoris c ftcundae ratiom». 

Itcm rac^ i^: : 2,cfi.do|dtcaca Qitimis 21 : 7^ quia falor prinoa 
cft \\ (btt 9; quadranim v^ris * ' i fai $ ^ ^kaios rationis. 

Similitcr ratio ac^ t a cft triplicaca> feu cubica racionis ac : a » 
quia iralor prima c' cft cubai raloris c fccunda. Iccm racio X4 * ? 
cft criplicata^ fea.cabica rationis ,xo : 5^ guia Talqr prioMi S cftcti» 
bus vaxoris fccttnda, qoi cft X 


Deftnitta XXIL 


.\ 


Rano eompoGta cz ^iEtes kqui[libtts ratiotAos cft Ai^ttMMa , 1 
qaadiau Bttiiifqttc. Ut n cx rationibBS aiqDoIibBs am : a> A: b m: 

M 2 rw- 


r 


Prop. itf. ) fiat compofita tlM^» abmm : ab^ ratio h«c , cujustt«<^ 

or eft m m ^ erit duplicata , fcu.quadrata tam ratiom s a m : a , qujtm 

rationis bm : b^ quarum valor dl m. SitnUiter ratib ex tribus sequa- 

libus rationibws compofjtx, ttipfcata, fcoiCuUcaeritcitjtifvfsdatarutn. 


Ex rationibus xqualibus am : a , bm : b^ cm : c ^ Prop^ i6. ) 
componatur ratio a b c m ' \i % bc , ratio hw triplicata erit ratiojiis 
am : a, item rationis bm : b» & rationit cm ': c^ quia ejus Valor 
m ' eft cnbus yaloris m aliarun radonmiiw 

"Si aucem ratio componrair €x^ quatuor cciualibus miQfijjbu& ^ dica- 
tur ^adtuplUats^ fi ex «luinqaes q^ffPlicma uQiufcujuslib^ ^ompo^ 
•nentium rationum vocetor^atqiR ita demceps* • t ' 


» . * ■ 


Defii^t» XXIII. .'.' 


w 

m 

Ratio vero, cujus ratorieft Mdix qaadrata va/orJs alterfus rationii, 
mio fubduplicata ^ yt\ fyiquadYata altcrius rationis appeHatur. 

Siautem ejus valor fit radix cubica vatoris^ Jlrcriurraaohis^^i^nc 
dicatur ratio fiAtifipKcata , vel fiAcuHpa ahmos' ratioMJs- • - 


* valorx eft radht quadrata valoris cc liajiis IttJonis., t. .1 

Itenfi^ratia a*c;: a eft fiibtripliaita ractodis aJb^i: jr^ quta eyitvaloc 

* c eft T/idiV cobica valoria c ' alterius ratipiits^j . ^ c. ' 




Defihttio XXlVi «• •< t 

Data qualibet rationc aWti^ fi quadfentur ejnt termtni am> & 



pck- fe patet. *^ 
Similitcr tilMo a* : c^ eft thii^icatA racfamia 


lor T- cft^adratum valoris,^^. 

PilQpbsiTlO yjCESIMATEJlT/A-, 




V 4- 


t : . -^ r :. vil % Theorcma*. i^ 


"\ 


t r *t 'j <'.v 


r amilnue pfOporttonalibMr ^ pfoduSdm ^oitfmt^um 
Mfudo erit ^ptadrato medii termim ^.Atiptc ratio primi termlni ad 
ttrtimn duflitatatrit tadp^/jjrif^j^^((^^ 9 fiveficundiadtettium^ 

H« fr^iwjloi^iuittro^ :: a 1-^ : c ^ Priaab^erit, ^a c = b b • 






/ 


■* Deinonfl:r2ltio« 

Quoniam ex Iiypotb€& tk^-H^^ i h : e, fire (Dsfin* iS.) a : b :: 
'b : c^ eric ac = bb.('fropof. i.).tQuod cnc prinmiD. 

S^ndo eric ratio a ^ c duplicau y fea qiiadcau. radoais a ^ b t 
vel b : c • 

Dfnionftracioi 

Nim C Propcf* 17, ) ratia a^ -/ c campofita cfl ex mktakut 
istatnediis-a :'b3 b : crCbd raiioaes-a i b y b t c;iiiiit «qttl^ifa 
ibyiwhefi {tfi jntm t=; b-i.: b : c); crgo ,f^q a : c ex, illis comj 

pofica , duplicata crit tam xationU a ; b «^ quafii^; Taclouis b ; c '( Di|* 

fimbr»^} •LQiK4iM>lr I«qu9d'un|. , , ^ ^ . 


.^' ^ ; •• r.. 


.' • 


Ergo datia Cribas cerminis concinue proportionalibus ^ a : b : c» 

eric primus A'Is4^ t<)(1^!Kll r> '«1 t]padr^(u|xT f t (fiHRi ad quadratum 
b b fecundi , vel ut o b quadratum fecundi ad c c qiiadratum tertii • 
Nam per primam DemonftrsciflMiMft' a c =r b b ; &, mulciplicaiido 
pet a ( Axiom. 4,)^fiec aac =:abb; & diflfolyendo eric a : c : : 
•aa ': bb»'. Similiierx m » k i |3tfc i y<to mqimAomm,^ ^iS^b^ per^c^ » fgf 
9CC =z*h^ s * WHfiblvaidb. i^^m^M. VtoffcS^ 2*. > ^c a : c : t 
bb : cc»»' -'*'>. .. ' « '^ v<wci.'\*s \ , 


' . • « 


V 

y 


d . 'C ; .V» 


Problcma • 

DMts dmtut tcrmtmt iwtmm prcf&mciuUem itMmtt^ 

' ^ ' • • •■ 

' • t» ' . ••• - • r» # - i , ^ - _ 


f*f 


Siot daardctttr fictetaira prtaiMS #:.&rbi |bcundu|y^n^ iavqnkodas 
. bct.fsiiiipsra; ad fccwdimi bv .:> . c 1 ^ 

Refoltttio, .'ci : i; : . r 

. '^ ^MiMMn. fiMnfll^ ^'^dividatur pss^primmn i » 4>ioriMi 
-T" etit tcrtini quaefitus.' ' •' : ; >• 4 

bemonfttatio , • ''• ^ i • .- • i 

Tertius quasiitus terminus vocetur z> &erit -? a : b?x; confequenrer 


/ 


94 ELEMENTQRUM GEOMETRIJE. ' 

quc divldaturpera( Axiom. fi )«. fiec x = ^; fed x fignificat mn' 
tiucn quvfitum terminum; ergo fra^lio — , qu« ollcnla cft sqoalis 

quaotiGici'^^ ccU tmiitt qMfiOia «ermin«a«. 

Secundo fi imi finc prinMB a». & tertiiitc» tmc mediiii termim» 
fric j^fulb raMiici qttadratiB! prodbOa ac « f «tnu) in levciiniii 

Demoofliacift • 

timim pofit* lecMdQr ^Kfico ccroujio s x> eric i^ a : niofSC 
par priflMno pamra pnQcodencia PsqMfitioma eric jcz ::;: «c i ttfie 

€xcr:^endp rajicem iqpaintBm » imrenfettiir t :dr l^a c C pcr g-^ii m y 
Frcp^ zi/}. <^^2od erac dleniort&andum • 

Sic primus imninHS 28^ cercius l^ iic inipeiiiacnr mcdiotccMiiiiHif» 
coulciplicccur 2S pcr 2 « & cit pioduao ^6 eJtcrahacur ndiji «oadnica 
( Algeb. 14. )4 quae eft t^ kac eric mdius qwtficns proportionalis ; 
cfl csim -ir it : < : 2 • 

PROPOSmo VICBSIMAqOlNTA. 


^m mmtf p^J S m g0$m $ Mhm ^ mtApmtti amimsitmrtm t^ ivi^ 
dfupUcms nomir frimi mificmdmm $ mqm Um Mmepi^> 

Sic pvoeieffi<^ fteboKCni» -^ o r b c €' r » s f t c dec » eria 

a t m : ; a' i b^ « 

. Dcflaoi4facio« 

* . 

lUcio a : oft com|N^fa eft Ot incenBediis raciombut a : bj b : c » 
r r w C l^ <y rf »Ti > ; (cdi lin yaciDMs fiinc mr IqqNxiiefir «qmdca ior 
Ccr le> & lacio toiilpofic» ck cHlms itqoalibaa racioiiiltts «A criplioi. 
u cujufvis ipfimim C D^* ^^ )^ ^HI^ Mao «1 ^ cnicft;Mpltcaia isi* 
cionis a : b; five (Dcfin. 24.) eric 
a ! m : r a' : b' • » .1,.... 

Eodcm modo demonftracur raciooeai a : f qoadni^cacam cfle ra<» 
jiodia a i b f orai.faaiii a : £f I%QlS>f^ ^: > cirtiponanr cs qpMtuor 
icqualibus ratiooibus a : b> b : c » c : m^ m : f • 

Sioitliccr racio a c c quiacaplicau cft ratioitts' a : b ^ & fic io iii« 
fiQStuat procedtfido » 

Corollariuat • 

-' OMM4WHM':if«c)*«f^ oinpcraJ'fcmMimy-4a^M^ 


^ticiiM mAoak 1 1 1 {xitBi «ul «tdaoi (Ddbka^ h 4 lni^ i uiu i »»■ 
cioiiit a t ny ideQ friaii «d qMrnmi anfN in fcogMfisnd»*- 

PROPOSITIO VICESIMASBXTA. 

* I 

ThoOfcnui* 


b^^^^^^ ^^^^^M^A^^^^ ^^^^^^^^^2^^-^. ^^^^^^^^^^^^ ^^^^^^^^^^^^^^ ^^t^^^M^rf> ^^^^^g^ 
VHillP g9fmM9t99m pf^pvpMVr JlfVMISMiP fWPMVPVOTP IMNifWV : FIVS^V 

ilrtf^ termmi medH, ftumtU ttmmOftm tttmtemt cf impsr. 

Stc geonecrica {«ogrelfiD 
-K- a ; «G ; «€* : ac* it «c« t mc^ t ftc^ <: 41^»* .: «c* ifii. crk « 
X Ac* s ac X M' « ac' X «e^ = ibc» X.ac^ » ac^ X 


«C^ # aiiiilnMi s a* c' # cc fcr ie paiiei 


j 


r 


• j 


fROPOSlTlO rlCfSIMAfiBPTIMA. 

MtaHu 
Ctif^fif0f ^otttttmoi fff^pijfimttf mmttttm ttfttttjtttoittt^fiimmi0m ^Mtwtttm 

atMtdm L 


53 progreflBo fil cnefte») oc %- a s ac t ac* : a cf , tnae oniU 
ciplicetor fecnndus ceriniaiis ac per akiaiiiiii (inboccafu ) ac' , 8c 
cx prodttOo a' c^ fiibcraiiacur quaAracuai aa frimi cermini , refi^ 
duuin cric a* c^ — a' , quod ( Aigeb.43«) diyidaturper ac — a^ 
idell per ««fitemi , qnod ccuur {nbcmheiilo yiawgi a tx <eaindo 
acj quocieiu eric ac'''-^ ac* «^ ac «h a» qui^ uc pacec^ eft fanH 
ina omnium cermiiionim datx progreflionis • 

Sit T7 } : ^ : 12 : 24 :.4S Att > OMlcipUcetnr 5 in 48 » & ex 
produOo 288 fubcrahatnr 9 quadracum primi cermini } ^ acque refi* 
dumm'2yf Hfidmtt ftr -6 ~ $, ideft pcr }, qnociens 9t3 ^i^ 9*^ 
fica fiBona omnimB ceraunocvm daoi frogpeffiMis^ niminim eric 9} 

■ 

Refobitio I L 

^ autem progrefllo fic decrefcens^ uc 

.;ir ao^ : ac^ « ac^ : ac' : ac* &c > omc es qaadraro a* c*^ 

pcinai ttraninifiibcrahacttrpfoduAttm a* c' ex Cecimdo ac* ittukimnm 

ac* , 3c rcfiduum a* c** — a* c^ diyidatur per ao*' — ac^ , 

nimirum pnr di^bcnclam incer primum cerminfim ^j, &-fecQndttm , 

quociens erit ac* «^ ac' -^ ac^ «f* ac' «t" ac' j qui j uc pcr fis 

pa^c^ cfi iiimma omnium cerminorum dacs progrefliottis • 

^ Sic 


caminonim fiiona' eric ivj , cH iMm ^4 «i«.}2^4*:i^ 4« 8 *h 
4 4« 2 ii^ X ;= z^7 • 

CoroUarium • 


* •■ 


Qdtpropterdacisprinio^ fecundO| & ultimo cermino oijufvis g^ome* 
lvi0B"'pAigi{e(lionir^'iiMniri poMft.di^^ tQraiiiidnMn^iiiaiaia pet. 
MC^cedenceff rcfoliicionor . ^ " > ■ \ ^ 

Dcanitio X XV. 

RiliQMii iirillimM«Tt>efin. & ) ditantur fimile^^^ 'feii'^aqaak» , 
quando lMfeen& diiiereiirta»=cquate/cum nSlpfc mtocaienia» afquaU** 
ter fupenmt fuos confequenies ^ vbl^^jqqaali^er.acoiileqHemfbtis ^efi^ 
ciunt . Sic raciones 7 i } , & 9 • 5 f«nt asquales , quja 7 — ^ adaf- 
quat gl-^ f • Jtenr iltioMs^a' '::a;^ m,}i t d^ m fiinr aijiAIes» 
quia antecedentes a, & c pereandemquantitatem m a fuis confequen* 
cibus z ^ m, 8c Q ^ vci deficiunt» • ^ . . 

Si autem inter fe compareatur dux aBquales arithmeticae rationes ^ 
fiet froporctoirrflthc|itcica« vSic 8 9 tf eft^ut^.n^ t <V>it iic {piUnir 
* : ^ .% 7 : y» Item a : a -h m •*• c : c «t* m • Atque dicitui cou- 
cinua^ quando iecundus terminu» iHbBqnft tertium. 


: PROPOSITIO VlCBSiMAOCTAVA- 

Theorema • 

U ommpn^pattkm ^ithmetics , fmmmd ff^rcmorm O^f^ 

fmnmam m^diMm^ 

' Demonftratip • 

• * V I 

Nam gerteraUier daw quaUbet Aridimetica proportione a ; *H«c 
i% b : b -r c,evidens eft a ,-t- b -h c extremoram , JKpatem cfle 
fummz a -r c -r b' mediorum ^ . - ♦ ■ l . 

Similiter dau proportionc a : a — m .•. b : b — m, fempererit 
a-t-b — m = a — m-t*b. 

Sit y : 8 /. 4 : 7 . crit y -h 7 = 8 rH.4« kcm fit 1 : 7 •;• 4 
: 9 , erit 2 ■+■ 9 = 7 -r 4*^ ' ' • 

* Si autCtti prop^rtto ftcrit oontinua, uc -r- a : a •*• m: a -h ^ "■ j 
fumma a -j- a -h i m > ideft i a -h » m excremorum , enc dapU 
cermini mcdii a -t» ^y "t evidens eft. ^ ^ ^,.. \ 

Sic -r « ; u : 14 , erit fumma 8 •+• 14 ^«pl» tcrmimnitda li. 

• •' * FRO- 


* • 


PRQP'OSi;TIQ VICESlMAtfOtf A. 


• • . 


frtMeraa. ' 


^..Ji4ti,,,Ulkgi^^ir^ fffP^nh !f^'?'#i4««f^ .6iv*^^ 


« . i 


Sint ues datl cermiiua/a '^m;\,\i\\i^9X}xr'^ 
taetice prppoaioiuiis 9 fy^, f|i9ip^ /^iT ^ "^ '^ fecundi. cuiti tcr» 
tio, ex qua {ubtrahatur primHS tenninus i \ rc{|d^^ti\ t, m^ m^h 

emoi a : a 4- m A b • b -t- 01, ut ^^fi P*««^f ^m tv,..: r..,i„ 

In omni Aruhm^ica prov)rtione tercpin^, uit))^ p^rit^rp^oprtlona- 
les alternando'3 & invdteoao> non atltem componeddoj S.iviaenlo> 
vel conrertendo • 

PROPOSITIO TRIGBSIMA. 

Theorema • 

1n mni ^Arithmetica pfo^rejpoms ^^is^f^mza^lt^ta^ 
i m : a ^ ^ m y furnma ' cxtrsnAtmfH % a^ ^m sd^ffuat fumm 
mam Juorwn ({HorumRbst nrmnorum 4' -t» m^ ir a '^ ^ m ab gx* 
tremis aque dtftanthm .i & mjfl^ ej^- teriktftt 'mdii a ^ x m , 
ut cvidcuf efi . ^ .- - ' ^ ! 

Sit ~ 1 : i: j \1 : 9« ^» : W 3«:; erit t>4* 23 = 3 4« n 

= 5 H-9 = 7 X a. • ^ ' . ^ 

Item in progreflione decrcrceiKc >\ 
-r-7 • y :i'^' — i: — i&c,- crit Oitamk l — j=ry — 1 = 3 
w^ I, ut icridens eft« ^'\ i^'* 

Corolfariitm • 

Hinc cognitis primo , & ulcimo Arichmetic» progrefConis termi^* 
nisj & cognito etiam terminorum numero , invenictur fumma om- 
niumterminorum^ ii dimidium fummae primij &ultimi muItipHcetur 
per terminorum numerum j quando tcrminorum numerus eft impar . 

Si autem cermhiorum numerus fic par > tunc dimidium numcri tcr* 
minc^um mukiplicecur pcr fummam primi ^ & ulcimi . Sic data 
progrelfione * ^ 

-f- a : a -t* m : a -h^am : a H" 3 m : a -h 4 m &c ^ ut habcator 
Mkmcnta Mah^iOs^ N om« 


oouiliiii) tQmuftQrva iitavm > addmtat ptiauu a > Jk ultinus t •)• 
4 iDj fiu OaOtM 1» -t" 4"! > cuiu> aiiaidiilm u ■«» im inultifiicc* 
Curpet lenninonifli nuBcrum> iwi^ft f ; produ&uD' 5^ afa ism «ric 
qBaSta finnmi onwiuni tenniiionna, nt pcr fe pitct. 

H ^ prPVdG^ fiF- . . 

i*-ll: a-t-»: a«trf am:aH-|ni: c«t-4mi «4^5», n^ 
fcmlnofiini MmenH 6 «A par|<M|i9iiipMM la ■«> y m ptiini.&ia- 
timimyltqAloetnr pv 3 dlasUitua litMBeri «enBtaonim, Jtfcodaam» 
€f^^ ly m crit «f^nwn nnviiivmi ^funt. . . 

'SlmtUier fi pn^idDmi» ' 

.'*-i:i: j:4:5:<Ji7:»:9i": |i i ^*'- rj i l^iisSgtSt^ 
«1« i9 1^1 cnnt Dl^too. * 9t "UJiu dimidiiMn S muhiplicctm pcr 
iniDenim eenmnofwii ij , |irOfiuatitai 119 «U ffa^ xbmni «np 
junn tcRntnonMii • ' 

EadflB ttdoaeim praBNAioaii ■ 
■^i- 1 : T : * : II t 14 : 17 : So : >3 yfi finm» »j priml cam nldmo 
qfnhiidicttur ppr 4 dinudniai |i«iiKtiierniitipi». mbifbni ie« 1 
4iifiC9 fttPiPi OP w Hn* VCnVWkiW dus r " "~' * "''~ 


Etk. 



BLEMENTORUM OEOMETRIiE 

LI££RS£C U N D D S. 

■ 

Eometria qiaadfate» cofitinnani > fire extenfioneni vclini 
objQfhmi eonfidcraCj tjafipn ptrtet j miiiiciis & propiicca* 
tes omQes comemphtur « Ciun autem cogtinoa qBaatttas 
CKttikbair vel m lotigpim » vel in loqgm fimul > & la* 
nim^ ?cl in loi^mj latiia» afiqiie profunJam; ninc trm 
«flc continas qnantitatU genep colltgttuf , qine funt lirrea ^ fuperfi- 
cles j & corpnt: corpoa cnim tiiiiam hibee dimenfionem» lofieitudi- 
sicn nempcj lati^incm» tc profnnditatem ^ fcu akitudinem • C^iod 
fi Mmem altioidincm» icii cnOBtndinem a corpore aUatam efle cooFi 
cipiamus> remaoebit extenfio in loi^gum ^ 8t lacom > qus liiper&ies 
^ippdbcur • Si tttem • fupcr&ie ooinis latitudo auirrator ^ retinqii»» 
tur fimplex longiciido » qiue linea yocatuf i fi ?erd a Unea omnem 
loii0cndiiiem anicrri cmictpiamus ^ nihi} remcncbic prafter flgnnm ' j 
ttu cxtremnm lines» qiiod pundum nuncttpatur. Atqae eaGeomctriK 
pma > in qna Uneamm > 8c tbperficier am propriecates , munera » & 
accidcncia confiMtorantur ^ acqpe ezplAiuntur^ (km^tis VUnut ?oca« 
cur s ilU Vero pars> in qoa folidorumy m CQSpowm pvopridatea 
denftonfissacilrj'Gmrfr/iii Sotiis^ it\ Stf mmih ^ ki appcMatnr > 

Oniverfinl proportionnm doArinam oberios ttluibiiiam « acqnt fci»» 
Titts difpoQtam in ptiecedend libro Primo demonftrafimM : in lioc 
ancem &cundo^ de m iobAqacnctbns librfsTeMOj Qmo«. AtQnia- 
co ^ Ommecria Plana 4ifiBiremus. Seims veroLtbcr Solidorttma icn 
corponm pffoprintaicsji & dimenfioncs ohibcbit» 

Dciinci0 L ^ 

C02pii^> ^el %Mi»m aictoir qoanaitaa illa » qim liabcc trHiam di- %SJ*. 
mcnlionem ^ Ibilicec longicttdiaem j laciindiMm ^ U pco&Hiditaccn^ ^Taa. c 
fcn aldtttdincm» 

Ocfinitia I L 

%mptifiait tSi qoantitat > qw» habct longltndiaem > ft laclcndinem ric il 
fine profundiute; eftnempe eztremum corMiris cxtcninm io longymj^*^* ^ 
8e latnm fine oMa craiBtndinc% ^ « • 

Definicio I I L 

. ZjNf4 eft quancicas > qu» babet loogitodinem ttntnm fioe latiaidi- E!^^ 
oe ^ dc fihe craflitttdtne 2 firc cft eicrcnMMi ftpcfficici cncnfiim in ^^ . ^^ 
loi||$iim finc UcUudinc» 


fiXEM3NTORl7M GEOMETRIiG 

t>rfn!tio i fl . 


r 


Fic.iv. Tki/ttm (ie$metti0fm eft^fimuni; io^ quai^ciuce f^pnunu:^^ guod a 
i«b. ^mence poftra concipicdr fiiic iHi^ ^cenfiorii ;4ft ^mpc excremum , 
feii cerminu^ lines» fine cxceniione ; five eft fignum fcAionis lineae 


m JQaif parccs« 


SchoIiumV *. *V\ 


Uneigeherari intelligttur ejc fluxu puiiftt , foperficies ex d&tf li- 


ftiperfi 


»'^-= . 


' Definirio • V. ^ •' * ^ • • 

' • • •' '. ** . -.!! 

fl . . . ' ^ ■ 

5l'vT* UneA^^a cft breviffima 6mnium l8i<?irUflj, qui ab nntoiid^Kai 
JjJi* jpunflum ducf poflTunt» ' ' • 

IJnea vero f«rz>4 dickur Jlla^ qua^ non eft 'breviflhna onmiiim Ii« 
ncarum> qu« a puniQo ad punctum duci poftimt. 

V .' V .: ' " Cpronarium, "^- ^ ;.,:>'' '. • '-' 

Jbsq jMiict j!c^;4iaca Jibft«nd-ad alju^ b^n^uni SucVp«!!ft^tt''v*A- 
Hcet incer:diio.^%l pu«^^>> duf , vel pIurpsMinese rc£l«^Auc\ ne- 
i^wcv CMfeqvemer fi cerminl unius rcfl* Iinc« .pofiti^ fucnnt fe- 
. pm cermiMi^ alterius j-cfl^, linc« , ncc^ffai^fl,.il!f Ju« rcaae hnc« 
'Wafi^ilU cruflc^ flc lilia fiippr ajteram pcrfc(a^ 9^^^, idcfl; congriict. 

.: ., f, E^fioAilQ . .V. I..: ,//- .!;,:,•( r ... 


fifuyis. Superficies plma , fi ve P/^Mw^^ ieft: y. ^u jus omnibus par tibus linea rc- 
x«b. *, ^3 accomodari poteft. 

Silperfeics iutc« illa i Capst qoam quaquaarecfiis aptari nequuUnca 
c iMa , fif^Uf^cHfva appeiiatur i qu« dicicur fuperfcicf conve^a , 
quando eft fuperficies excerna corporis rotundi • Intfrna yero corpo- 
lis rotundi fuperficics concJnii minaipaCHr. 

■ y . • T!" Dcfioitkt IVI L^ : v^- - : , . . 


•* • /' 


^ ^^«/W/ ^Ariutf/ eft inciinatio duacuaiL Iineajrum 1^^ codf cp plano, le 
Tab!'i mutiio tangcntium> & non in dircAum jacentium. 

PunAnm concurfus lincjf upi , .m,quo fic angulus > anguU wrtex 
appcllacuri & linc« angulum conftitucntcs dicuntur laiera^ \Acruta 
ejufdem ai^u^,. !: ,; ^. . ^. ^ -^^ ; f 

^miutms plauMA ftf<?i«Wf 4viw M^ :r ffl^ cftcuur a duabus re* 

Ais lineis • ^ ^ ^^ -\ 

j^iftvilineui vocat^r an^ututy quandocontinecuraduabuslioeiscorvis» 


/ vLlBJEK iSBCU N^|>US- = xox 

VBMiilitantj appdllmr mgfilms A uoa litiea rcAaj & alecra eurva. 
* Qiiaproptcr Jiiieanim mQaiom AB, AC, fc nautuo tangcntium in 
(mnOo Ki «Iteriiisr ad altcrainiadioitio, Q&anguluspIanusscaUiocus. "^Vi! 
"IncMoatfc canraram^Pfi» LC, i« foo^OiiE fc itiyiccni '.tftok^- Fi- ,. 
tliim, eft «^h» dirrilineus. ♦ t' > ..i , « . ^ ^ "''■*' *• 

Aogulus vero conftitutos a reAa BM, & ii curva'B C, eft mix* pi,. xr. 
cilineus. , " '/ Tib. u 

Ouilibet ang^lu^ planus tribus Aiphabeti Kueris defignatur , quarum p|^^ |j|^ 
medta'angpli vtrtibem demcat ; ut aiigiilQi coomittts a. lineis A^ > Tab. i« 
AC, vocatur ai^oIiB CAB, vel BAC*. -^ ' ^ 

' DMca tittera ^t^ Tettkena aiiguU por^l ^tHup^indieaturiax^liis 
planus, quando dux tantum Hne^ adl idiip r^£t^ coocurjunt* Sjc 
dMhis ranti4«|s CX'l y maoBr* appcdUtur argMlys A • «... '. ^^ 

Praeterea angulus. f ImQS: cttao^ defignfniir a |^af va lit^erjt pofitajfl 
vertice angiiJi inter duo btera ^]ufdtm 'anguli . Ut angillus ACXfM|;''J* 
comcnius a lineis AC^ & .LC^dndicaturalitterax; &anguIusBC.A 
delignatur ^ littera m. 

Corollariom • i t 

QMntam -iLiipilin: plaiiiua m. (bla limiaruin (^..niQtuo^angenciumulj- 
'fiHnatione^eonfiOk^ ideo ra»>Qr vtl.m»n(9r IUwru<>) longi^do ar^gu- ^mt.^ 
attfio notvMgoS) nec niiiNiit. «Sir angulos CAB nop t^uutur^ iffwxk- Tao/'. 
vis latera AB^ AC.vorfiis B> & C ioidefioitf prp^ogfMfKur», •/ V . 

. DefinitioVUI. 


f ^ 


<: R«aa Jiooi iiipgrjtnam rcAami ioliftcnf diiqs eflipit ' 4pgi>Ios ^ qfii fij^. 
vocantur «»^»/1 dcincepf pq/ftiyytl muU cudjeqtunUf ^ ^iiales funt ^iy* 
duo anguli m^ & x^ vel duo ABC, ABt. ^*^** 




^ Definitio X X. 

Cum rcAa linea ( A B ) fuper ^tiam reAani' Ct^L* ) iMideni^ non 
magis vcrfus onam ^ quam vf r6is i\ttramt partem inclinatur , Sc ideo x^^ 
anguli confequemes ( ABC^ A'BL') ftim cquales ^ tonc uterque z- 
-^OoHNlO.aigji^rwft «qcjttocr^^^ rc^ (AR) altcri ( CLJ in- 

iiflens dicitur linffa pirpcwitcuUrir ^ Vel "hormatis ^ aut pcipeniiciium . ' 


• ^ 




^' • • i* '. <• • . . « «. t 


^ Cptbllatuim» 


Ergo ad reiflam C £ ^ & cx^ punAb in ea B tiorca refta perpendi* 
co1ar^S;BA du^iop^ft^^^ui.ain unica pofitione BA Hnca nonroa^ 
gis incUnatur verlus utaam^ quam verfus alteritn partcm'» 


FiCb 


"' ^pcfimtio X. ^^" •;-^'; '; ^\] ^'•■'' 

Qttaodo reOa lioca ( ACi foper aliam re^m (BL) confiHcns ^j^b^u 


i*t StSMENTOROM GEOMlTRIjB 
iballs jAMibf aaairi, <^ vdte ittenm pmm Miimw. •• mo. 

ftia» iSe { ACB» fea a ) » qoi Majo» ett ieO», «m^ diW<»TO. 
«)tar4 V«T«ix) ( ACLa fcns ) adoor «ftm(H> , iicta«4i^iAM4^M«, 

CocoUarinn. 

ClflifcHeMflf' MfilMi xiAitf llle cft < crt ca tdtcn mmc " ^M t 
iMAtt QanAqaens. efficicnr, oiliiiat Utoft ftaimntmt ' ' ' ' 

A««altfto6MrM'«ft Mlc^ oaJHi oaaoi iHat fra^artmii aoaaiHiicta- 
^vUM cdnjfeqitsntcift ijpfo flrinoiiMi* 

Afiutu» »era aMnfeu cft, cn^a aaam laiat cs «Ueta MMt Modo. 
^ «llclt aAgulM» toaftgacnMM ififa ■!,}««■ ^ fiiiM rfm» 

MiaiiioXL 

Vxmit pMiUim t §a» 4^iiHlfimUt dkunair, qm in eocteRi plaao 

cxiftente* eamteo» femper inter le diflantiam {enranc ; ande 4]larnris 

ottiiMiic tn inieiMitum fitodaaaciri nw B qBao» ta*ca foofcaiciie. 
%7k: ^ ^ '^ termiMO AB pcrpendioularitcr movcri» Cm fliMicca». 
fATLdpiatat foMi CL « ^ yadftan» cztKmum A drfnibtt 1 

AAM panlltJam, flrc' «fiittftaiitcm rote CL. 
Coauqnenter quando linea perpendiculares im^ doas linea* inter* 

pofita' squales funt imer fc « ttuftf illa ^me teEtd fiinc porallelc , fea 

oquldiftanta . . 

, Atqu^ tidfllffl ^aado da« liiie« Ibm nHlIcbry perpaadicaiiMt iu- 

ter ijjTai Ineeiixptai «4aalcs anmc iotcr u. 

Dcfinitio XII. 

Ta^k '^VxM: «ft %«tbKD> 9ib imo^ ?cl plttribiis temiinis widagHe claiifi»i. 

])€fiaidoXIi/- 


Ffft.xix. t^0pt4in€ cft Oipevilde^ ^aiia ^ gtt ab imict > vel Jf ^Mbwli* 

Fk tt °^^ tttidiqiie ternfinatur . 

m r. ' KfaUimea dicitur ;$i^yii ^^^m » qust ii liiieiareais andiqne cbodkur « 
hfXxF. f^j^s flMA cm^inea dX iTla^ qte a lineis Cttrvis terminacur • 
Fifc. il »^xiflitu0 vero appclMr ./^# P^m^^ qu« partim a iineis curvts. 
TaKu^partun a Iinei& rcfiu dreumfcribttur» 

ftr^ ffai^' fttoc litie» ^ quae fiBttnuis terminanc^ acqnc 


' ( 


.1 

■ 


claadunt » 

Onmes veto littear^ qn» %araaa<(eraufiant;i finMil fumpc£ i, diciia«. 
tttr ftttmttar^ ycI C/rwnV^i ejufdcfll ngura* 




» » / 


mdiqae cbHickic non poffnftt. . 

J5*WJHWF.X*yi/ «111/ ' T' n ' ) 

PfpM*^ filUs eft 4)^iiil Jib «idak^ wl r!p1t»ib« foperiidchu wh 
dique cermiaatnni« 

Gcomems pars ilh» iii qte de fgprit pMi* ik liA4i»4k IWi»* 
lis in plano defcripcis Jsitnr^ OeemH ris P/sma appellatur. 

Dafinitio XV. 


dfcntmi ell Bgn plana carviliMsa ^b^fnica linea cunra eerflilnatt^ 
CQJua iiqflnb PUOda ^ViaUtcr difiant a punfto mediQ* 

Ut fi qunlibet re^U linea ( hC ) circa alleinmmi <yM eiMmini 
( C ) fixum j & inunobile jumdin rerdln conciptatnr in plano < 4k ^J^fh 
K pcc B» D» E> F ) ^ donec ad Idem ponaum ( A ) # fire ad ea»* 
dem pofiQonem ( AC ), ex qua difoefjeratp refCftatnr. 

Fign plana cur?ilinea < A%D8f 6L) «e)r «nM «jntk^i «dQn 
f A C ) dcfcripta y Chtctdmt apptMnniyy 

iJtoea curra ( ABD£FGLA}ab ajtero ciramidiAn rc£ht excre* 

mo (A) ^^tAjt:^ p ^htaoftfercfiiia dicitur, yel 9 i ftp be fk f, velPfHfmr* 

tfOf mctdi ; five etiam voca^ Unf0 nnmddiims ^auc tines tirciwMimtu 

^ Circumfcreatis partes < iitABDjCP»Al#<8) .>C«nf ^ltcmlf 

dicnntur* 

Pnnflnm medium ( C ) appellatar Cefdfmm tiremli • 
Omnmitas limn (CA»CS»CD|.&c) a climU ceniro . »c 
a peripheria terminatar^ vocancur Hmd$^ » vel SfmuHsmtttfi tjudem \ 
ciiculij qni ooines fimc 4949* rc«qnalca^ iit cyidens cit% ^* 

> • 

CircuU Dism§iter, vcl Wtt^Hpu^ dicttw ^libet lre2U pereemnitii 
circnli tranfiens, Sc ucrinque ad periphcriam tcrniinata> ut AB» qun S^^ 
ebodnm kafiHcmmii^ hoo ^eft in duas. jvm mqiales dirldit > qnn Smi* . 
cma/f Tocantur. Confeqacntdr Semicffmm e(l n^ira ttafta fnixtfliliea 
terminau a djamctro^ H a 4ivddia drcHli peripheru ^ nt AB)* « 
^el ABM» 

Dtfioido XVU , . 

• ^ > 

• • • • .' ' ■ 

thtaU tbtris, vd M*9nt*, Tocatur 9»libct (^ titiioqiie ad pc^ 

• - . riphe- 


y 


>o4 ELfiMliNTORUM GE6xMH?rRliE • 

rifr IV. ripbcmm terpainaca^ qu« per cencruni (firculi non tranfit ^ ut AM( 
^^^*^ ^^* atque circulucn di^idit in diAs inaequales partes^ quae dicuntur citcdi 
fi^^nif^cl pthrtioaef. 

VnAtJ^memkmj ^^pcrfh^cftctdt, t& fig^hi ptaMffltxttUneaooin* 
prehenia a circttU arcu^ & a chorda. • ' ' .... 

Atque figmmum mi^ut dkitar illud ( A B M ) , in qoo reperitnr 
ceotruoi circnU; altenim veM^A^M) iK)Gatur fcgmcntmm mmit. 

. • - 
Ffjwwc trUdters re/iUinea , fm ^tfuapdum teSiHneum , eft figura 
^^J^pUna reftilinea a tribus lateribus tcrminau^ cu)us Q>ecies ratione la- 


ctaim Ibni: tret ; liimlMMi 


' •' ' • '. Ui: nt . 


Definitio X J X. 


rig.n. ^ - . - -. '^ i'i: ^'^! 


T%.li. TriMjgulum ASqmlMerum, quod habet omnla latera arqualia. 

'•1 06)lnilto XX^ • r . . '", 
FU.VIL TrumpimmJpffchs 9 xW JSquicrurC^ quod duo f&titumUttniirqitaJla 

•:- .. ,1/ »:-.., Dcfinitio ' X X I. ' \i '. • 

^ SetMiioai- ' • •■... , J . ^ 

Trwngulpnim rpecie* «lionc angulorom fijnt parittr tr*t , <Hu» , 
up.daponfliavimus, vel ooanes trcs anguti funt acuti , ?«* «nus «t 
kOM^ avt.cbtufu;^ & rclifl.a 4»Of ay«t^j ^««ie . , ..,;,,,„.. / 

.. ,P9.6mtio XXII..., * . '■''■■'' ■■' 

•' ^ / . » ' . I .1. .?«. Ul«j .,41. • • 

ni. IX. '' Tri'sH£nlum re^angntm» tet' irthqiHtiim <&,. ^. hibe^ ubi«v»- 
'^ ••*'- Definitio XXIII/ - . . ^ 

T&.ilj|pgulum pbtufiim. . _^. . ; „^,^ , , .... 

I3«flnitioXX1*y/- • • ' ' 

•• • . ■ • . ■ I •;! , , • . ■ .. , . ••,.•'■". ! l',. • 

Pfc. XI. TrLtnauIum vero jicutanPtaim . Vef cxfe«o/<*W^*llbcr ««ni«< ««ipd«* 


aciitos* 




' ' '■■'"■■' 'DcfiAit«<J'^XXV.' ' ■ 

In qnolibet triangulo reAangiJfo -Itfcus^-Ortwfiaim angulo refto vo- 
Cjtpp «y/>«<!i«i»r4f & relioua duo latera fiigqlw reftum conftitHcn- 


De- 


^LIBER SECUI40US« soy 


, l^ qpioris tviangulo i^Sttinep rc^em ooihiUariiila laMirmie » hoc 
cft tria lacera^ tres anguIij*'&^ipArii mahgilliiili»^, ^lMJac. iiv<^$- 
.ciet pfaiiia > jtribiis, Ja|teribDs iindiijue tertninaca • • f 

Piscferea npminaptp doobul brbngiirfi ' tateribmr^ «dtqirah» kou ro- 
eftciir iB^f^f^txsi oriangiili ; V bdis^criangili tfofcelir eft lania iii*' 
mpaki» .... 

DcfiniHo XXVL 


YoCatHr FiptfAQf^^f^^^^^ Vil Figmrs llmidr4U^0fii , qaia habot 


.quac^ff angui». .1 ) 


Btfiiilo XXVi 


ji 


TsrsiMpgfsmmwm eft ^gara q6aMlnllMt> cvias Una oppofita Un^^tn^ 
.«a (uot paraMelav; at^ dicitur i^^Miewfawp^q^ ejus qnatiior xm. 
apgiaU iunc rcat, * /• Ox * >' • r^y 

oUf^aaifya/in» Vero dlpinir ]^ralklo|^nMMla> «laado iiabet,afli|i|. w.% 


Mftfl 

lo$ obUqiios. . . . , /V* . , / 

Pnecerea vocj(tnr'4r9i^jcrmpi»^ ^uaiidorh^ latota ^ 

Mialia incer fe. . 

Dcfinitio XXVin. 


nfftam ii l i in t^ ^tSbfS: 


•f / 


Defitfidof XXIX» 


. j^boNifor eft parandogjranMiM • «piiaieinni • & obliqinogyluni • ' j^ 

pefiiiitio XXX* . ' ^*^ 

* « * 

F^s stietM Iktt^ ktigipf ^ q^ ctiaai reSmipdmm ^ rd oUoftgmmwi^' 
^icimr^ eft parallelogRMnomtt ttaangnluoi^ & aon si^ilateniai ; ftd xJka 
li^Ma ifl9^ oppofitil laccia nqnaha » . 


• • # 


' . - • 


. .D«fifliti» XXXL 

* • . . . r 

l<jb0Mi0tf^r eft paraUeloflrsnunom obIi<yiangutttitt , fie non ttqul* ng. 
latenmi; habtc aowB biaa latara oppofiu cqualili inter fe. nS!^ 

. Dffinicio XXXII. 

rm^AM^vfl 2)4m$!U a^iniar ««mi« alia figmquMbUMm, 4i««fc^ 
MnrfMQgramoMHD non cft, - • • 8^4 


*"% 


V 


^VS ELJlME^TORyM G^QMETILIiE, 

XXXIII, 


Figmi flMB itBiJSmm»^^» « p|a(iti«f « . <mm qumt htmbn 
-luidlqiie tci«Utti)tur»Mw//«MAfyr« vfL muff^fiigiiU , jd-f^/gmUim. 
t» vocanOH'. 

- Atqne /i »j i M >w A liiwawe .htg^iUw jCQroptehcnfian V^otiir IVm» 

a novem &wfi^«MM» &c ; atqiie ita de rdiquis 'figdrik onilcllatcris, 
qii« femper nomendefiinwni « •uinq» latvnim, ?el ab aeqBali^iMiBr 
ro imgnlonnB. 

vii.n ^^^ di^gtmdh cujhMs *8«« eft ntBk lioiQ» |«nt* t^m dnaa 
TtkiL^ quolibec anmlo ad aliani angHlaai oppo&ifai^ quk KictlnfiM^ 
lelogramnio yocatar Dimkm$f rrr^WfliTPlcr^ 


V A 


>i(hXtL «^^^ cigkfyis fymm plmm cft fuperficies » five fbijiititn % {$^010- 
TtertK cro ejttfilem '«gdm %wlkm dinfiiti. Uc.^.c^Ux^^ fiip^es 

ceraiiiutta a cribps lateribos e^fdem trianguli. Area cltciH «^^ Ci^. 

^ a periiAefli ijifiliKrci^ ^onvr^ffMn. £t fic; de c«taU. 

.M«itio XXXVl. 

» 

^ • i' $i' quiaibet /rc6ll COTMmt& AC pfrp^Uailariter ipioTcr 


^ _^ ^ ooitfi^poficione 

*5»-fl- AC, EF , GH/&C. fiii vieftildttm inKlMnere , donec ▼eniat ad po- 
.- ^ £ticmeai BL^ ;uhc jreda AC defcribet reclanguluni ABCL* 

Idem re^Bgtilttm A L 'ttbtiiwQnr ^ rfi #ii^^^perfiipvlicularicer flue* 

Fifc ' w concipiatur (upra toum A C , & in omni pofitione fut teftig*«ni 

x^« relinquere . Unde reSanguiiiib A L oeapani intelligitur ex totideas 

''^^''Jineis «qualibus r^be AC^ quot funt elemenca^ feu punOa confti-* 

tuentia roflam AB; five» qiiod idem eft » riftMttltttp) AL coopipi* 

' ^ tur ex totidem Hriets «qaiHfctri reft» Afi GOaffiMt flUoc,flinc' clp- 

menta^ feu punfta conftituentia readm AC.;^; , ., .' ,/. ' ' ?; ' 

^ Hinc quodlibet reSangtflwn^f^Lfieri^ feu contf»<ri dicitur ii dtroUis 

xxiL laceribus concigyis A B ^ AC • Atqfte kiito A B dicicur £4^ j & per- 

TaMi. pen^iciiiim^C yocstfiff ^ltitudo ejufdem reSar^i,. 

. \ Quapropcer area. cujutVis re£languH^ AfiCFyfinllfnieuu: mu{cijpli- 

t'* u ^"^^ h^ixvd AB in alcicudinem BC.fitetifaa ft JM6s]AB;fuerrjc Jun- 

'ciarum, fcu digicorufn quatyor longitudinis, & alcicudo BC trium , 

mulciplicando 4 in 3 ^ produ^hifti t i eiiiiiiiebtc aream ^ leii fuperficiem 

S&vi. Si aucem bafis culuf^mqfie^ tiMlSS^'y^^jkm%: 


L 


LIB ER S ECU N DU^ l »? 

m, tunc produAura bm figniiicabit aream ejufdem rcAanguIi • 

Cum ^ero bafis AB eft arqualis ahitudint AC ^ cunc reAangulum ^^ ^ 
AP ab ipJfU coACemum rocacur quadracum linea? AB« vel line« A C. tJ[|ji^ 
Atquc fi bafis A B fueric quinque nnctarBin loi^iiudini^ > ectaai alli* 
rudo AC continebic quinque uncias longicodinis ; & produduoi CX5 
in 5 j boc eft 25 ^ exprimet aream ipfiMs quadrati. 

Si qna^Iraci bafis AB. vocecur a^ xqualis alcicudo AC <ric paricer 
ai « & produAum aa ^ vel 1* > indicaUt treana quaisid ct timm ABa 
vcl AC> 

CoroUarium* 

X.inea jgttnr per aliam lineam multiplicata non producit lineam ^ ^i^ ^^ 
Ced fuperaciem . t7t tMltipttcando lanea«i;AB miciaffttm quaoior per l^MU. 
llneam 6C trium uncianim kynfjjLtwiims^ prodiiftum ^idcm cft ii^ 
Ted non fnnt 'duodedm imcis looBtnidintst fiiiK cttioii ut apparct ^ r 

HaoJlecim fiiperiicies qoadrat» ^ qnsniai ipsritfaec Mcc imaai unciani • 
Jongitudinis , 8c wiciam altcram latttndiois / acquc iuijttfiasodi par?a 
fuperficies quadnta appellatiir mtcis f$iMdtmtm. 

Quapropter wHnfwm altfl^ (iim l^^t , qolbus tocQrnui diftaiittas 
dimetimitr ; ali« vero dicuntur menfurai fupeificudct , quibns fi^perfi* 

cics ocnnes dlmctiuntor. « < \ 

» 

OefittiM yLXXYl^, . . ' 

ReAan^alum ABCF ccmiemiia aliaeis AB, AC, ia ii4iMtiiri^^ 

Qfmiuam ntQ'teQm KB Sc ift^tat X%* . 

Praterea fi linca B fiierit «qnalis lateri Al^ -ttautgtlk AtCP; dt 
lina G aqualis fiierit lateri AC, taac seQaflguhim AF etiaoi ceo- 
tinoi didtur a re£tis B, 8cQ, ■' ■ 

& redhi L &eric aoialis lateri AB qnadrtti ACFB>tiinc-|u,iii. 
inim appdlabitur ^xpaa qoadnRiini x«aa L. taUii. 

Dcfinltio XXXyilf. 


uAda^ cajasliliec ^mra nBmned eft popendicalaris ad Ufindit- ,u. ^^ 
m a ?ertice«.vd ex laterc lyUi oppoGio, ut AM. •t^xa, 

B« dato poaaot «t «liMh pnaimi naaoi l^iM» Amm. 
* -MoIaflMill^ 


( • 


itam reifiiatn liiieaoi tmtt^tiacttii ^ Jbtdlm y 4^ faMikitc 


Pofiulauim II L 
Ditd ccncrOji & imenraUo^ feu rftdio cifcttliim Jefcribere*. —^ 
<" Scholittm. 

AnoaMris fepwn jtm cndicit in Algcbra nMmerit it, S3 » S4 p 
Htc* adjnsgenda fiwt qw fcquuntitr. • 

Aiioma VIIL 

QlDr ma|M i^efimpofita congrumt, ftint «qimUa incer (tm 
Utfi circuk» A faperimponttor circulo B, Ac polito ceotto 
'*t^^H A fiipra centnmi cucnli B» ciraimferentia drculi A perfeA 

clat fiipra eircumfcrcndani ciiculi B; tunc duo circnli mutuo con* 

grnenc^ atqne erunt aqwdtt intcr fe j uc per le patet. 
Simtlitcr omnet circuU htbencct ndiot cqualcs fi mutno fup^ricn. 

ponantur^ congruent» dc tK|Daltt crttOCj uc fx Ipla circuli definicio 

ne patet. 
Pncterea omDCS ttSim linen «qnalcs mattto fiiperimpofitaB cong^uae^ 
Icem ooines angpili reftilinei SBquales ^ fi mutuo fuperimpaiui7/nr ^ 

MQgnicfc dcbcntj nc cx* DffiaidooihNs 5:^ ft 7 iiQmcdiacedcteicur* 

Aidomi IX 

Totnm eft fua parte majut* . . ^ 

'.. $ic ^iOl A ^ ataior cft qyalibet parte A C^ T^ICD » vcTDB ,&Ci 

Axioma X«.' ' 

Ornne tocmn «qutle efi omoftqs fi|is ptrfibus fimuf fiimptts. 
Sic tota tti&z AB adcquat omnes parces AC , CD 1 DB fimd 
iumpcat; nimimm cft AB s AC.-h CD H« DB. 


7 • 


• f « 


Si insqMlibM' «qMlia iiAu, 4» fiuAt, fiiOt in*|aafis. ^^' 

Axidmi-JCtt* > 
S ab ini»>(it!W>wfmii iiwm, qm itaMUKm ^. foat i^MlDatti. 

.Qbb efu$knv>.m^f(iiltliMn fiiMiivela, i^ripla^vel <inai^pU^^ 
uuK «qMlia imer fe. 

i '-Atio-i 


Azioma^ XIV» 

Qmb fiinr ilimidiiiaii ^ vd wtift.iMin» vel qoirta Scc« ejiifilvn > vd 
«qiialiuiB> fiuic paritcr «qnalia iiicer le« 

.• • ' 

Axiofna X V. 

St fiiecic cocum doplnin lociss , 8c ablacum diq^iini ablact , eciain 
itliqttMin rjeliqui dsplum eric* 

Sit nwnerus 24 dnplus nomeri zi, tc ex coio 14 auferacur nume* pj^^ 
rus xo dnplus numeri s^ ^ qui anferacnr ex coco Z2 ; eciam reliqnum viii» 
^ — 10 du^lam crit 'refidni n --r j | ideft rcQdoiMn 14 dvplum ^u 
ckit refidiii 7» 

Aaioon X V h / 

Ottines angttli refti func squales iocer ik. 

Sli 
reai 

ferimponaci 

tnnc petpendidilaris B'h neceflirio cokicider 6um peilKiKlicttJariCL; 
oKoquin fi' Mnc ', ?ef indc t perpenditfnlari G L defll£lerec , eflcA 
ohliqua : rtiod cB oomnt hypochefi^ ; contcgttehccr ( Axiom. 14« > 
anguli rdSi in B {am «qnles angnUs rcais ia G , qoia coagniunc^ 


• 



; ' ; AttofA» XVII. 

Dtto latera ctijofris trianguli reailinci fimul fiittKpn 
.Ibiit majora • ../*-• . r. r 


* « - 


Ut in mamdo ABC , cvKteu eft dno «dibet latm , excmpli «, «. 
caufl&, AB; fC/4iiiluPfalnftt , «aV* y ffllu1«*gftrai efle relic^o Tit 
laiere A C , Qipod ab Eaclide dcinonftntur in Propofitioae ao. Li- '"* 
bri !• 

Axioott XVIII 


I t> 


<»Uri«ft«linei<^«e.J ad fuOmA «fi^bod (D) iotte iaftm trian. 
golam docantur duc reA. lia«fe/<Afi, CD^j ififir&wirttiiiptca». 
nores emnt rehquu dnotws dati triansnli literibus (AB, CB}fimul 
fiimpns. Nimirnm femiu n A>per:<D ad C minor eft, quam fcmi- 
U ex A per B ad C. 

PRO- 


^. 


P R O P O S J T I.a P & I M A. 

• . . ' ... 

Snper dMd fcSs Uma terrmnats iti^mpdim ^^uilatffnm defn^^re, 

rSiJrtt Data fit rcfta A C tcrminata a. punai$ A , [& C , & fiipra 
11 1. ^^^ tt&am wn&taifaixm fic. triaiigMlm «qniitcnifttK 

.Omftnifllo*. 

Ex oenno A^ dc inoemllp , feu ttdioiJLCXVotk^^y dekcviba^ 
tur circulus CDF. Similiter ex centro C, 8c intenralto cQJMi' C A. 
defcribatur alius circulus A D E , cujus peripheria alicubi fiscabic pe* 
ripheriam alcerius circuli , ut InpunAp D,\cx quo ad pon^» A ^ 8c 
C ducantur du« re^lc linear D A , D C ( Poft. i. ) • Dico crian^u- 
lum A D C cfle stquilatecuBi •. 

Demonflratixaite 

r 

• 

Heas Jiaur A D ,. AC {imt rodii ejiifdem cifcuU, PFC;. idcaqaff 
C HtSn^its. ) eft AD = AC. SioiilUer efi CD =.CA;» 4»^ 
fadtt: ejnlHbd cirgjuli 4'J)E ; ergo ( Axiom» u ), erit AO ^ DC^ 
qni» aaahK» oQanik iimn aqui^Ie» eidem reOa A C • Itaifie tse& nOz 
AD, AC, CD erunt aequales inter fe ; confequenter ( Defin. X9« } 
triangttlum ADC erit a^iSatmHn «, Ergo.iuper dau reOa terminau 
conftitutum eft triangulum aBquilaterum • Qiiod erac &cieiidiim ^ 8t 
ioatmftrandHpi^' ..• r) 

£ft Propoutio X. Libri u Euclidis/ . ^ . , k , 

'«" BR.-ft.p'Qsi-ii>6i s"E-c.a.-N D aV;^ 

♦ . • ♦ ■ 

Problema, . « 

£x daio fm$9o feHsm tinesm dmcere ^tqumlem dmm teShitetmhuaa. 


^Fif. ' Data.fitrQtececmimar'AB«aiAiiim ficinmaMi D> es«N»id|^ 
^^i^* oeada ficUaw rtftii aBqialis ^faua AlU. . 

COnftflnAia* 

Centro A » iiMCMiil^ ABiP<A ». >.AM»|t«rfiMliia |f E; 

^ dcinde a pundo D a2i prni^tum A ( Poft. z. ) ducatur rcfta D A. 

Super re£b DA ( Prop* antcocd. } cooftruacur criangnlumsBquilaterafli 

ACDj cttjus latus CA ( Poft.a. ) E^odocatnr ufqiae ad pcr iferiam in 

-, ^ 1 -' — fipo. 


l 


F ; poftea centro C intemllo CF / Poft. j. J deTcribataf «Uns ck^ 
— '- ^^' • «Pdfe»Twd«eattr htw J0I>^ ai- ptripheriam cif- 

ic DL qunu linea. . «^ r 

DdMnfttatio • 


' *' ' '*• '■•-'-*.• % -<> ••^ , .''.t.''uv., 


,^ • - ^ ,-..-.,,. . - . . , ^ 


r Defin. 2»^ ) *tt latw CD a-C A . Vtikt^ rD«*i. ly. ) ^ ». 
« cJSt^T .TLZ'^'.*'"*** 9 conftniaione , funt radii majoris circo- 
xJrk'. W* »^«g««J*»» «o«* Ct, CP atffeittntur panes «qoa- 

I,5rS « 1* ? ^1^« A« a= 4F «< fiim <«i*i tadU drcttli mi- 
noru FBB h ergo ( Axtom. x. ) erii 0<L 3t A'B . Qnaprttptcr es 

1 ^?nS^ *^V! ««* «»2^1i« dat«t«a«termSat« . <^ 

•?« *"*••"" ' * deoionftian4«nvv> ' ^^ 

m^ ftopofitio IX. Libd x. Euclidi». 

- i ••. : .i.( ■'.'}•• ■ . .,. ^ ■ 

f R O*» ;05 I T I aTERTlA. ( 


t -.1 I. vw.,_ ... ' ' 


. •». . : 

'II I -- • ■ < . ... 7^.*!^!? l 


^^eWi 




Ctet» iint dus refl» ioeqjttte,, A1Frtia|or , & CD minor . aMUe «u 


T4b.ni 







AB (qua bac ma;or eft-Cft, reurailb Afi-i" i»'4n 4i.weh« c tT 
co AF efl. qu«fitam portiooei :S«S UL^S. 


"m 




£n Propofitio §. Libri i. finclidis. 


0^' , PRO- 


x^ 


m Ei^vimtomuGnotnBTtLis. 

f JL.QPP S I T I b , Q « ^ * T A. 


Froblona. ' - - 


. 4mhm*retil'^tJifdmf'd0iif)^f,timH^,tfiJ^, 


.,: •jf 


«fc t. Oaor «ot tn» ic4N.}iom 9H« A > & C i, Waniw :^i«jOBMii&- 

T«Mir.n«ai fumKc reliqHa i}nt iDajoK$,( Axioo. 17. X^ «t<|uo fupra Q ^ 

ittstibtiniiim fit Ki«aai4ain, q^ua «cUqM dwpi,jifX(K^ ^nf >^iialU If " 

CofiOmftia «.< . : r. * J ; ,7.,. .^ . , 

ReJli termtiiau G H ( Poft« x. ) iicrin(]ue productcur verfus 6 ^ & 

F indefioitej 4evi4lB C^P<9<f(qpdiJt' %F^f^ ft^ ^^ «qnalis 
liiies A^ & H F = C. Poftea cencro <2 incervatlo G E ( Poft. |J 
defcribacur ctroulus ELM» Af^fCf^iH radio HF defcribacur juSnr 
ctrcolus LFK. Tandem ex punfto L , in qno pcriphertac ft«J«J^ 
tetoC • ni 4Mi|i<SNin|.Q, &^|^ < *W»vl-;J ,4iJ«fntur reOjp ^G ,j^l 
ertc L H quttficum crtaiy{|iliii^t . 

, . r • Dem^nftratiR* 

Latus G L ^De^n. ly. ) eft asq'»»!^ t^ Q E i fid «aa G E 
rCoiiftr. ) eft aqualU tefta A i . «wp . ( Axiom. i. ) erU latus GL 
cquale re£he A . Eadeoi ratione e&ViL =s HF ( I>efin. ly. ) ,« 

gE. = C { Cwiftr.); idcmae <^iQ?^ .'• ) f^^ Sl^>f^.^. ' 
tnlo^aeitar taprt.GH conftitMwn ^ «HangMlHip jQ]L H n^ffls w- 
, liqua duo ,Ia«cra G LV t H «qiialia ^qni» 49tiji fiX^U V^f^ A »\ • 

bS I»«poCtio U,,|AS[ rEuclidik. . : *. : ■>: ::' i/ 

'•"'-^SniwV fc., .tru4w:( V^-.^J^^^S^^XS^tl^^S 


iilmialcs 
Schalenum • 




O n JRO- 


PROPOSITIO q.UlNTA. 

Tbcorcm* 

Si dm tfimiifis b^mtini Aiar dngidot ihohtf mipdii ^ndft dUnm 
dUfft ^ ^^ ^Bqmaif tstert tmerpqfito imier ^m^affot aqtkder^ 4^ 
reifqia IM^m Yctiqtrir Idicribut ^qtkdia ^ nltquHt dnffitftt rclifm stim 

' £ulo sptaUt^ dK tfistfgitlum triaigift6 squdt erit^ 




Dno tmngula ABjC ^. BFM habeam ai^Iiioi A «qaaletn ^"Solo tlJiLiv 
E ^ angttlani C xqoaleoi angulo M , 6c Um intercepCDm aC aeqaa^ 
le lateri intarpo&o E M > t>fiendendum eil btus A B «quale tffle la^ 
teri EF^ latus BC = FM j qu« «malibus anguUs oppohttntar; an«' 
gulam B aeqaalefai efle ai^o P , jk triangtilum AJBC aBquale cfle 
triaiigalo fiFM. ' ., 

Oemohfir^Of 




• Intelligatur triangulum ABC ita fuj>trunj>ohi 'trUrigulo EFM^ ut 
punftum A cadat fnpra pun£him'IS ^ & latus AC (upfa sequale Utus 
EM; pundum C cadec in M » & niutao^ton{^uent duo Kqualia Ia« 
tera AC> EM> <,C^rolL 1^^^ ^ •<Cu9 adtpoi f]|'hjri>otJicfi aa- 
gulus A (it aequatis angulo '£ j latus A B" neceflano cadet fijpra latua 
£ F • Simillter quia eft angulus C asQU(^ angulo M , latus C B ca» 
det fiipra M F ; confequenter pun£lu(h B commune duobus lateribus 
A^ > C B' cadtot fupra poiMftMi Kiiotoanine dnobat latexibos E P >' 
FMj &^ii^m ABC perfiefte coagmct cunr triangtilo £7M| 
crgo ( Axioro. 14.) eric lMi# A>a = BP^ latos HC sFM ^ ^it- 
gulos B aeqaalis angulo F , & criangnlum , feu area ABC aBqualii 
ericHrc^ttlimgnli Ef M'« Qflptopkcr. fi ^dlio pXaagkla^ihaboermcduos 
angplos dttobus aqgnlia «qaaies , acf«mqiie/ii«iq|ie -, Sc latus intccpa** 
ficum «qaalc Uteri Intcrcq^ inter «wib)a JH)iiaies ^ ctiam raUqiia 
iciiquis aequaUa erunt« Qpod crat denKmftrandum • 
- £ft pcifiia para .Propo^ni» atf« liibci i^ Boclidis • 

;i PXop"<>SIX-i6; SBXT A. 




Thc<*ema« 

S« aito trisiiguta babuerint angmum aqualem angido , (&• latera aqma* 
iet augutoe ^ieutia aqualift' iuUf fe u^nmque utrique s etiam k^fie 
^fidit erit isifi ^ triaugulum aquale triafipdo ^ t^ teliqtd duo 4»* 
^i^lt fttiquis duQtut atigutit aqualet erunt , quiiut aquatia tatcra 
/uheudiMur .•- 


N. 


"^^^'.'^* '^«^"* * ^«^..?S..V. 


*• .'. 


lattts AD == BC, & latiis AE = »14; dico balini DB «qoalen 
cflTc bifi CP; tr^ngulum ADB «tualc efle critogulo BCF ^ attgn. 
lum D = Cj & aDguluoA E «qualcai <Sk angulo F i quibus oppo^ 
QunQir lacera JiqQali«« . . 

Demoiiftratio* 

TtiAigttlaoi ADB iu fiipertmponacur [triangdo !BCP> 'ut pto- 
£bim k cadac fiipra pundfami B, 8c lacus AP fii^. as^le bCQt 
BC ^ punftum D heceflario cadec in C > quta ex bypocheu eft lanis 

JJL D SZZoXf^ 

Phoerea <|Bi% «ngulus A cft «qualis angiilo B cX hyfothdlx » iieo 
lactts AB caaec fiipra BPj &pat^2um E cadecin P^ quia (hjrpock.} 
«ft lacus AB =: BF| ideoque reaa DE {CorolU Defin. y. } ton- 
gruet j0um reOa CP (qui^cx denonftratis pnnfb D j & fi caduiK 
in C^ & F) « & triangufum ADfi congroec cum triangulo BCP, 
angulut D cum angulo \^,Sc ai^gulMS fi ,cum anguld F «-' confequen* 
cer < Axiom. 4. ) eric bafis D fi «quatts ^fi C F > triangulum A D E 
squale triansulo B C F > angttki D ;=: C > 8c angiilus E =; F. 
Ergofi dtto triangula h^erlnt 2i^«.Quod erat demonftrandum . 

Ift PtopoC 4. LibrlL Buclidis- ' 

P^OOSITIO SBPTIMA. 

THeorenaa. 

Sj dm tnmigda tahirim dm Is^ ^Mwr tdUriiMf tfpuHiA^ mnum^. 
mae utrtfin, ^ IsiAmrim Mgdm» msj^m a^td^ a isiirsiut aqM^' 
IHuf.somcmQ^ iuttMkma aimm hifim mg^rm hifi. 


*&C s EL» ftAOguIiim ABC mi^ofem aagulo E| dfco bdSm AC 
oppofiam nMfoci.angBlo «ajoMn ^ Jh^ FLj qus fitoiiditangtH 
lum minorem « . • 

Concipiatur iriaflguUmi EFL isa^Ynperimpain triangdo ABC^ uc 
punfbim E cadat in B , & latus F B fiipra aKjuale latus B A excen- 
datur j pcxnaum F neceflario* cadet ia A ob aqyalicacem lacerum 
BF> B A. 

PmMea » quia ex hypocbkfi ai^ubn E minor eft angulo A B C , 
lacns £L cadet infia BCj nc in BRj,& lacus PL cadec in ARt 


I 


4 l 


l'\ 


Dettion&racio « 



u, Cpnieqiieocer duo ^lai^a fil^ ICy qu9 oftenla 
foctiodi piirte AidtHn. i;0 tfutic euaoi maioral 


A 


' LJBfiR SS.CUNOUS/ « «iif 

1 Cj q« cx dfinoii£farati& fiuit inaJora6R> (fccunJa partedxioiii»u> 
crunc cdaui: majora dnqbu^. Sl 9, 8c IR ; ttquc a& aBqaalibus fiiaiizii» 
Bl "t- IC >Bl«HlR auferendo' communem- partem 6I ( A* 
zioau 7» ) , remanebit IC.> IR f. quH>us addatuc commnnis portia 
I A > & ( Axiom. ^. ) erunt duae reds IC^ & I A maiores dnafoft 
]1^*IA MiimcuHhlC -^IA» hoceft (Axiom. ii.) sota rfa» 
AC mm crit diiibv» iRj. I A ; fedMtuBtrcaae IR , lA ia triaogu» 
Jl» lAR CAxionK., i;^^ fnmfpaJQre» reliiqu» AR> ccffo (Axioin.i}.) 
.ctMn^ rofihf AC major cric rcda i^R^ EEt aptem A it =: F L pct 
«QnfimaiaQem I idaiiDque: ( fccuiida lunt Awm. u) crir pairitcr AC 
•fticcicaftFL. 

C^iapfoptcr & duOi uiangjidii habuexint; fiici^ Qs^od erat dcmose* 
ifar«na«n» «. 
£a Pi«ffoftf a Z4t. {ibri L Eaendit. 

rROPOSITlOt OCTAVA^ 

■ 

tfieorcma'.. 

Sf dm irumpidi bdmtrilu dm iMerm dmlfmt iMerXffr S fm liit ,, mi 
MC mtiqmf^ dr h^fim^ meiorem^ h^\t b ^Mmd fmrhit mf$ihmi 
jmm^ mt£ml<^ s- Idtirilius stm^dfhn emomti^ 


Dba eri)ingii& A VC,, EFL» hatatfir Iatm< «inaU^ AB S: P B^C«J?* 
B C » Bhy «e iNiftii aC niiPM» U& F L» diffoJiiRphit» & ma^^*^" 
jofcnii cflfe: iiigulo» B •. 


Etcnnn. fi: angDra» Jt cflcr oqnalbi angpl# F ^, qnit*: C lifpniii.« >cft 
B A =: EVr ft BC =: ELj. tunc ( Aroeo£ «.>ctlMaii>ak AC «^ 
qnalls cflet bafi FL ^» quodi e(lf comm^ In^fOthcSn». Sfc antcn wagAm^ 
B minoc* cfl^ annulo* B » tuna ( V^ropoT- anteccdl ) ctianb bafia A C 
nrinor dKt fiafi^ fL» qnecl! efl parkcr coiicrirlhrpotikcfifl^ 
g^tos B majbc crie angnlo* B , quin er dcnonmntis vmm poceft dfe 
oqualis^ nec minor' eodim» afqgifo».. Qaapfoptcr fi. dno n^fjgp^fr g|cw 
(^ed erar qfiendcndum- 1 . * 

£ft PropoCtia tr*. Libri L Bbclilft^ , '^-^. ^ 

P^ROPOS:ItlO KOKA. 

>^ Tneoremgj». \ 

Sf daMM» trikf^mbrttmJSi^ml^t iMr^JSiiigmtfr ratifv^ eermOISfkefinit ^ 

1^// impdis' ^mdtt' trmmt^ ^mtmr^ffmHkfitr^ 
tria$gtJmm trimi£ml^ enpttJk: trif^ 


^ — --T -r-o — m^i\fii^if m^i 


» . » 


Pm fint 4tia ttbnfiilai A.CF> BBI-y qMe htafmthm ACs 


Mtf CLEMENTORUM GBOMETRIjE. 
BB, UrtB CF = EL, ^yam AF =;: BL ; ofteiia«iauffl ett an. 
gnlutn C «qualem effcanguIoE, angulum A = B, aiKalumF&r 
* triangulum ACF «gualc efle trUngulo EBL. "5™«™«'—»', 

DemonQratio * 

Qionlam duo latera AC, CF ( hypoth. > fuat aqdalfa doobMla- 
*f,«*>«* EJi ¥^» «J»?™» aJwr». fi «ng«l«s C noii «flet aqualis aC 
gulo E^ fed ipfo mijor , vel minor, tunc < Pro|)oC 7. )^iara baS 
AF major» vel minor effet bafi BL : quod eft coatra bviit»hJ^ 
Cum ighur flt bafis AF «paH. bafi b1, „S(ftT, XSic 
Ct aquahs angula E j ipfi autem anguli C , & E , deraonilSri » 
quales , contincntur a latenbus a^alibus ; ideoque ( Prooof 6 1 crit 
Ctiamangulus A «qualis tngulo B, angulua F «quaUs anJS<^ £. Z 

J?,„^£?"pTr '^}^ ?T* ' * fri«'«»I«n, ACF%«al/Jrit 
triangulo E B L . Efpo fi ^nomm triangulornm 6cc Quod erat de- 
qionftrandum . ..,>"•**««■ 

£ft Plropofitio S. libri L Euflif{is.v 

PROPOSITIO DECIM.A. 

IVoblema . 

^ d^Ham teSsm imesm iniefimtim ^ A- ^d pmnSum in-sa dstnm ; 
. sngtdum nSUmemm toiiftitmfe Mudem dmc ifngdo 


l&.iv! ' ^^ ^^ anguliis reailincit^j & .<bca fic reaa CE^ & panaum 
Mn ea C ^ oporcec ad reftam C E j & in punAo C angulam re£lili« 
acmn -Moftituerci aqttalenii dato aivjulo A • 

f . ... r 

- CoQfiru£tto« 

i . • ■ ' ► 

Dueatar teOa FG, qMr jungac dua qaxrtbct puri£b ktenim A F, 
AG. Deinda ez mdefinira C £ ( Frop. 3. j fececur pars C I «qualis 
laieri AG, & fopra Cl ( Propof, 4.; defcribarur cdangulum C M I , 
cujus lacns C M fic «quale laceri A F > & latus M I fic sequale Uceri 
FG triangttli AFQ: eric M,CJ[ qua^cus angulus» 

' Demotifiratto • 

Trfanguh CMIj AFG Cconftru^. ) luAent facem CI = AG , 
wr^T^ ^,?* * **' =^ ^pi ««^Ko ( Propof.anceccd. ) eric anguluJ 
S^ir^^?*!"^*^ Pi^ *"S^^^ A, quibus ppponuncur arqualia laceraMl^ 
FU. Icaquc ad dacara reaam liaeam icc. Quod crac facicndum , & 
wraonftrandum. ■ ^ ^ 

£a Pkqrofiti^ 23. LiiMi. (, fucIUif ^ 

PRO» 


LlBERSECnKDUS. n? 

P RO.P O s:i T i O U N D EC I M A. 

Probkma • 

1>snm MMgnlMm tiSilwimn hfdthm dhndere» 

Angulus redilineus CAB diyideti^us ik bifariacDi hoc eft in duos^]j[;j^^ 

mfff&^ sqnales» .^ *. 

Conflru£Ho« 

In Utere A B fumatur quodlibet punAum F ^ & ex alio latere A C 
indcfinite pKodu£lo YcrCus C ( Propof. 3. } feceiur pars A E xqualis 
parti AF> & ( PoftuU !• ) pngatur re£la FE^ fupra quam ( Prop, 
j, ). defcribatia: rriangulum squOaterum EFL; deinde ex punAo L 
ad pun^lum A ( Pofl; t. } ducacur re£Ia LA > quas dacum angulum 
CAJB bifiriam fe^itj (cilicet in duosiDqualcsaDguIosCALi LA9* 

DemMflratio* 

Dtto triangnla AEL> ALF habent latns communeAL» latUsAE 
( conftruA. > «quale lateri AP^ & \m%^ FL ( Defin* 19. ) sequale 
lami LE; iccirco ( Prop. 9« ) erit angulus LAE aequalis angulo 
LAF, quibus opponuntur aequalia laiera LE> LF. Sed duo angnli 
lAfij LAF (Axiom<ix. ) conftituum totum angylym datui^CA^ 
crgo datus ahe^ns bifariam divifus cft. Quod erat demonftrandum • 

£ft Propofitio 9. Ubri L EucUdis. 

PAOPOSITIO DXJODBCIMA^ 

Probkma* 

't>at£m ffSam lineam temtnatam Irfattsm dMtictt. 

Sit data reAa AE rerminata fn pdnAis A> & E^ qtue di?idenda 1^1*]^» 
Ik in duas partts intcr (e srquale^. 

ConfiruAio* 

' Snper data refta AE ( Projpof. x. ) delcribe tijaqKalitai seq&ilate» 
rum ABE) deihde ( PropoL anteccd^ ) bifarfam divide anguluoi "" 
ABE per redlam BC^ quft daCam AE feeet in aliquo prniAo C: di- 
co reaam AE bifSuiam divUam efte in C; erit nempc AC = CE» 

Demonftratfo» 

DhQ tnai^ila ABC« BCB 4ubciii fiitiw BC codMBane , «e Utm 

AB 


AB = EUB ( Defip* 19-^ ) i pnrtcrea ( confiniaione ) babent mnsulom 
ABC contcntuiD t tftteribtt» AB> BC aqMtlicn angtilo CBE con- 
tcnco a lateribtts EB^ B C ; confequenccr ( Ptop.tf.)* habebufic eciatn 
bafim AC squalem bafi CiB« quc flniil ( Aiiom. xx«) adaequancco- 
wn, AE. Etgo data reQa tenninau bifariam divila efi. Qicxi facc- 
le^ & demonftnre oportebat. * ' ^ 

£ft Ptopofitio iK Ubn h Eoclidis . 

Coralfcuittni • 

l\ Psnetero» in triang^lii ABCs BCB ( VropoC 6. ) erit etiam an- 

riht ACB aequalis. aqgylo' BCfi^ qnibtts opponuntur btera «qualii 
B^^BE; fed duo anguU cquales fiCA^ BCB funt anguli oofli» 
qnentes , proindequc ( Otfin* 9. ) emnt ambo reAi , 8c ^C eric pe^ 
peodicularis ad rcAam A9; Vgo re^a BC bifiiritixi dividenf stnkf 
luin ABE conteiitum a latertboi aquaHbus ASj^ BB^ non foluoibi- 
fttiamL dividit Ueus AB eidem angiilo oppofituroi fed efl criam /vr- 
fcndinilaris. ad idem latus. Qum omnia verificantur etiamfi triaiiga- 
Inm ABE non fit aquilaterMii > ftd tlbfceles^ cujus duo latc» incer 
ik aeqttaiia fint AB» &AE; quia eadem crit demonftratio, 

FROPOSlTja DECmATBRTIA. 

Problema • 
Jl^ i^am TtBsm Unfimi^^ ^ ix ftmOai in m dau pcrpmdSiiimm 

^txa D«» fit «^ AB, & itt ea danmi fit punflum C , ex «piocr^tnr 
iStxCiit fit lima: ic^ p<rpc«4M*Hs a4 1sii«k» daMoi AB* 

QMiAniAio. 
r» pvt^ CA i¥K«w «^9101 punfltutt Ba * hab^iw wfl* w^ 

mihata CE; dcindt «r alia parte CB indefinite produOa ( Piop»).) 
^ecftiiv par» CF S C£;; 4iqpi# Aipra totanx £F confticuatuf man- 
f ttlum aquilaterum E L F f Prop. i* > » Tanden]^ ex puixao L a4 pvA* 
aiiov datuih C ( Pofiul» I» ) duCfttur re£la LC> qua erit qyafica per* 

fcndicttlaris .. 

Deoioiiftratio» 

« 

Pua ttidosula tCF> L»CE> babcnt lattts CP c:CB (cmllr. J, 
Itfus^ CL commttne». i$c laois LF ;=;: L£ ( Defin. Xf » } r qttaproptcr 
C?v>p«. 9» ) erit atisUiis^.LCF dqM^» aogttlo tCB> quibas rubtca- 

dimtur latera aKjuriiaf confeqttemer ( Defintt. 9. ) refta LC eritpc^* 
pendiculacis. reO» EP> Cetti AB.. Q^ frat. filciendttm » Ac deooo^ 
fbnndiim» 
ifit PfOfiAiii^ »^ t#bii x; J5ttctidt$«. . 

Scno* 


I 


j 


\ 
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^ijiancld dacum pvnSntA cll t&ttettmiQ ittttt <btt, tkiti (ML^.} 
indcfinice producaciir data xcda^ & j-eliqua fianc^ lif inka« 

P&QPOSITIO DECJIAAQUAHTA.; 

'ck^l^na*' 
tMemH htiifhiStMm. ndfm t^ pmUlk JtJtitM tffitm 




t t>ata fit ftCte Indefiflita AB^ Sr «xtra Affkm dxtmn fitfuiiaBittCvi^ 
r ex quo daceBcia fir xcAt Jioca ])efi)ettdiatl^^dJ i&caai Ail« i^j^ 

ConfiniQio« 

Cx altera parte daue linex AB noceciir tinodlibec piittawn L , Be 

centro C, radio CL dtfbribaeiir tkicAm^ irA Mm BLP^ ^i ftec 

dacam Mfllafli hh \n E^ « Fir jpoftaa fUntilfa fip {l>topoC a& ) 

bi£uriam dividmir in Gi & ( Mft» i. i diicatirr.r^CGj «vl att 

qosB&ca peipendiciihris« /iuitgaiRnr c^i C£> CP^ 

DemoiA»do« 

Triaimila CGf:, CQB Inbeac lacM ommmhm CQ, & ttMtm* 
aione ) hoi. GF =: GE4 latus to» CF = CB < Defin. tj. ) ^ 
jcwco C ntVttC 9« ) «ric tvigikai CQP z= CQEi 'coafeqiienter 
Defin. 9. 3 xeOa CG eiit perpeoaicularis 4d Teaan 8F , (en AB , 
fmOMad aa«iii ««ftaai Set, <^ «nt fNMfiittnt, 
• Ift P««|io&ii<x «a. LitKt.i. fiwiidi», 

PROPOSITIO PECmAQUINrA. 

Theorena^ * 

Jlf«4 Mm fif» ^Usm rtam» tnflfient «gktt imt tmpihs ««i/mwii. 

ir#3 <uKf iwAitr,«r» jMh» «•ai|iii«pM|«r« 


«onfcqBaw, ABC, ABE, qoi ( Defiii.9.) t««itt«BAoteai,*j«Bi».?it.V. 
do refta A B peiFenaicalariter cadit fopra C 6 . ^^ 

;^«iK«B Te^B.^to»Vtfa«it ftpn CE^ 4tto angMQ «Ui^ „-. „. 

A#C , A BE fiiMl iiiMffti:, «Mhi» «i|«s«qaaiM WMC, ^ %t v. . 

'••'-■'• ' • ' ,■ • ■ ' ■ • • I 

■ * C«i- 


/ 


>^ 


«o ELEMENTORUM GEOMETRI, 

Cwfiru^io . 

Sapr» xtSokm CEj atqiie cs punao Ig^ ea & fPro^C xj.^ erigatnr 
perpendlcularis F B. ^ 

Dcmottftrado* 

Duo anguirFBCi FBB> ( Defio. 9. } fime adibo ^i,- anguhs 
Tcro obcuLus ABC excedit reAum FBC per angulum FBAj & aa« 
gnlus acucus ABE deficic a refto FB6 per eundem angulum FBA: 
quapropcer ab aogulo pbculb ABCauferacur par» FB^A^ reUnqueorr 
angulus re£lus F B C ; angulo ?era aguco A B E addatur angulus F B A 
ex obcufo ablacus, & ( Axionu ii« ) formabicuc alcer reftus FBE,* 
cr|o 4po angali confeqiiattes. ABC> Ad^E^ fioinl fuotpci^ duos re- 
&M adxauanc^ w^uod erac oilendiuiduQci^ ' ; 

Eft Propbfitio II. Libri h Euclidis, ^ ^' 

Corollarium L 

Hitic ooMics anaidi CBF^ FBA^ AB.E &c, qal fieri .ppfrunc iit 
ptanao B a quotcu«K|u& Uitcis concurrencibus cx cadfim<$^ liocsr 
Cfi> fimul fiimpci^ fempcr dnos roEtoi ;idaDquanc^ 


4 « 


X 

I - • . " fc ' . 

> « . » i • 

Corollarium I L 


Ri.in Pwetcrca quacuor anguli, qui fiunc ( in B ) a duabus rcftis ( AE, 
TaTL v! FC ) fc mutuo iccanttbtts (tnB) , quacuoranguUsrcaisajqualcscrtint. 

Gbiollarium IIL ; , 

'» i»! •• •ia/>X. ^ 

\. ,y Confcqucnccr fi ad idem punSum B concurranc qwKciuoqbe liaca. 

tS/v.' rca« cx utraquc parce Uncae AE, orancs ang^U , . qui; iab li^ire(tts 

cfficicntur in B, fimul fnmpci, quacuor angulis reais Bquales erunc. 

PKOPosiTio decimasexta: 

Theorcma • 


\\ 


Si ad puHSum 4iifm4 h d4i4 n^a tx ^ftnfitis fifffi^us concwrant 
dM tcSa litifia y qua effici^nt duOf Mgdos c^nfiquentes du^rrcair 
- ^^mdcs; ill* dua reSa Unea in dtteSknn.poJlt^ Mua» rkffr.cfi^^ealf^ 
teSam 4iueam cmuponfiut « 


pi y Sk sMa AC, & ad pfcnftiOT ip ipfit^ C ex oppqCcU partibuiij du- 
T«w v:a« finc dua! rcft» PC, FC,. W^cjflSciwt 4lK»' »Wl»^«^9^^ 

tcs ACF» ACB, duobus re(SUs sequalcs; dico rc£las BC , FC in 
dircAum poficas c(Ic> fcu ttnicamTcftam BF confticucre. 

De- 


'■r 


i 


IltBfiRSBCUNOUS» i» 

■ • 

DtmoiiftMtio* . 

Eteniro^ fi £ert poceft» re£la CF fto» (it M dinBdhun pofita cufi 
ttdhi BC, fed alia reOa CI in itrc&um japeat cum ipCi rcAa BC, 
acque tnnc «t^ AC infiftens fitpra ftdam BCI ( PropoC anteced*> 
efficiet duos aMulos ACB» ACI> fimul fiimptosj dMobvs reftifur» 
cinales; fi:d ex DTpothefi duo anguli. ACB» ACF » fimul fiioipti > 
fimt etiam sBqades duobus redis ; ergp ( Axiom» i» ) diio aagidi 
ACBj ACF emnt «quales dnobus angnlis ACfi» ACl; &dempto 
coromuni angulo ACB, ( Axiom, j* Xremancbit ««gulas ACF s^ 
q^alis angulo ACI » fcilicet totum sequale par^: «fiod ( AMiota, loj 
repugnat. Ergo nuUa alia reOa linca» nifi CF , io direftum jaeere 
poteft cum Undi BC^ qnaodo aoguli conlequentes ACBa ACF 
adaBguanc dnos angulos reAos • (>iapr(K>ter fi id pimStum ajliqpiod ia 
dara redla, *&c« Q^od erat demoimnHMuai ^ 

£ft Propofido 14« Ubri 1« Endidis; 

Coroyarium 

Erg6 dns re£be ltne« nullam partem consmnnwi babere poBant' 
pneter unicum pimAumj in quo te inricem iecant. Etenim fi liuea/^j;^^'* 
quamumTis minima CB eftet pars communis duabns seda 1C> FQ 
fi.nanpe eflfet ICB lineir relbt, Stt^CB alia linea reOa* tonc du* 
Aa ^d pnnfhim C alia reAa aC, uc antea demonftraTimus^ efletan*. 
gulus ACF xqualis angulo ACl^ quod f Axiom. xo. ) fieri nequit; 
ideoque linea CBj^quamyis mfninM> non poteft in direftum jacere 
cnm duabus lineis rcAis ; confequenter. duas tc&m Uneas nullum habe>- 

re pofiiint fegmentum commune* 

» 

pROPOSITIO DEClMASEPTIMA. 

Theorema« 

Dtue HHm lima fg nMuofuattUt tffidmO' angnhr sd wrtUcmtppo/itTi^ 

^qudet tntcrji. 

Dm refis AB, FE (e invicem (ecent in punAo C;.trie sfogttlna ^ii^vii. 
X sequalis angulo ECB» & anfulus m aBqualis WKgAQ z^ qui fiintad^ v, 
vprcicem oppofiti» 

Demonftratio* 


ILzBlz A C inddeos fupra re&am P B eflicit duot angulos conlfe- 
quences m» & x duobus reftis cqnales. Eadem rattone reOa FC ca* 
isM fupra AB eflKit dnos angutos confeauentes x^ fit k dnobas' re» 
&^ arquales; confequenter ( Axiom* x. } mio amnli m ^ & x finnl 


Mx EL6MENT0RUM .<2EOM£T&I£. 

m 

fampti «quales erunt duobiis z^ & x flmul fumptis; 8c ab aBqualibfit 


tcmanebit Agylus oi aK|aalis angulo z^ tAx& ACB «qvalis angulo 
FCB^ qui fiMt ad vtrtic^ ^ipp^fiti. '^ 1 . . 

Fraicerea duo angiili confitqucntes. m ^ & C C Vvo^ t^ \ adaeqiiMt 
|)trker duos xcftcs; ideoque i Axioiii. u ) eruDC cttam mualcs dno» 
fcns angnlis jc • & 2 ^ <]ui { Prop. 15* ) adsquanC dttos. i3c£tas st ^t 
^ «ien|»e m^Czz%f^z\8c zxAxwio wgulof o»» 9c % jai» de^ 
nCHiAratos aBquales^ < Akimi» 9. ):rdiiiguetuc aogilila. C aniMM ao* 
gulo -x^ <]ui pafker fune ad ikffcioemi oppofiti^ fiqsaiduci acAac &ncx 
ftc. Qwd eyac^4>fteiidMdiKi»« 
£a PlopolLclo ^5r Libri i, JBlicKdia^ 

CoralhrfM»* 

... 1 » , . » 

^^' Si ex oppoCtis parcibus. ttt; tiacMi «cAic^. A^ inciderrnc HL idem 
T«b« v^pundum C dust redse pC^ JLQ^qm angulQt.Jid mti^na qppofifos' 
ACE^ FCfi aequales efficiant; ilUe duae teAz^C^ C£ in direAiios 
poficc crunt. Si enim aequaIih«.ia9iii)liia;.ACE^ FCB addatur com« 
munis anguIusACF^ i Axiom. 2. ) duo anguU ACE j ACF fimul 
a^uales erum duobiis fiCfi^ ACFTiouil fumj^m: a«fii,dttQ jmguH 
confoiucnies FCE> ACF (Propi 45. /adaeqpant duQStc&oSt; cirgo 
CAttom. s«) eiiam duo aii^U AC.9, AC^f duohu3f ttftls aqualcs 
erunt: confaqucnter ( PaopoC. t^. } duac x^ds J^Cj. C^ ia dire-^ 
Aom jacebnsc* 

PROPOSIIXO PECIMAOCT^^VA. 

Theorema. 

fif. HL Duae' rtStz fE^ LM fiint amBsB perpendiculafes ad eandetp reOam 

x«b.v* AB; dico rcftas FE, iM cflfe paraleUas • 

In red^ FE fumatur quodvis piinSum S , & ( Pro^f. Z4« } de» 

OHttatur SI perpeodicularis redte LM: deinde ex altera parte BM 

C Dcfim }• ) fecetur portio B(^ =: BI, & ex punAo C ad lineam 

FE ( Propof. ijt ) erigatur pcfpendicularis C R« atque ducantur re* 

AsCA^IA. I 

ConCdcrcntur duo triangula ARC, ABI , qwe ( conftniaibne ) 
habenc latus BC =: BI, latus BA ucrique triangnlo commune > 8c 
angulum ARC ( Axion^. x6^ >ii^iialfiia anniloABI: funt cnimfe- 
fli ex hypothefi; ergo ( V^topot 6.7 crit i)afis CA'ti bafiTiA, an^ 
gulus;^ zz: x^ ic angulus t =:; y^ quibus fuSt^nduACur Ijitefa ^alia, 

Pi;«tc^a ob lincns RC, $1 ( cob(&-u5P ) pc^bdiculares id rcihim 
LM> »gttU fcO» RCBj Sifi ( Axiom: <6.) fuot aeqditcs. ^ qui^ 

* ""* • • bds 
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boB auteftMir fanies cqoile» y fiJIioec ^wptH b ^ & x , aa^oe ( A* 
tkota. ^» ) itMindbit angpliis ACR ttqutlis angulo AIS • Simtiiccr 
ttb angntis R AS^ S AB ex hypa^tndi jneftu, & ( Axiom» 16. ) aKpia-^ 
Ifbus inter -ie ddnaacur partes < Defnoaflracione ) «quales^ .fcilicet 
afiguU t j 8c Y , reraan^it anpulBS' R AC «qoalis aogiilo i AS ( A* 
Mom^i* ) • C^apsdpter 4uo tnaqgBla A CR > I AS ( Oeiiaon(feau ) 
hAe» <Iiios angdtosSlCAi RAC SMiBalea dnobBs anfpiUs A I S» 
I AS> & latus interpofitum AC «quafe kteci Inteepefito 2 A ; idcO"^ 
que C NopoC T» ) crlt latua > feit pcrpeiiirafcBB C R apqiiale laieri i 
feu perpemliculo IS, qm «quaKbiis «BgBlia oppommtBr ^ iN>nfeqiieQ» 
ter duas: redbr FE, LML C DefiOt. xu ) CffHQt paraUefar > CHfla perpeiT' 
dicutares interjpfas imercepta? IS» CR oftet>f« (int aequale» imer 
fe: quod (emper verificatur» fiveperpendkuIareslS> CR> yicinioret 
fint> fire remotiores a refta AB .. Ergo re£br linjut perpendicttlarea 
Sbc. ^^foi ciac^demQiifirafldnm » 

»RC>POSIXJO i>£ClMANONA. 

« 

'- ^ Tlieorema «. 

Sf reSdt Unea fnpta dusr reSdr meidinr fecent ^imgmlcr dietnor^ 

epdes imer feiikt angdm»,e^etmm mftdem smgdo Sweernty ^ c^ 

9fpB/m.mi tMiem paieemi vel4not midoi intemor ir ^utemdem 

p^tem pf/hr, aqmkr dncinsi, mgfdit rtSii t ill^t dmt rcSit tineo' 

'^eneper^iermi pmiUeUe^ 

Pttmo mSa GF oUiqne feoet duaa reOas: AB> CL> &«6kk€a%^i 
gntuDft X aBqualem angulo 2 ( <}ui fiint anguli interni^ & oppoGti ^: 
& vocamur angiAi dtemi) x dsoO> duas refias^ AB9. CLefleparallelas» 

ReOa GF ( Prop» zz» > bifariam fecetur ii» punAo I> ez quo fu* 
(vB CL f Pk»p6C Z4» ) diemitiacur perpcndkBlaris.ISs deiodr C fro* 
poH }«> ex re6ta ittdeterminatjfc G A fecttur porti^ GR =;^^F»>4t 
( Poftir s» ) pmg^tur scfta IK » 

Demonfiratfo 

TtiangQra RGr, I FS C conffnift. > habene Imt Gts IF> A: 
latua RG r=r S F^, •& ( hypoth» y ari|piluncv sc i^ualeBs an{{Kilo^2:><4ni 
fiunc a latecibus saualibns \ ergo ( Propof* 6. ) enc aitgnlns. R lO'*^ 
qualis anguto oppdmo a^ verticenr SIF; ctfnf c qtfe n tcfr ( Gorotl;'^o-v 
poC Z7. ) xt&9 ftl; IS unicara^ reftam RSconfttteBnt * Prateraaeflc 
aognlus IRG sKiilalis angulo ISF> qnl (conffrua; ) eftre^sM^«o* 
quc ( Azionn r. ) ethmi angulus I R G erit refhir^ proindeqBe ^ De* 
$xu 9» > refla S R eric perpendicularis refbt A B > & ( CDnftruAione > 
eft etiam pcfFcnxficuIari» re£far CL; confequenter ( F^opoC antec. > 
Mneat A^> CJL aunt parallelae^ qula perpendiculares cidem rcft» S R*. 

q X Si 


r- 
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Si autetn poiiantur «quales incer fe duo anguli t > ft* i>^ .tfA pari^ 
ter funt abcmi ; tunc ^ quia ( PropoC X5* ) tam fumma angularom 
zH-t^ quam fumma o ^r. adzquat dnos rcAos» iccirco ( Axiom. i.) 
eritXi4»t = e«t»2;& aftfetendo angulos t» & o ex bypochcfi 
tquales ^ ( Aiciom. 3, ) remanebit x =1 2 ; confequenrer ( aRceq. De- 
tnonftn) Hnec AB, CL enint paraHelae • -Ergo fi xcSk linea fupra duas 
feftas incldens fectrit angul(« alcernos aBqnales inter {k, ilk di» re« 
€tx enint parallelat • Quod erat primum • • 

Secundo refta CI tvfn duas re£bs AF^ G H inCflens^ e&iat an^ 
gulum extemum f «cjualem aagpilo m intemo , & oppofico ad can« 
dem partemj rcAae AF^ GH erunt ctiam parallel«« 

Oemoflftnitio • : .. { 

■ ) . .''7 

Angulus t ( PropoC x?* ) t& wqa^ti angulo' f ad vettli^ oppo 
fito; fed ex nypotncfi angulus m eft SBqualis cidem angitld f '; igicur 
( Axiom. x.>crit ahgulus t «qdalis angulo alteriio m ; confcqueocer 
f per antec. Demonftr. j refbe AF^ GH emnt parallelar* 
pit. XL £^^fi> modo demonflratur rcAas A F » G H efle parallelas , G flic* 
rSk V. rit angulus externus CLp SBqualis angulo z interno, & oj^pofico, & 
adeandem partem. 

Quapropter fi rcAa linea fupra duas reAa$ iftcidens feccxk a«i(,tt- 
Ivm extemum asqualcm intemoj & oppoficoj & ad «andem partem^ 
ipfilB im reAas linese erunt parallelB». Qviod erat iccondum • 

Tcrtio rcfla LI cadens fupra reftas AH, GH efficiac angolor^x , 
& m f vel t^ & z .} interaos^ & ad eandem partem pofitos fimul 
ftmptos SBqiiales duotm angulis rcAis j tt&m AFj GH erimt pa- 
• aalltle» 

Demonftratio^ 
• » ■ < 

Duo angoli confcquenies %> Se f fimul jfucipci ; f IVop. 15« )> fuat 
«qualeii ^uoiHis reftis; fed ( bypotbef.^ dtio anguli m^ & x funt 
ttiam aequales dooiMis rcAls; idcoque ( Axiom. i.) dw> anguli z^8e 
tti eronl cquales duobus x > & m ; a quibus auferatur communis angu^» 
Mi m, Bc ( Axiom. 3. ) remancbit angolus z aBqoalis angulo alterna 
%l ergp per primara Oemonfiracionem rcAae AF> GHeruncparallcIar» 

^cm raciocinio denfeonftrator lineas.AFi GH efle pacallclas» fi 
a]&l 4uo aaguli t^ & z incerni^ & ad eandcm parcem pofici fucciat 
arqimk^ dliobus W^is . 

Hrf» fi rcAa Uoea fiq^ca dnas refias iqcidcns fcceric duos angulos 
iimcnos, llc ad candcm partem poiitos duobus angplts rcAis squale^j 
ilim doflr rcQai crunc parallcl«. Quod erac ccrcium. 

Hm Propofitio oomidct P^opoficiooci 27» fi( aS Ubri i« £uclidi$. 
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] PROPOSITIO VICESIMA. 

Thcorema. 

j; reSs tines fufir» Awr fardMMt 'midm pitttt pMxMiauJ^s W 
mim-pat4!l«l^tnm , «rH eriam pnfftnduidam sd dlUtm. 

Sint du« rc^fe paralfcte FB, LM, fuprt qim caaaC rcfta A» , W|.ix, 
quz fit pcrpcnJiculam ad rcftam LM; dko candcm h% cuam per^ Ta6.v. 

pcndicularem flflTe ad re£Um FE. Lr^ ^ , n^-^ n 

Ex punao B fcccntur atqualcs partcs BI, »C , « ( Propot. ij. ; 

ad rcftamLM crigantur pcrpendlciilarcs IS, CR, fttngantttrque re^. 

Dcmonwario. 

■ Quoniam triangula ABI , ABC circa anguTos < Axtom. tS. ) ^* 
quales ABJ, ABC habcnt latera «qualia , IB = BC, & BA cron>. 
monc; idco ( Propof. 6. ) erit baf» I A =: C A, angulus » 2= 2 > 

ic angiilos y ^zi t » 

Q^proptcr fi ab «qualibus angulis rcAis S I B , R C B aufimntur 

atfOiti angttli X, 8cz , ( Altiom*;j. ) remancbk anguU&.A^I S 

«= ACR» IgltBr dno triangula AIS, ACR lM*€nt angulum Al^ 

= ACR ( Ocmonftraa^ >, & latus I A = latert C A » latus vcro 

Sl ( Defimt. 11, ) aquak latcri RC, quia funt pcrpcndiculares^ in- 

ter parallelas intcrccptat ; confcqnenter ( PropoC ^. ) crit .aagulw 

lAS aninaKs angpto R AC , qvibus adiuagantuir anguli 7 , & t ex 

^cmonftmis aBqiiaks, ( Ajcioni. a. ) erit totus angnlus SAB aqualu 

integro angulo RAB ; ideoqnc ( Ocfinit. 9* ) tOa BA etit euain 

f^et^csdiculattsr ad leaam FE. Qpod erat dcmonflrandrai. ^ , 

PB^OPOSXTIO VlCESIMAPMHA- 

» « 

Jff^4:,iaie4/iffa diuu fdtrslUlst ottifnt iketdAtr ^fieief an^t tifieiii 
iip ^lfialer .tKter fe t sngidum exfemtm mqiudtm imterH» , ^. eppom 
Ju^i^dd etfidem f^em^ ^ Jktu mgtdofintermt^a ^•dUuH^p^ ' 


Mmo diia» paMlIell» A B,. C L oUi^ ftc«c ceOa CF i ^fltf> ^4l^l 
«dos abernos aqualcs efle inceir i<t \ faficet z sr 2 > & ailguhim 

BeF=::CFG., 

. A punaUF, &aa^i«aas AB^Cl CPr(HP*<4./Maamiic 

fcrpeaikidaiea F I , G 1 » 


D*- 


( 


Demonltnitio « . , 

Quoniam C coniibruft.^ ) refti F £ eft perpendicularis re^Vae A ^/ 
tdea (^ PiopQ& anteced«.> eric cciam perpendicularis ad alceram poral- 
Idam, CX.i confequcntec du^ refts E F> G I perpendicularesadeafi- / 
4em C L, < PropoC xS» ) <KWC inter fe parallela^ •. Qiiapa»opccr doo , 
tijanguta. EFG^ IGF iwbent Iatu& FE =i Cl ,CDcftnic.'x^;->> qne } 
funt pecpendjicularea incer paranelai A B > C L 'pofita^ z iSmiticcr dl ' 
t JUhia. ECiCX IF» iuiK enim perpei|^a|ilare» pofir» i9terliii«is (I>- 
flftpnibar.. > fai^gUelaa l^ E» G I r latua Vero F G, eft utrique crjair^ 
Gommunef ergo C Propof.9.. ) erit angulus x =z z^ quibns QptxH» 
tur>^atefft aquatia. KB yGlySc (unt anguli alterni • Praeterea erh» 
«ului o := t a, ^bus. addantuc aBa^Iea axtguli redi E tCij^. .1 X? Q ^ )l | 
( Axiom..]^ > erit totui angulus. CFG xqasdis^ Inte^oana^o BGfj 
qui fiint pariter altemi •. Ergo refia fupra duas redai^ paraHcCas inci- 
dens y efficit anguloi altemos: sequales iacer fe » Quod erat primum • 
vts» Secundo xt&tt C I fiipra duas reaas.j>arallelas A F ^ GH inSIbsns, 
xI^Jy. cfficiet angulum exteroum f acqualem ar^gulo m iatemo j ISc oppo&^ 
to 4, fic ad ^afidem partem «. 

Demonftratio» 

Etenimi C^opoC 17.^ > angulus f eft «qaali» angulo t; it'?»^^ , 
lecedleniem) Demonftmionem angidus. m eft SBqaalis ipfi angulot v» / 
alterno t wg<i ( Axiom. i. ) erit angulus f atquaiis «^gula *> • . 

Eodem modo- demonftnitur angulna ALC <= 2 « qoia iiAt ws/^ 
arquales^ eifieoi anguto x • 

Cotrietuenttr refla linea liipra duas re^r phrftlleltt infiAens- dSr 
dt angplum eitternmn «quakm an^Io iMsecn» a fe loppofito $d can^ 
dem partem .. 'Quod erat fecundmn » . 

Tertio refbt C l fecam duas redafs paraIIdtaa.AE^*^'GFf >. efficj^ 
dttos< angulos. Xj..dt m internos;^ 8c ad eandem partem pofitosj^ dtto-^ 
fcus angulis reftk^aqiiafca* /^» ; . '..•*' 

DeflAonfieatio » 

AngHlt alternl Zy ic x ^ per primafxi partem bujus: Propofitionis ,1 
funt apQuales i^icer fe; quibbs "aflfungatur idem^angultiJt*ttii,^duoaA-' 
giifi r^. Sc m CAxioiii» x^^ arqnales^ eninit duobts «fguHs it^ S^ m; 
fed aij^uli conKquenre^ z, ttm ( PtopaCif« > adaequdtfft duosirreAos; 
ciigo> C Axiom^ !• > etiam dua angMll x j^ &: m aequalei erunt fti^biis 
at«;ak reftir^ . » 

Eoaem- rariocinia duobus reitri- ^quales: demonIIratit!ih* a^iB^ c > 
& 2 ^ ergo re^ Iinea incidens: i^ ^aas. re£b& parallelas > efficic; do^ - 
^iUQ^ intemor^. ic ^i ^ndem parcem pofitos;^ «qtRtles dnobai.si»^ 
gults reais. Quod erat^crftetKfcnaifaTL ' • /r : , 

fiftPropofitio-iy. LibriX Eucndts. * • -^ * ^< 

PRO* 


J 


« « 


ll£Bfi& $£CUNOtJS. PL9: 

PTLOPOSntO VlCBSIMASECUNOA. 

* -. " Thfcorawi',- ' ■'-''■ ' . ■■ 

Ji fnoque imii pMtdhU^ 

-Qgomam ^oflr refte AB> &Lji :^podi. i i^m inm )B: tttraUebr^ 
Aco C pritna paiCQ PropoC 4nCMMd«r Jh ^it anpiim ic ^aBfiiaiUa ilcer* 


c)rc6 < ^hnmda inirtfe PiopoC antd^cO ^it Mjgnhit iaterniis i acput* 
Itsansato z « jterae»:> ift:^0ppo&a«4Mi<aiidc0ifiM tsgp iiAxiovL x.\ 
<rit' ncfgiilcir ± vapqpiali» angalo f^ 4fd liyit^Uernii jgoqlcgMcqtq: jC piiV 
ma parte PropoC ap. } ^aa J^ AE ^ CF.4fi|«c fta^Uelai^* <^lr^^ 
^*at ofletMeamm' 4 v / ^ 

£ft I^opofiti» 3^ Vihxi i. BiclUia*. Trj 


. 1 


« » ' 


PROPOSITIO VICESIMATBRXIA 

Prdblcaia « 


i », 


JPer Jatum^ fmmm < C > ty^S^Mi iJ&^M^ 4^«^ pnyillfJdm 

l^ cbcopfin^ C a^ t|wdlihet fmnfibm X i|ire£U^ta. AF ^aca* Fit. > 
tar reda CL ; & ad spnnaiiin C fiipca re^SbtfH C 1« ( l^n^fic co, ) '^«> 
confttuiacnr aiiguluaiLCfi sequali^ aaj92o.^;I^C>^ i;e£^ £ C, erit . 
^zfita linea« -^ . . . ^ . - 

Nam anguli alcerni SCX , FLC funt ^quales imer fe per^conB^t^ 
flruftionem^ ideoque (prima pai«e4)k)0pbC49/> ieAf Afff^ fiG^Tiflit 
paralleljr • <^uod «rac facienduni , & demonfizaBdumw 

£fi Propoiitio ji. Libri i. £iictidis« 

PROPOSITIO VtCESlMAqBAJlLTAi. : 

*^ \ ^' J 'J •' ' •»■-'♦ :'.t)Vl - ' 
Iv m»j trtmgmlo reiiUined tret mngfdi Jtmul fimpH dd^quMd auos M^ 

£ulof reBtoT : ^M$g ptodtAo qwndr iSMtne'^ Mguluf ^xtemus mquidie 

iir interioribut > c^ vppofiAt Jimd fumptir . 


/ 


jngttlos ititMQs t^m^Sc^ fimul , liiippw» Jiqpalfii ^flfc ,4Uaobus »f 
gttlis rcftu ^. • ^ ^ -^ « 

Per pttnOuin C ( Pr opofit^^ aot«»i# ) ittcatur rcfta G C F p^ 
laUda Uttri A D« 

DeoMiifiiatio . 

(>KMiain mAi GF. AD rconftnia, )>ot paraUelf t i^ ndt 
CA in eas incULeos { PropoT. ii. ) cfficiet «ngnloi kkeftios aeqB»- 
Ie«, (cilicet x = a. Item rcaa CD eardem parallelas fecans efBciff 
angnlos alternos SBqudes , faoc *&t=i:it' mV^ KqualibuS: ^ifqfi^ 
aajniigendoi- < Axiom. 2. ) etit » -♦■ t = » r*" f « qujbu» »Adxs 
cbmownis angulos m , & C Axiom. X ) hafaebitur fiimtaa x ai^ t i^F 
m = z H- f -4- m : at«[i4 < CotolL i. Pwpot 15. ) fiuaoaa angB- 
lorijm i, ra, 8c f adaeqaac dnoa ailgDloB cedosj ecgo < Aacioin. /. ; 
diam tres angttlfr k, c, & m, iuBiil (aosf>tt » dnobMS ipfbs «quales 
ertant. (^od «rat primam. 

Secundo pioducatur qnodvis latns , nt A D ▼erGis E, « fapOas 
externus C O E eric aBqualis daabiu aogulis c « & m iiueaonbus , 
8c oppoGtts , fimul fiunptit * 

Demonftratio • 

Nam duo anguli tx)nfequcntcs t, & CDE fimul ( Propofit. i5.> ( 
fiint «qiialcs ^dbns «tftit? fcd ircs angjuU interai x, ^, & m ^««^ 
C anteccd. Dcmonftr. > funt pariter asquaks duobus :tnguiis t^tis: cr- 
go ( Axiom. I, ) duo anguli confcqucntcs t, & CDE aqualcscnim 
tribus angulit x ^ t.xn fimul fiunptis • Dematsr oommunis anpiws 
t , & ( Axioi*;?.-). reraaricbit angulus «xterAus CDE aquajw du<h 
bns anguKs -x ^ 8c m intcmif > 8c oppofitis fimul finaptis <• Quod 
erat fccundum • 

Quaproptcr in omni triaiigaio reftilinco &Co Qpod -ctat dcmoa- 
firandMm • / 

fift Rropqlidd ]Z, Libri L 


CorpllariMiii L 

Hioc cujiifisuinquc. <i3M0^1i duo atcnli fimttl fiimpi ftmper tnino- 
Tcs crunt duobus rcAis^ qnia pcr primam Demonftrationcm omncs fi- 
tnul fumpti duos tantum rcdos^adaBqpiaAl;. 

Eft JVopofitio 17. libri L Budidis . 

CoroUarinm I L 

iJiL''»]!^? ^ngvilo reftiUneo, produao un» Utete, angulus f- 
WmaKJc tnt «rbque i««. .. A «,ydbo %:wm fv S?»wl»» 

De- 


1 


LIBER SBCDNOUt. n» 

Demonllrattbnem anguttis extcrniis^ C D B adaiqiac -duot iikernos , ft 
dppoGc6s m^^ '6c x fimul fiimptos : coafequemtr i9a)or CDC waiJuw 
gulo m 9 . quam 'angulo x.ot<t)er fe-patett /' : 

Eft t>ropofici6 itf. Libii L Eit^rlidis. 


*» «i • /!•« 


Corollarittm I 1 L 


«••• 


Si re£la Unea 8L &pi ^asre^aiilAl^pME incideaa» fectrirati- fig. {,. 
Sulos intcmosi & liP^^ndern.parten;» poficos ABL , & BLM ma* TabnVL 
]orcs dupbuC]^ls;-'¥mib iifliqui diio ans^iU thcerai; * ad>aieeftmK 
partcm pofitt PBL ^*ELB ermit minores duobnr caais; qai duotm i 
gali confcqucmes iti B 'f PropoC 15. ) una edm duobns angiilis coar 
fcqucntibus ih L efScttiiit qtkataor i-eftos ^a qmbus fi aoferatMr diao 
anguli ABL^ MLB ex hypothefi majores dttaixia^svftia^ miiqpisdn» 
anguli F B L 9 £ L fi erunt iniMores duoI>us reftis • 

Prarccrca linec AF^ Mfi non'ermic ptraOete ; oam quaado liflcs 
funt^raJilcla&^(,propoC2n ) aaguli interni^ & al tandem partem 
poGti dubs^^reftbs adxquank^, '♦* i "■ 4v * , '^ 

Si autctn ( quod eft Aidoma TJn^imum Endidis ) acriaque rjpto» * 

ducantur rc£lx A "F ^ M fi > utique concurreKez «a parie ^ vierfus 
qaam angiti. intetni FBL / ELB faDt minores daofyis reftis.;«.quia 
< O:>toll.[^^, ) duo anguH cujUfiris tntengaii feAilioei;,.fimul fumpci^ 
fcmpcr minorcs fimt dadUks-reftis. Afqne -eadem latiantfex Mz^fur^ 
tCy vcrfiis quam angufi interni ABL^ MLB-fumai^eiKS.dndMis fc^ 
Aisj nunquam convenient^ fed magis magifque a fe matuorecedent^ 
Undc linear AFj M E / <drcuntiir ewMn^r^tfiSi Tocfos jwtcm FE, dc 
Drvcfgaucr <x altera psrte A M • 

Corollartnm 1 ▼. 

^ a' terminis A, & F linius latects ca}uMibec crkngrii ACF 4u- ?Jt Jl 
&« fuerinc duz redlas AE , F C ad aliqubd punftuaa B ialra^triaM^ ^^^ 
gulmn; )p& teAa coiicincbunc angulum ABF -majorem angulo ACF 
conceoto a religuis lateribus dati trianguli ACF* 

Etenim duda redla CEL^ angulus AEL extemus trianguli AEC 
C CoroII. 2. ) major eft angolo ACE intemoj & oppofito. 

Similiter externus angulus L £ F major cft angulo £ C F uiw» 
no , &: qppoiho ; ' coniequenter totus «AgiiAis A Bf major erit / io* 
terno angulor ACF« 
^ Eft fecunda pars PropofitiOnis JT. LiM L Snclidis* ^ ; 

• _ 

Corollarium V» 

Qiomamfiiaraia tria^ angulonim cuiufvis trianguli re^ilinei t pri*» 
ma pane bujat Rrop^fitionis ) ad«qaac dups angu^ re^os # ideo fi 
aiM$V<^9Ai angulas fiierit cbtufQS ^ iaa «lajw.^c^.* •«"«« .reliqui 


\ 


Aio wguH cnint adid, & fioml fwpti inuiares erioii; aa^k) H&o. 

Si ttitcai umis criatiguli apgulus..nierlc roctus, reUqui dfKO ccunt a« 
cutij & fimul fumptt effi<;ieni uniim angulum redhun\' 'V 

Quapropcer quando unus angulMs crianfiuti asqualis eft rdi4i& clao* 
btts fimttl fiimptts , cunc angulus ille eft redus , quia «qiialls dimi- 
dio fiimnue duorum reAorum, 


C»oII«i«a V It ^ "" 


1 1 • 


^ * i T '' 


Ptarteisa ciuia < prima parce hu|us.I^m)o^cioms )^I^ oranium 
Meaiarumcu)iisltbec crianguli refliliisei iefBper «qualis eft duobus an- 
gulis redis , iccirco ( Axiom. i. ) fiunmt trium aoj^orum cuju(Vi% 
srian8di.rttailiaei cqualis erit fiimnis utui|i..ittsg»^6hun'alccrii^ 
JMftMniqpt triaivili seOiliiiei « ^ 


1 1 


»» 


: . . Gpoollartuai. 
Qiapropcer fi doo anguli unins trian^Ii«quaks fiiierinc duobusafi* 

rlt* «WtfkMM* *fi«M%«itl« Ar««m MiiMmie rf*1tfiiirk flM1ua1t< ^lf' 


rflfqqus relkjyo sKyialis erit* 
Similicer fi imus angultts unius tdian2ttH jDqiialis fiierit ^ogulo at 
Ctrius crlanguU» eciam reliqui duo «nguu pnoris triangali .(unuKum- 
pct SBqualcs CrMnc reiiiiuis duohus aogpilis al^rius cmngyilvfimulfiim-» 
fdt, quia in ucroque tritPffilQ femper eaadeaa {ii q yri a fti '4>iQrom re^ 
Oorwu conftitwenc» ddbdil* . 

CoioIIafiiwi V I I L 

Summa omniom angulorum cujosUbec figurae re£liline« cocidcm re* 
Aos adsquat , quot unicates ,. demptis quacnor , continet nume* 
rus laterum bis (ompcos. 

Kimirom fi; dalc figiurs laterum «mnerus bis fiimatur » .& a ipio 
MKBcro duplo fiibmhatut numerus quacuor » refiduum iadlcsibjit quot 
angulis fQOis «qoivalcanc omnes angyli ioccrni cjuldcm Bgif^. » ^* 
mul fumpci • 
fis* vi# . Uc daco Pcncagotio ILCFG> fumma omnium aiqpilorum FCL^ 
Tftk.vL c L I V L I Q , dec » cjufdem figurae aequivalebic decem aogulis reOis mi« 
mis quacuor, boc eft efficiec fex angulos re£los. 

Nam incra figuram fumacur aliqood pundum A ^ ex qtio ad fingu* 
los angulos daOB figune ducancur redae AC , Ah, Al,^ dccj figu* 
ra divifa eric io tocidcm crianguUt , quot babcc latera > (ciKcet m 
quinquc ; fed omncs anguli uniufcujuslibct trianguli(prima partehu» 
jtts Propoficionis ) adflequam doos redos ; ergo quia cotidem funt 
triangttla , quot latera ^ funima omnium angulorom corumdera quin- 
qMc triangulorum aequivalcbic dccm at^is refiis^ feiiiflec dufdo ou* 
mero hsenioi ; angoli vero eomndcm trianguloron » qoi fionsio pufh- 
fto A^ noii ipeCbiit ^ figomp , ic fimul fanspti <.Cm1L ^^^ 


IlfiBR SECtTM&mi iM* 

poCl^i^ y.yae<]ttant'qiuitaor reaos; idcircblfi <x ietkm f«fitif(fi]iiiir 
^ ocnmiKn ' angdorum eomndem triangalonim > deBUHtuc (piitoor 
rc2li ( fpilicec omnes ai^uli i qui fimt in A) » rtfIi(fDi fcKaiigiilf 
wedi «qnales eranc . reliquis omniSus triaogMlorom anigalt» ^ niminutf i 
aequalei eroifc fiunmdfe omnium angrfdriiiii daci pencagoni» 

Si data £gura habueric i^» latenr, omnes cjna to^i linfterai fimnlr 
fiimpci sequates erunc 3X angulis reAis minus quacuor^ hoceS iS an* 
gulos reAos confticuenc r qood eoden» rMiocinia deraonitrari poiefl i 
«gjHCi .|dqi|i iii|:dlUBlciir dc alia fpajibec figpr» rcaifinea «. 

\* ...... 

,lSrff> omiun t*4>Iygom habend» eundem^ nttmenm bieiw» V htbt^ 
hux^ jeciaook Intcrnorum MBilomm fimunas aKjoales imes fc • 

' Cbrolbriun X^ 

• < * * 

SL Qf jmli^" Sffttiat reAflfnes: fiinguto tacer» tx tum taMta» pw« 
te producahtur ^ omnes angoti excemi fimol fumpdl qoacnor reAis 
squarc» crunt .. 

Eceiiin» in ^pvft C LF G E doa angDlE oonfeqaencef LCB imefi^^*^]^ 
OBS» 8c LCD excemus. fimol fiimpci i Pkopof» 15- > odaqoant duos * * 
seQos t qood paricer Tcrificacur in* reliquls ponftis L >. F ^ G ». B ^ 
Qmieqof mer annli intfroi fimuk cuo^ e^Mcnis cocideoEt pari^ ango* 
hrumtcRonipt efficiunt ^ quot fimt^poIy|pni lacerar fi[?c>9iod iMs 
cfl j»^ e^dunt nuoierum^ Mgiiloruns reAorami doprot» nomarl lacctam $, 
fcilic^ in bac figura; decem angiilos reAos confticoont» ai.qQibos. 
auferancur omnes: 4u^Ic incemi > qui ( CocolL K > bis coc rcAo» 
conftitniint j. qoot funt lacera ,. dempcis qoacoor ^ in hac figunc feis 
«edos efifcHmc;: rcfi^l quacuor anguli reAi cnmt sqpodiesfimimftoaip^ 
sluni: aiigulorum* excecnonmr» 

Eodeo» modb» idemt ^monftracor de ilio qooHbet-tblf ||Mor«. 

Gocoirariflin X £. 

Qiiprqpcer fimnMi ansobrua» cxccnioroo» co|tt$Iiber ^ohe: re^HlK 
nneeff sqjialis; foonnar omouua cxtcvnonimr alcerius cujulcumqucfigim 
yefUlincK- 

FKOPO&ITia VlCESIMA.<iUINTA. 

XheOrema:.* 

Ar fiotifet iftMpJ^ V^etlr aiftJi /t^s: h^fim cotifKMIfimf sfmJiHf 
tmUrfi r ^qut ftodttSir atpidifns^' inurikir, SHjpUif l^s. t^fim 
u tmfilkiai Jitfa: etism imerft mt^es ^ 

. Dacoos fic criaasnlum» ilbfccliesi A B C j» cofus dao^ lacerft cquriiai wu^ 

R a fina ^*^ 


finc AB> AC» fit.bafi» Ot RC.: «ri; anguUis x ?WttaU$ afiffutoz^^ii 
faoc fnpra bafvn B C ; & pfo4u4li&f ^nua Bafini *B C .^uajibtis lateti. 
btoi AB-Tcrfiis:R> &;&C Ter(ij|cj[^ j^ crii' angulus m 9^u^lb singulo 
fr, i^ &n( ifi&ajbafioi^. - — v J „^ ■.|C * "' 

Bafis BCbt&riam divida|ur in F ( PropidC i2.^y& ducatoracl 
^iemoem A rcOaifFA* 




^-1 ► *-. .. 


;> 


Oswihra™.., ^, . 




Duo trianguta ABF> AFC habent latiis A^ =± ACex^^otBd^ 
fi^ latns BF = FC per .«oiiaraaiQncr;^.^ Se latus AF atriqRe trian- 
gulo comniune ; ergo ( Propou 9» ) erlt^ahgulas x ='2^ qoibiis op* 
pomtbr l«t»s «wimune A F* 

Pnetcrea d|io angjili cpnfeqnentes xi &,fri'fimHl feiii^t! ( prty 
pofit. 15. } fii')^ zquales duobus re£lis ; fimniter duo 'imgiiii confe- 
qoentes 2> & f fimul fumptt ad»wi«:.^Aio«reaos; ergo (Axiom. j,) 
duo anguli x ^ & m «quales' erant dudolB^ 2 ^ & f ; a qufbns dcman- 
ttur anmU;< Docqonfiratipne.) asqual^s ^^> & Zj atqae (Axiom. ^ > 
iCfna^ebic aagul|is m ^equalis angulo t* Qpapfopqetr^ni 4fioWit trfaqr 
gulo ifofccle, Scc. Qiiod erat oacndcndmn. ' ^ -f^-i; a- ?. 

JSft «lcbfis Propofitio y. Libri L EucUdis, . ^ ; "'"'''^' > ^ '• 




, , ( 1 CoroUarium 1* 

,■ Qpdo^. ^uo triaQgu^''4^BF > A^F C DemoMllratione y haSeni 

fiogul^^ laf^^ JinguUs .iji&erlbus asqpalia , f^ep^^^^rit etiam angahs 

AFE == AFC, quibus opponuritu^..a:qualta'Jat^ra'ABr^ AC^r <?€>"> 

\ fequeiater ,C Dcfihii. 9; J rcAa A^ cxl vcrtic? *A triaiiguR iftyfccHs 

ABC ad bafis medieutem F da£U > perpcncfl^ciitaH^ crit ad eandem 
b^film. Pr^terea ctiam^bifariam dividct angulup' ycrticalem C A B > 
quia ( Propof/0* ) erit ettani angufus FAB z()^alii Smgulo F A C> 
qni fi,(>j<^,d4iui|r;f Ux^hu% agjjalj^^u BFIFC;:; ^ 'l' . ' - 

Cosollariah» f f.- 

Vicifllra G tx verticc A triaftgdli ifefcelis ad" Baffm BC ( Pk-o- 
pofit. ' 14* ) dcmittatur pcrpendiciihrls A F , hstc bifariam fecabit bs^ 
fim BC, 8c angiolam' oppofitum QAp. Nam ( Axionu x6; y eft am« 
gulus A FB =r A F C / 8i ahg&lffs x = 2 ( Demonftr, antecei ) % 
confequenter (Corollar. 7. Propofit. 24« ) reUquus angulus FAB eric 
aequalis rdiquo FACf & (h^pbtheC ) eft latus A B = AC inter-^ 
pofitainter artgiibs «quatofis ideoque (Propofit;;.) erit latu» FH =: 
VC, qus anguUs ( Demonftrationc ) arqualibus opponuntuc «^ 

Cosoltarium LI Ir 

Sfc,^ 0«WC trlansifiaaseqiailatcfum A C F cft etikm «quxangu&tm ;' wnin» 

qOia 


/ 


qoia Ijgccifa C^^QP ( I>5finit, i^. ) funt aBqualia , idco ( prima paf- 
te hi/]us Propofitiohis > cHt angulii^ A "= <P • SifiilNcer t)il||i ;tft A C 
= AFj erit aagulua C = F; ictirco ( AxioRU x. ) erit angulus 
A = C r confeqpenter ooines tnea ai^li erunt «qoalea > tc fisg^Ii 
^Qtiiicbnnt tqitiani, pariein duohiai roSonun • 


Ergo qbilibct angulfis ttttt)|iiU sqailateia ad«qttK duaa aertiaa par* 
tef nnius anguli rc^i ; fex enim tertias partes conftituunt duo inte- 
graf ift tres arigAi tnail^U seqiiilateri ofldlfirfant cqualcs iniel ft , r 
atqne fimnl fumpti f PtopoC 24. ) adxquanr daoare£tos ; idepqucqui* 
libet ^(bcnm ae^uaU» crit duabns tertiis pactibus unius anguU rcfti*. 

PRQPOSITIO VICBSIMASBXTA. 

r • 

Thcarawr* . 


^:,-^ 






foff tafi)4''ffpqfitmm ,ma}orm angpdo oppcfito latcri mimri, 

« • I 

w 

Sit triangulnm ACD^ quod habeat latus AC majus latere CO >i:if.x. 
crit aittulus CDA (ubtenfus a majori fatere C A ma jor angulo C A D T«t>«vu 
iiibten/o a minori latere C D . 

Sz mvifotilkeitCA^i Prop. 3..> feeetuf' pan C&ffqpalir.Siiiio* 
« CO^, de aucatMrficfta. D E (^Poftul i. ) • , . , / ; , 

Dnnonftratio^ 

. Jn triangulo CDE Ccoiifirttdl^) Ifofcde dlCPropr4^teced.)angiH 
llia X rsx;: ^rgti imus tt^gulna CDA^> qui ( Axiom. io, ) majoreft 
angiilo z fua parte^ erit ( fecunda parte Axionu i. ) ctianamaioran^ 
Sulo X ; fed trianguU A D E aogpihls es^emus x ( C^rolL 2. Prop.24 J 
major eft interno^ dc oppofito A ; ideoque ( A^iom. 15. ) angulus 
CDAy qnt^ofleilfiia ell major angulo' x, erit qqoque majoranguIoA^^ 
Ergo in quolibei triangulo latus majus. fiibtendit aijgulum majoren^ 
Sc htus^ minm futendic angujufn minorcm , Quod crat oflcndcndum r 
Eft Propofitio 18. Ubri i. Euclidis; '" , , T^ 

' i ■ . . I * ' 

Corolbrium ; 

' . [) ' ■ ' .,--,• 

Qiaprovtcr tMvadwoBi Scalcawn hih^t tmks ansidds inx^ia/esr 

• • ■ c « 

I •• . . . 

« •- - « . ' 

PRO- 


PIIOPOSITIO VICESIMA.S5PTI M A. 

i^tter^ 4tftktlia ipjit Mgiat^'j>pp^s . Si ^Hm triammlmm bMhurit 1 
a!9g^um majorem an^o, timc baiiiit tatw opp^kwn mafori mi^ f 
m^t taiefi fi^tmakM utt^gohmo mfytmif^^ 

rii,», Prfcno fit trfamgiiliiin' ACF. im quo (k «ogiihs A ?qu«Iis ^gmh 
T.MU p, erit btw CF = CA. '~ 


\ 


Demonftmio • 


Nam B lanis CF mzjus, rtl minus eflet )arere CA^ tniic ( Prop. 
Iinceced. ) angulus oppoutus A- tdfipt pariter roa jor ^ vel minor «i^u- 
lo F ^ guod eft concra bypotbeGm ; crgo ( Axiom. s^ ) neccSk cd uc 
iacos CF fk «quale lacm CA\ Qpdi. crat pcttncinu'* 

riixn. Secundo fit trtangulum ACF» cajui MgulM A mtfof dc wgula 

xikyu F, crit latus CF majus laterc CA. 

Denaonftratio« . 

BJMm fi htlis CF eflbt aKiQftle lateri CA> mac < Pftfo^ ^S- ) 
eflet angialus A apqualis aogplo F j QQod cft contia h]nroil^fiQ^ » ^ 
autem latus CF eflfet minns latere CA^ tunc ( Prop, anteced* ) an* 
gulns A minor eflfet angulo F^ qnod padter cft contra hypothefim^ 
crgo necefte eft» ut lacus CF fit majus laterc CAj quando angulus 
A major eft angufo F. QkkI erat fecundam. 

Prima pars eft Frspditio 6; ft ftcanda rart ift Aorofitio 19^ £i» 
W I, EttClidi*/ 

Cortfiiariiim I. 

Hinc omnr trfangnlum habcna daos an|p4oa «qnalet^ cffitl(bfi;cle« 
8c fi habuerit omnes angulos aequatcs^ fi ncoipc fiierit «quiangidiimj 
trit ettam «quihttnmi s fi autem habaeric omnea angnloa ioaqfUAl^ 
crit Scalcnnm* 

Corollarium IL 

fUj^ Omninoi Uncaritm . qu« tx quolibet t>unAo C al quamtibetre£!am 
tiMh ^^ ^^*^ pofluntj, minlma eft penmdtcularis CL.. Nam fi docatur 
quzlibet alia rcAa CA^ quia in triangnlo ACLanguIusredhisALC 
major cft acuta CAL j^ etiam lacus CA oppofitum majori angulo 
ALC C iiicunda parte bujus Propofitionis ) majus erit latere CL 
fiibcendcntc angnlum aoinoreak CAL i quod fempcr vcrificatur. 

Qua^ 




J 


, MIBBR &SGUNOUS. i» 

-' Qdipi^ofKtr iHham inttr qpfAom Q, 8c tii^aoi F^ iimeikiir 
fcmmliMlari CL; MUfae ab ioign BWAi C ad K&m FB imi 
dffcf Mfefl te» ptrpMdiafarisji . , 


• •• • 


PH^OSJTIO ylC£SIMAOCTAVA«« . 

TliGortosft* . 

Oitme pstJjelogr a m t m m bsbet tsHers opp^d ^ftudta » gmp^ot oppofitog 
mfuigf^ A- iifsrmm diyiditm m disi£omtli, fem MsmittQ. 

Sit pmttelovamipKn ACFB; erit latua AB = CF, AC=:FB, tff. 
angulus A=F» angulut ACF ~ FBA^ de duOo diaoKCro C B ^crit gJJS^ 
mangulum A B C sBquak triangulo C F B . ^^ 

r 

Oononfiratio^ 

Re£l9 AB^ CF (^ hypotheC ) Tunt parallelx \ ideo rProp* ix. > 

anguli alcerni z» & x funt «qualet. Similiter ob parallelas A C , FB» 

anguli c j & f alcerni funt «qudes ; proindeque duo criangula A C B , 

FCB IiaboK diios angulos f « & x aequalcs duohus angulis t^ & z ^ 

8t tetm C B ioterpofitum imer angulos «quales commune eft vcrique 

ttkmgoloi ergo ( Prop. y) eric lacus AB = FC^ latus AC=:FB; 

osmixiit A «qnalis angulo F » & triangulum A B C aqude triangulo 

FCB. In&per , quia angnli f , & 2 ofienQ funt aequales t ^ ic % ^ 

iceirco ( Axiom. a. ) erit cocus angulus ACF «qualis integro an« 

gttlo FBA. ' 

^awopier in oomi parallcIogranvno&cQiiOiferatdemonftrandttm* 

Eft Phwofitio H« Lihri i. Euclidis« 

FEOPOSITIO VlCESIMANONA- 

»♦ 

Theoi^ema« 

« 

Pigttfa ^mtdrtlmifM bsienx dttg Isiers fmdleld^ ir iCfttttlia » 
ctiam reUftm dtto Imera pmaOeltt^ vr ^efuatia; feitke^ erit 
iqgrttttttttttm 9 

Figura quadrilatera ACFB habeat lacus A C paralkkim ^ & etqoz^ 
le lateri EF; edMD latus aE pavallelum ^ 4c «qyak crtc laifriCF* 

aJWWuWHfUn O ^ 

Dacatur diagomlis EC, qu« lncidens in duas reffau AC ^ E F > 
( hypoch. ) parallelas ^ ( Prop, 2i. ) efficit alcel-nos x > & 2 aequales 
tMer fe. I^que;dhK> MaBguIji ^CE > EFC habent laois EC xwi: 
muncj Sc ( hypoth.^ lacus AC = Ef^ Sc aiuuIitpAjc s: ^^ qjni 

^ fiunt ' 




\ 


ijiJ ELiEMfiNtORUM afiOMBtRI^. 

litmc a latertbus ^ualibus ; ergd < ffrap. J0^ ) crlt.A£ T^dV i-Sc 
amgalus f a^qfbalir angulo m^ ^ dno inguH-fimc^alterm^ffio&nitgw 
r Propof. 19« ) xtax EA» FC oiiiK fimUdft^ &:fi^ KA^ OfA 
niL X7. J erit parallclogrammum. 

Itaque fipirm -quftdrilacert habdiu i&sc. Qucft lerat ^ftMAMna • 

Eft Propofido 31« Libri i. HTclidis. 


9 R O P S I X^ O T, R /Q 6 JS I M A 


n '^.t-^: ;-.^v*^ H^.^ 


paraUelcgfammm . ^' '• - 

^ Supra AC, & ex putiAis A^ & C eriganrur ( Prop, ij.) indefi- 
xv^ ^^^ perpendiculares AB^ CF^ kfxx atttp^ (PropoC ;• ^ fianc «qua- 
Ttb.Vi. les dat« ACi Sc ducatur refta FB ( PpftMl <0 ; eric AF ^tapficum 

^ii^atttm* * ^ ^j 

Demmftrfdo^ 

- ■ " * 
' Nam rcfl« AB, CF ( conftrua, > peipendicaUres^de«iAC(Prb4 

rlfit. i8.; funt parallclac, Sc ( oonttrnok, ) fent aqualet ;* t4eKx\o& 
Propot Jfntcccd. ) crit latus FB =i A€, & fignra AF -crk paralH 
lelogrammnm; fed eidcm latcri AC ( conftrua.) arqBalia fiinD later* 
AB, CFj confcqucntcr ( Attom. i. ) omnia htera funt a?quilia; aivi 
guli vcro A, & C ( conftraa. ) funt rcai; iccirco etiam anguh «^ 
8c B ipfis oppofiti, & Muales ( Prop. li.) erunt rcai.Ergo figua 
tiC crit quadratum^ ( Dcfin, i8. ) , quia cx dcmonftraris ^ paraUc- 
loerammum «quilacemm, & reftangulum. Quod erat pritmitn; 
Eft Propofitio,45- Libri I. Euclidis. v^t • 

pi. Secundo, quod ft acquales perpcndtcularcs AB, CF^ ma)Qres fiant, 
xnC vel minores rcfta A C , tunc dufta rcfta F B , conftrufta figura erit 
TtUvi. rcaangulum , feu oblongum , ut pcr fe patct . 

Tcrtio fi dcfcrlbendus fic Rhombus , ducat«r ex punfto A redta 

wlii AB = AC, qu« eflaciat angulum A obliquum, acutiim nempe, vel 

Kb.vi. obtufum; deinde per puriaum C f Propof. 23. ) ducatur rcfta CFpa* 

rallcla, & aBqualis-rca« AB, fcu AC, jungaturquc refta FB, erit 

A F qu«ficHS Rhombus. ^ . 

f if. Qjiiarco , quod fi- <^fticuco angub A obUqup , ^potutur A B mapr, 

iX^r vel minor data A C , & complcatur parallelQgrammum , habcbitur 


• III» •Hti V. 


pPQpofiOMlt 

Corollarium • 


« ' 


Ergo parallelog^ammum habcns- uhom angnlmn f«&Mil > cciflm m* 
fiquOS j^ngttlosr^os habcbic/ '^- ^ « 

/ PRO^ 


hy^p t, t^ :> j;^ u is y u 5. «7 

PROt>OSITla tRraEJIMAPRlMA, 


♦ t. •;' ^vT"T"r^^... -zr. 


' VdtdHtb^fmma Jnfiri^idiMem hrfbl» ^ i^ hatt tsfitm fm^iOhld» - 

cctifiHtf^s MUf ft fma ^efMolia^ 


.1 -. 


i :t ■ ' •• • r. . »• . . '.»•«.-_ -_ - _ i, 


D0O paiaUdograaiii^ ABCE^ BCFQ habearilt j^aninwnem bafiQs pux^ 
BC» & inter caQeni paraHeTas AFj BR ponfiicuca finc^ erit/paral^ Tab.vi 
leiograininiim A B C £ «qiiale parallclogrammd 6 C F Q. 


• * 


DeraonUratio . 


Etenim(Pfopor. 3<. ) eft*A'E = BC/&'GF= BC; Ueoqte 
r Axjom» r • 9 «ric A £ c;i;, C jgf, ncqifc. ^iiki ^a^mBiiiiii p^on(B£ Q» 
C Anoa^*. 2. }.ierit' AQ. «::;££• ,. ^ » . * 

Unde duo triangula A6GjE)fC ( Prop. 2S. ) habent latera BG 

5= JFG, A B S3,<;b^;^ f«Dcmonflr. ) A S ^flij cxga.i Pcf^f.) 

erit triangulum ABG «quale )f}a|iflualo ECF^n.a qtii^us deniatur pars 

commimis^ hoc eft triangulum E\Q, & 7 Axi6ili,y.) reoaan^it Tra^ 

pa^lum EIBA squale Trapej^iOr. G,if C I-y quibiu addatiir commiine 

uiangulum IBCj & < Axioni." 2. ) erit' parallelogrammum ABCE 

aiqualepaffaUeIt>^ai9i9f^.i^BC£S4 Efglf |W|^IeI^gQUiia|a As^ Q|K>d 

crac demQa&raidiim •,.'•.''. 

E& Pcopofitio. zi» IJbfi x. . Euc^lUi» • ^ 


Corpllttiupa^ l 




« • * »' 


Area pardlti*gtais«i¥.ie(^eutl AAC ^: ( 'PFiflK^ jft.>Xin?enittir 
muItipUcando bafira BC in alticudinem BA sequalem FR • Sed pa- 
raUelogrammum obUquanguluoi BCFQoflenfura eft «quale reftangu- 
lo ABCEi ideoque area cujufris parallelogrammi FGBC obtinetur 
■lelciplicaodo btfim BC per akicudinem .3A ^ fim FR» five CE 

(Pefioic j8. ). . •, 

Itaque fi bafis parallelograi^tti vocetiv m> & ejus aIcttudovoce(ur 
a^ produdum am erit area parallelogrammi ^ videlicet ipfum paralle- 
logrammum fignificabic. 

1 Coroilafium IL ' ... 
' • i . • . 

Area vero cujuslifaec criangMii redHIinel A B C efi ttqaaUs dimidio ^^ j^ 
prodijjaoL .ex altitiidine BM in bafim AC» Nam fi per :punda ABTab. 
{"Propof. 23. > ducaatur redlas AE paxftUela lateri BC, & 9£ paral^^^'* 
lela lateri AC^ habebicur paraU^ogQMfinovni ACBE < Prppof* 28^ ) 
dupnbn* trianguli A B C ; fed ( CoroU» anteced. ) area parallelogranr 
•{fit^Ma MatbtftOT. S 0>i 


mi ACB£ «ft ACXBM; ccgo qus dimidixmj icUioec afc» criai 
8»li ABC^ crit l£i£*!, ' 

Itsiqiie fi bafis AC rocenir h, ft tlriciido BM yocentr m ^ pra2»- ( 

crianguU ABC« 
S^aa^z^^ XmzzhX^: Mnlfiqwicer area emi^ 

ctlam obtinecar iiuildplicaddo dUpidiam bafim in xoauQ akiciriBKa, 
vtT intqsrani baCm ia iimiiim altittidiQen». , 

PRaPOSITIO TRlGESlMASEQtJNDA. 

Theocema^ 

Tirhifthr f 04nt, rcB ) Jkpir tadm ^tfi i ItO, 4> «» l0«bM» ^ 
rdlelit H.I, BC) etnftim^:, ^ifaaUMfimt mttr /*. 

fif. n. Per panam B, fie C t PtopoC «}. > (bwMKitr led» BL pucaAlcU 
«^•vimtteri AC, & Clpttiaiefai Utcri FB. 

.Demolifiratlo» * 

• . . . 

Vatallel^gramma A C B 1 > FBC I ( F^.aiiteoe^ 
fer fei erj|o ( Axiom. 9J etiam triangula ABC^ FBCsqnltai^raiie 
inter fe^ qnum ( PropoCzS. ) fint medietates aequdium paJtalMoAi 
^^^mJLC, Bl^ Ergo &c. Qsiod erat ofteddendttm, 

m ftropoiJtio J7. JLib, u ' 





PROPOSITIO TRIGESIMATERTIA, 

Theorema» 

U ^^i^C-^ ^ in iWiemfMrslUth (^L^BC^ pq/^mfmfkU ^ P4i 
TMiklogrammmm trit dt^mm *rim%M^ '^ 

Pemonftratio« 

Htm Aiaa-4iametro AC^ truagnItENii LBC f PropoC antec. ) ac- 
qualc eft triangulo ABC; atqui triangulum ABC ( Propof. 28. ) eft 
titmidiiiff) paraiktogniiiimi ABCF$ eigo ((eCUQda parteAxiom. i, ; 
m^A ^"l^? triangttlum LBC erit dimidiHm cjufilem paraUelogram- 

iJt\^^^ • Qh^ «^« demonftrandum . . 

\m Propofitio 4'. Ubri 1. fiiiclidia . 


r^ 


L I B E R S E C U N D U S. ^p 

•PROPOSITIO tRIGESlMAt^UARTA. 

Probbtoa. 

mauffm ^npuiem d0tafnp$la ( Z )« Vtkviu 

aliqao trianguU daci anguTo* B 9ii hxxxs oppoficutR (l opu» eft 


prodttftom C PioF^ Z4^ > docanir peipendictilatiaB S ^ qw CPropof» 12 J 

Idfav&n» Cecccor m F, & per pWBAuoi F C Propof. ;»• ) dupKur re*r 

Aa ILM^ mmllela ba6 AC. Dcinde ait fefiaai AC^ Sc ^ punOm 

in ca» iW C. VropoC i«v } fiac af^ili» HAC arqDali» ^aC9 ansulo Zr 

nCasidenfr per p«ii£tuiiv C t Propof» 2^} chcatnr reAa CI pmUcte 

vcAae^ AH t edt AHIC c}|MBficnBi ^^mSkio^tBmmm • 

DonooSraci^.* 

Are» pafaUcIoKnmioi^ ATIIC CCorolL r^ PrcjpoC J^r^) elE aquaN- 
lis pr€Mfu£h> cjt aliiiodine FE i» bafio» AC;; fed areacriangali ABC 
f Corexl!». 2- Propofl 31.7 c(l pariccr aqualis. prodafio» cx bafi AC 19 
¥ E. tnediecatcn» alcicndinis- Bc; ergo CAxionu z- > area erunt ^vat^ 
les^ fcilicet paranelogramauun AHiC aqpale cria cilacvila A E C» 
QttO<£ erat fropoGcuHr.. 

eft: Fmcofiuo ^ libri r^ Biclidi^.^ 

Si &Ctts: angurus Z fueric itdliis', canc nBraircb grauHuwu idtxlfV Bm 
cvit ceaaQgpIum ; fi angiilua Z. fewa oMiginia» pafaUcIbgraoiniuavcrit 
c61iqiaiair» 

PKOPOSinO TRICESXMAQmNTA^ 


* • 


pojn^i^ enmt in^ iifdcm ffmdlMr ^ /eiliiet umhm stttfmUmm A#> 

Supra eandens Bafina BC^. & wictCf» caoftnr pnrffeny etmSiCttca llnr ifk r» 
ina triangula aqualia ABC^FBC, dufia; reO» AF cr vercice A^^^^S» 
•ntua ad! ractce» W arcccsus crniapili, dico rc£&uo AF mraircliMni 
cflcbafi BC. 

Denxini^tacic^^. 

WDmSm& rcSa AF no» cflEec BMdfela bt^ BC^ tooc pcr pui»- 
Ihua A C VboffoC zjrji duccscDir wdStz, wmpli caufficr AL payalle* 
ta bafi bC,. quar aiieubii fecaret lacns: FB, ut inr Lj» 8c dvnSt» rtCtm 
I^C » cciangiilump £ BC C Pl^op« ^x^ | JBqmife efler criangt>£t> ABC jcui 
cr hjtpoc&efi jan» aequare eft CBiaflguIumi FBCi; ideoque ( Axionx r» > 
^c^ cstaqpibn» FftC ORpiale csiangiiloIrBCfdiiacc mmm wvmJc 
IttiCtr 9H>dS CAxiaar..rov> iserf ncqntr^ £19» fieri w» poidt^ uc re- 
Oa AF noir fit panUcla Bafii BC. Gonfcqunner cafaffgiilrfeqnafiaAc^ 
^ c«ir fcqfQfcnBBw aft fitapai](iof|^ JUbA L finclidi»^ , _ . 

S a EL& 


ELEMENTORUM GEOMETRI^, 

LIBER TERTIUS. 

DEFINITIO PRIMA. 

» . .... 

Flgmw fimh9 dicnntQr illse ^ qus habcnt eunclcfii imtnenun Xtt^ 
ruoij & angulonini; & habcnt praeterea fingulw angulos fi^u 
angulis aequalesj & latera seqnales angulos confiitucntia > five MqBiU* 
bus angulis 6ppofita , hoc cft inter anguloa aquaka .intcrcepa , 70* 
portiemdia 4nter fe« ' • 

Fif. VI» Singuli anguli fcntagoni M «qualea finc fiogulb angulia peflt^pi 
Sf v^^ N^ fcilicec 
^•^'^"•A = F, B =: G, C = h; D = I, B = L; & infuper latcra ifr 

tcr angulos «qualcs pofiu> fJroportionalia fint fingula fininiRs , fcificti 
AB:FG = BC;GH = CD : HI = DE : IL=AE : FX, 
fi^c alternando fit ^ 

AB;BC = FG:GH, 
BC : CD = GH : Hl, 

CD : DE = Hl : IL,* , 

DE : AE = IL : FLj tunC pentagona M/ iSc N tvm dwf S&^ 
n reOilincat fimilcs • Idcm tntelligacur de aliis quibufcuotfSE». S^^^x^s 
ftmtibiis* - 

Corollaciuni^ « ,:(^ 


Fig. 

Yl"* - etiam 


Ergo rcailinea ( M^ & . N ) JimUia eidcm rcftiUneo, ( R ) , c^ 
'v----w*iam fintilia intcr^fe, Nam angult ^oiygonorwti' Mv^ N, ^ 
( hypoth. } funt aequalcs angulii polygoni R , finguli fingulis ^ ii^ 
( Anioni» i-> erupt pariipc ^ua^ca imcur. iCf Siaiilicei;> quia^r;icioAa 
/ Jattrum polygonorum h^yJSc Nj funt ( bypQ^a, } ^^iules rationibos 
bterum polygoni R i iccirco ( Axiom. i» 7 crunt ctiam acqu^cs ixy 


tcr fc,. . 
Eft Propofitio ZJ. Libri ^i Bucli<^s. 


' • DcfiAitfb j r; • ' * -^: 


rig.YL. Ii> fintilibtts ^aris- lateraf inter angulas cqnales pofita dicnntur /«^. 
T k^vVi^^^"- Mimlcjia t ut 4h'aii^e(ienHlMtt. ^yffna» fiiAlibot :\t. fiiM &nt 
™-v"'jjitcra hoBiologa ABy 3c OF, itaniCD, ScMl, &«. 


Dcfinitior > 1 1 L 




' Pigift^fltf i^/^y*dM»iii^ocaii^uii .iIU>^ cpaer h^jDa Jacetla . > reciproce pro^ 

poni<i|inaliarititfet!t 'mtqoibittgcft htusF unuQi.|3rin» fig(|ne ad unwil' 

Urtttsf ftatindaf ^ flciRi aliiidi>afais fccCMda!:>ad akerumlaiaiScptial^. /> 

. Si^ duo tmfiwilalABCV ^P^^^Qrfaa^OmRgmxo^toap^f^ fntftc 

'^^ - : . AB 


\ 


I 


K 


!( 


AB ; DE : : DF : BC, vel 
AB .' DF : : DE : BC. 

"^ ' jDe&iiete 1 V. 

- Triangufa ( ABF, ACF, AFG &C4 Xhahentia Tcriiccm commu- ^^ ^ 
£lcnfi f A ) , & bfllfcs < BF,dCF,.EQ,, &r. J in cadcm .rcfia lipca Tab. 
C BG ) pofitas, erunt xqac alca; ipforum emm altitudo ( Dcfin. ^S. vix* 
I.ibri 2. ) cft perpendicuiiris du^a :cx jconttiani ycrtice ( A ) ad \u 
xicam ( B G ) , in qua rcpcriuntur bafcs • 

P R O P O S I T I O P II I M A* 

•• • - . ' . 

Thcorema • 

TMrgJtel^fsmma ^ffue alta^ five inter ea/dim paralMas^ confliiufa , 

erunt inter fe in fatian» bi^fium . 


Sittriiitet ifioftg^ h^bentia tandem ^ wl awalem ahitudinem ^ etfnt 

Primo data fint duo para]IcIogi;pBm>a ^BGR^ FGjHL> in.ii(3cm pi..xi< 
Taralletis AL, BI eonflituta/fire habentia sequales altitudines AM ''7: 
= LI >' dico parallelogranimua» AC ad porallclogrammum FH ean- ^ 
dem rationem habere, quam habct bafis BC ad bafim GH;nimirum 
fi fuerit.hafis BC;^. GHi em parallclogrammuni fi &..:;= FH^ fi 
bafis BC fuerit dupla.bffcos GH> & parallcjogrammum AC crit du| 
plum parallclogrammi FH/ .-. 


••*•! l«» -l-w 


Btcmm' paraltelogfammft B^R bafit BC .irotttur >/jBc..fl¥tiido A^M 
VQC««[^ C9 ( CoroU. I. Propof. 31« LHs^ 2« > . ania.. paralklogramnv) 
BR crit bc# SimiMtcr paralcll<]sramnii FH baAs.GH yocetur qs^ & 
cjus altitudo LI, quia ( hfpothcf. ) cfl aequalis ^^ti^H^in^ AMj cri( 
pariter c; unde ( CoroIL i. PropoC 31« Lib. 2. ) crit cm area paral- 
lcJogrammi FH. Scd ( Prdp. 2-iiitk: u ) cft 

bc : cm : : b : m^ fcilicet paralldosLrammum BRadparallcIogram* 
tfiVFH^ Mti^^bdifi9^BaC A bGrfknXHw JSrg^.tmaUdosriuoMiaf^»* 
()ue aflia'-&nt intar fe in-raition^ bafitt^ f . .(.:..:' 

' SecmfdcTtrrifeigula BCfi^ HLI «que aUa^itiie iniiiCdem pqratlA*.. ^,, 
1» BMy IB pofija/iennt etiath inter fe ficiid hafes BR, LI. Ta&vii: 
'• Secinliir CM =s BR, A «£= LI .( PropoC ^ .Uhri 2« ) , aft? 
qui ^hMmm^ x^SiU^WLf l^yva (< Bropof.. 29« Libu 2^1^ j hh^xxi» 
duo parallclogramma ssque aUa RMr^£* ^^ ' ■• 




De- 


I 

* I 


\ 


fiLEMfilfTOKUM CiliUM£XJllib# 

OeoiQiifiracia • 

TffiiBgttlm BCR eft dlmiAQai pMdklograniim RM ( Pro|r. ^r. 
libri I. >»*lk MtngMlum HIL eft dimidimn faraUdogrammi LE; 
ftd ( €ofolL 1« Pro{\ i;. Ub« u > dimidiim cujuft U qttaarkaiir^ 
ad diiqidf ttai akerttti ^^ fimi pridia qiiaodtaa ad tomdam i adccK 
qttc erit 

^BCR & ^HLI : t QRM ; QLEi ai per antecedemem 
ih-acionem eft 

D RM t QLE ; t PR r LI ,- crgo C Axiom. I.> crit — 
ZiBCR ; Z^HLI .^ : BR : LI t fcilicec aBCk easdem ratioa» 
lubct ai ^iHLl» Vam habct bafia BR ad balim LU Qiiod o^ 
ftobaoiam^ ■ 

£ft Propoficia i^ Libri 6^ EucHdif . ' 

CoKolhrtttm L 

fig^ u baicft paraljeiogrammonim cqiBaiem> 
liabciKium ^ fucrinc aBqoaies. ^ paraltelograaima. CBniu: faricer «qua&B 
iacer fc 

£ft ProsoBno^ 2«; libri L Eudidii.. 

GoEoUarlttm I L 

Sikniliter c^alia cnmt iDttr fe mangnb seqoe al;a» fire in ttfiS 
laffallcHs. conftitota ^ fi habucEint bafesi «qoalea*. 
Efi: Propoficia if. Libri i. EuclidiaT 

CaooUaflimi IIL 

^ doo fataddiogranMM ainr^ 8r bm haboertnt «MiSa» h^f» n » 
Bt aldtodiiiea; inasvialca a > & b ; tiinciiamltelc^aOMnai cmixt iflWa. le 
iift nuonc altitodinBm» qoia: C Propod 2» Libri i.. \ tSt 
aoft 1 bm t : tt : h*. 

C6foiiii8UKi» iv:. 

Si «weii» ia^VmSkSaBmmst zm^ ic bc facrlnt sqnalfai^ at H*^ 
bQerint bafcs: a > & b^ xqualcs^ incer k y iiabcbunt pariter aliitBdine» 
»> dfc c inter fe sqpalcs ? eft eninii cr bypothefi am ir. bcv &r a> 
•2'> >^idaoque dividhnda an> pcr ifc^ dt bc por b^ C Axiom. u > ro. 
nuebit a»=r c^ Ergo paralltiogcaBimii cquaUsi a^ eandami paiacin 
>^^> at babcntia baia SBquali» iir eadco» ccaii Un^ 
«cm pacailtiia^^BflioifiK ervift. 


\ 


/ Corollafiiiai Vm 


Badcnt ra^oe tiitiigula «K}udlia^ a2 ctnto paftem poCti^ fth«- 
bemia iMiies Moalef in etdefn i^ Hmm Mnftiwut , munt eriam in 
iifikan paxallelis pofiu^ five cahdein aTcitttdinemhabdutnc: funcwim 
cmngida medieutes pgallclogramnMMiMn eaiukm alckndisiem tiab tnrii i m > 

fift Prqpoficio 40. Libri i. Euclidii • 

PROPOSITIO SEtUNDTi* 



Si 4tttt9m Juo triangmH {^BC ) hacr0 < Bu^^ SC ) froportioiuiiiir 
foBa fuerifi^ ^ sOqua teSs ( FG )> 4^4 r#&i 4rtf5f«o i^eri ^ fem 

' Demonfimcjo P^mz, Parta. 

Doais feOis AG > FC, dno trianguia h^Q. CFG intifHamrt* 
aallclis AC^ FG^ 9l Ibpra caadem bafim FG Mnaicuca ("Pr^p^ ji» 
l.ibri a. ) erunt «qualia incer fe; proindeque ( GoroU. T* Pi^opoC 2i 
Libri L j babebunc ^candem xacioaem ad idem triaiigulum BFQ ; 
eric nempe 

A AGF ; i^BFG ^ : £^CPG t tkBFQ; fed < feouida parce Pro- 
pof. anteced. J triangula «que alu func inter fe in xacione balium : 
cric igitur 

/iAfJG : dCiBFG : !: AP '. FB, & 

ZiCFG \ ABF<t : : CG : GB; ergo (^Aaom^x* ) critAF: FBu 
C G -: G B • Quod crac primo demonftcaadam • 

Demonflraclo Sccund« Partis. 

Ex fcypothcC cft ' . 

AF : FB : : CG : GB; fed duais, ut antta, Tcab AQ^ FC 
( Gecunda parte Propof. anteoed. ) cric 
^ AFG : ABFG : : AF t FB, & 

ACFG t /^BFG : : CG : GB; confcqueMer ( Axiom- i.) erit 
AAFG: aBFG : : A CFG : ZiBFOi ideoque criangulaAFG^ 
CFG, <)Uk iisfceQt; cand^m rationcm ad i((c^trian^IuraBFQ^(Co 
HiL 2» Ji^. ^ Lijm f« ) ^nc aegiialia. Imer' fc ;, haljcnr autem txsjr 
dem bafim FG, & polita func ad cahdcm partcm) crgo ( Frpp* li^ 


Libri 1. ) cninc in iifdem parallelis conilitau , eric nempe FG p^ 
rallela lateri AC« Quod erat iecundo dcmonfiraQdam » 
fift Ptopofitio 2* Libri 6^ Euclidia. 

P 21 O.P $ I T I O ' T B R T I A • 


«( 


Roblema. 


r • 


it84 ( t^ B ) f9dmlikt qMjksm pmim C ^-v. cinl 


^ ^^ DBcatur ez punfto A indefinitt- A C ^ qus cum data A B c&a 
Tah.* ^jMtnlibet ^ngiUum CAB.« atque in ea fecentur trespartcs AE^El^ 
Viu fXi inier fe aequales, deinde jungatur refta BG > 6t 'p^r'^pimttm i 1 
f Prop* aj. I4b* 3.;^ ducatnr refta BL parallela r«ftc B^i crit AL 
gu«fita tertia pars tt&9 AB\ < < , ' . / 

Dcmonftratio • ' 

; 

In triangulo BGA rcaa EL ( conftruft. ) dufta eft panUels iHc- 
ri G B ; iccirco ( prinu parte PropoC i« ) erit 
GB : E A : : B L : L A^ &'componendo (> Prdpof. 4« Ub. t« ) etvt 
GE -h BA : EA : : BL -♦- LA : LA; fcilicct 
GA : EA : : 6A : LA ; atqui ( conftrua. ) reaft G A «a ti^pla 
tcHkx E A ; ergo etiam re^a B A erit tripla re^ L A ; fcUicet crix 
LA quarfita tertia pars vtfXm BA. Quod erat propoficuos. 

Eft Propofiti6 $. Libri 6. Euclidis. 

P R O P 6 S I 1 1 O Q.U A R T Av/: 

• . • » 

Problema . 

ria.xv« Datam teSam (sAL) in eadcm rstiof$e dividefej qud iiid reSi 
yj^; (^M)fcaa fuerit (in pmnait B, dr C). 

Datas rcdlse AL^ AM^ ita cornponantur intcr fe^ ut efficiant quem« 
libet angulum LAM ; deiirdejangatur rcfta LM, cui ( PropoC V* 
Libri !• ) ducantur parallelaB C F > B E j quae reflam A L fecabunt in 
partes prqportionales partibus reflas A M . Ducacur B I parcUela re- 
a« A L; • I . . 

Demonftratio. 

■ • • 

In triangulis ACF , BI M ( prima parte Prdpof. i. ) eft A B : 
BC::AE:EF,& 

B C : C M : : B Q : G I j fed C ProitoBt. x8. Libri i. ) «ft BG 
=S. C F , ^ Q i x: f £ ;' idiioquc «quAlia «(mlibiM iibMtuffif 

BC: 


L I II E R T B K T I U S; t4T 

BC : CM : ; EF : FL$ conrequcncer re&z AL diviit mc in i«fv 
tcs proportionales pajrcibus rcdx AL. Quod crat proppficiUD* 
* Eft Propolitio !#• Libri 6. EucIiiUf « 

PROPOSITIO QUINTA. 

P^kma. 

l>Miir ^luahtr nSir imcir {F, & G), iMimm propOfthmskmbmtAri » vff« 

Fiac quilibcc angnltts re^lineas LCB> & ex latere CB C Propo» vL 
lic. 3* Liibri 2. ) recentur partes C A = F ^ AB ^ G, ic ex alio 
lacere CL fecetur C£ = G ^ jpoftea . ditcatur rtfta EA ; huic per 

pun£kum B CPropoC 2j« Libri 2. ) ducatur refta paralieia fiL ; crit 

£ L quseBu 'linea « 

DuB^nfiratio* 

* 

Nam (^prioia parte PropoL 2. } eft 
CA : AB : : CE : EL,ideft 
F : a : : G : EL. 

Er&o duabus datis rcais inyenu eft tertit pi^portioaalis . <^foA 
crac pcopo(icuni« * 

Eft Ph>pofitio II. Libri tf. Euclidis. 

CoroUariHia 1« 

Si prlma linea F Focetur a ^ & fecunda G yocetor c 9 tercia io« 

venta E L ( Coroll. Propof. 9. L3b. i. ) appcllabitur ^ ; ideoqne 

inventa linea E L exprimit quotientem j qui oritur dividendo ^a* 
dratuoa fecund«.(2 per prinuun.F. . 

CoroUarittOi I L 

Praeterea quia < DeoMxiaratione ) eft 
F : G : : G : eL^ fcili^ 
-S F ; G' ; E L j ideoque ( O)rollar. Propofit. i. Libri i. ) ^1« 

F X E L =:c G \y fcilicet inrenca Unea £ L oiulcipltcata pet dacam 
Fj cfficit rcftan^iluni aquale qua^kato alcerius UneaB datas G» 

PROPOSITIO S EXT A. 

Problema • 
IW/f trHur ffSit timif (F,G, L> ftmrtam. prcpofiiomUim ittVmke. vi$^ 

Co n J |itua t nr ai^tts feailineos BCM> atque alateribns CB, CM vu» 
Eltmmm MMhifiOi. ^ T (Fro* 


ELEMBNTCXRPM 13EOMBTRl^. 



Deq>oDftra(ii<»i 


f « • 


Etcniin ( prima parte PropoCjk) eft 
C A : A B : : C E : E M, fcilicet ^ 

F : G : : L; BMj.quia (conftrua. )cft 
CA = F,AB = G,&CE = L. 

• Ergo tf ibuJ dattsrcaisinventa eft qua«ca |>rQparoooafe:^M . Qsoi 
torat ftticndunij^ clempnftrandiiin,, . / . 

EfliPrpporijio xa.LU>ri tf. Bididis^ ^ 


Corollarium !• 


Si dat« Jineae t)onantur F = a,G=:c, 8c L =^ m t tanc in- 
Vfentarcaa^BM( PropoC^. IJW!i.),«rit X »* o>nf«q«»aifer ««aa 
E M eft quoticns , qui oritur jdividendo p« pritnam F xcaaDgoIam 
«tfcounda.Q.V».JtWn» 1-4 . 

. Corollartum I L 

Qaoniam ( Dcmonftraiione ) eft , 

F -G i : L : E M , idco ( PropoC i. Libri J. J ertt 
F X EM= AXL. Ut.igitur fupra hncam F dcfcribatur reaanju. 
IV(Q «quale Tcaansulo cx G iii 1, «ribus xcftis fj,Gti- anycmatur 
^iiaru proponipnalis EM. 

PRO POSI T IQ SEPTIM A-. ... 

1heArema« 

rrianPtda ^quianpda hoMufU iMta ^^»HiMgMs 

ofpofita proporit<nMta • 
* - •* * • ' : 

V^^' Sint duo triangula ABC , EFG asquiangula , oi» nenape habeanc 
vm. angulos aquaks A =: E, B = F, & C = G j l»aW»u»t.Jafcra jn- 

icr angulos atquales pofita proportionahaj lcihcet crit . 

AB :EF;: ACi EG::BC: FG. , ^ , . ... 
Ponatur angulus F fupra asqualcm angnlum B ; Uve ( quod idcm 

eft ) ex lateribus B A , B C ( Propof. J. Libri i. ) feccntur partes 

BI = FEiBi.=.FG,&dwatui!lL« \. . .: , 


p 




/ ■ 


* '« 


'Xil B E R T B RT I US; : : : 1*7 
^eritonftratio.. 


J^ti 


Triangula IBL , E F G > Tjabcntia htus BI := FE , laeusrBX tr 
TG , 8c ( hyFOtbct ) angdhm B =: F , < Propofit. 6^ Libri a, > 
crunc zqualia ; erit ncmpe, bafis IL =:£G.^ iangulus L*I B ^ !E^ 
& angulus ILB = G ; tfdl .( hypottef. ) fiint 'aoguli A cr E , & 
C :=! G ; ergo ( Axiom. i» ) erit angiJut Ll® ::^«A»&ILB:::= 
C^ extemus videliciit «hiterno ^ 8c oppofito a'd eaniem partetn; ideoi» 
que C fecunJa partc PropoC 19» Librt %. ) erlt 1 1, parallela te£l9 
AC- ConfcqHenter C prima parte Propof.* t^ ) erit 
Al : IB : r QL : l^B & componcndo crit 
AI -t- 1« t TB t r CL -V- LB r L Bi fcflicct 
AB : BI : : CB t BX; 8c fubftttiieoJla lattrA FE > FG pro «jfMP' 
libus BI, BL, erit 
AB r FE : r CB : FG. 

Eodcm' tnodo fiangulus (2 ftperim^fiatuc: aogul^izquiilf C> 4c» 
monffrabitur 

CB : FG : : AC : ECj atque ( Axiom» !• ) erit 
AB:FE:;AC;E(x. Igitur iaser* a:qttalib«s angulis oppojita 
eriint proportionalia } hoc elt 

AB : EF : r AC t JBG : : BC : FGi & litandtull erit 
AB: AC : : EF r EG> & 
ACrBC r : EG ; FG> & 
AB : BC : : EF r FG» Qiod erat dcmonfirandura » 

Eft Propdfitio 4« Libid 6, Euclidis. 

" Corollariiim * 

Hinc rcda I L parallela iattrt A C /ccat tmngubum IB*L fimile 
integiro triangulo A B C .. 

^ P R O P O S I T I O O C T A V ^. 

TneiMiiia » * 
TittMgad ^ qm hstm Jattra pr$po0ikHMKs , fimi itimm n f ii fa j g irfW # 

Dlio triaiigula A<B C > B F G hflibeaitt latera piloportionalia ^fj^ '^ 
AB : BC : : E F r FG> & .Viu\ 

AC: CB : ; EG:FG> &c; 

habebunt angulos zqualcs > quibus opponuntur latera homologa y >uU 
mirum A '= E, B = BFG> & C = EGF>" 

$upra FG ad pun£bin(l F conflituatur angalos GFL = B < Pro^ 
po€ 10. Li|^ri2.)^ &adpiifffi0!lt G fiatangidus FGL=C; eric (Co» 

A>IL 7* Ptt^pcC 24* Libd 2» ) idiqiiua «ngulos L aequalis reliqiia A« 

T a IX- 


t4« ELBMENTORUM GBOM£TRIiE. 

Demonflnrtio. 

Dbo triangula ABC , FGL ( conftruO. ) «qaianguh , (Propofir 
tnteced. ) habebnnt latera proportionalia ; erit nempe 
AB : BC j : FL : FG, 8c 

AC : CB : : LG : FG; fed ex kypotlKfi eft . 
AB : BC : : FE: FG, 8c 

AC : CB : : £G : FG; ideoque ( AxioffO. I. 3 eric 
FL j FG J : FE ; FG, ae 

i;9/' ^P '.'■ ^^ • P Q ' confequemer < Corollar. a, Propofit. z. 
Libri i.) erit "^ ' 

fi = P^? ^ J-G = EQ ; eft infuper F G i»fis commiMi, aao. 
tertmnpilts FEG, FLG ; itaque ( Propof. 9. Lib. ». ) ipfk irian. 
gula habebunt angnlot «quales, fcilicet B = L , BFG == LFG 
& EGF = LGF; fed ( conftnift. ) eft aocnlas LF.G s= b an* 
g»htt LGF = C, at L == A ; etfO ( AxioiB. 1. ) erit angufus A 
= E , angulus B = EFG , 8e angulus C = EGF . Ouod erac 
cfieodendum . 
£ft Propofitio r. Libri 6. Euclidis. 

PROPOSIT 10 N ON A. 

Thecrema» ' : 


▼IIL ~ driatera eofdem anguloi eonflituefUia , proporihnalia (feilicet ^B : 
E V \ \ BC X FG )i haMmae reliqmr angulot aquales (^ = E, 
(f^ C :zz G) ^ quibuT cfponuutur latera proportioue^a s atque flmilia 
fnmt ipfa trianguia ^ 

Ex laceribus BA> BC ( Propof. 3. Libri i. } fecentiur partes B I 
^ EF, BL«: FG, & ^uctnir IL, 

DetMiiApatip • 

Doo oitagiilalLB^ ET6 f oonftrufL) habcnt laiiif BI =: BP^ 
BL =: FG, & ( hypothcf. ) angulum B = F; iccirco ( Propof. 6^ 
Libri 2. ) erit la(us IL =s ECi:, ai^uhis LIB :=:£»& aiigiDlus 
ILB :=: G ; eft autem ( hypothef. ) » . 

A B : £ F : : 6 C : F G ; undc fubftituendo tsegualia pio «qi|dli» 

bos , erit 

AB : BI : : BC : BL , & dividendo , erit 

AB — BI ! BI : : BC -— BL r BL, hoc eft 
AI : Bl : : CL : BL ; «rgo,( fecunda paiite PoopoC i. ) leffa LL 
erit fartHda beeri CA j & ( iccupda parte ^vm^ »1. Libri x. X 

erii 


^ tlUER TBRTI Vt. ^ '*: j^ 

eiitaogQhsexteiiiHs ILB = C^ &angalQS LIB =: A. Sedjam de» 
monftravimus angulum I L B = G ^ & angulum L I B = E ; cpnfe^ 
qnencer ( Axiom. i. ) erit aogulas A = E j & angulus C = G ^ 
atque ( Propof.y. ) trianguh ABCi EFG erunc fimilia. Qiod erat 
demonfirandum • 
Ett Propofitio 6. Libri tf. Euclidis. 

PROpbSlTIO ,DECIMA* 

Tbeoreraa. . 

St per quodtiBet pmSmm ( I ) ' diamcirt ( B F( ) in paraHelogfommd f rs. i v* 
( ^ C ) ducdnhir dms tiHa {GL^ F£) parMleU faterlbuf ejufdem JjjJ; 
pafalMqgrammi , ipfs iyA# dMdcaii t^nam parallelogrammitm m 
fmatt^ para/M^ramma , fuoram dio ( GF, or EL), quafuntcir* 
cs diamctrmm (£j^>, trmmt fimilia im^ro' paraUcli^amm» (^O)^ 
6» imtcrfc . ^cliqma vero dmo parallcTojgramma {G E , F L) ^ 
pue dfcmmtm» conifilementa eorum ^ qtue funt eirca diametrum ^ Cm 
mtmi aqmalis iatet fe » 

Demonflraiio Prim« Partfsr 

In triangulo B R C reAa I L { hTpocbef. ) parellela laceri R C 
fCoipOv pK>p6£ 7. ) fecac trtangnliun ILB fimile imegro criangtt* 
lo BRC ; fimilittr in crian^Io ARB reOa £ I ( CoroIIar. Pro- 
pof. 7. ) abfcindic criangulum E I B fimile triangulo A B R ; ideo- 
qae ( Defin. x. ) crit * 

RCiCBi: IL: LB, & 
AR : AB : : EI : EB; item 
CB r BR : : LB : BI, & 

BR r BA : : BLt BE; atqueodlMMiidb eri» . . . 

CB:BA::LB:BE$ unde cqualtbvs cqutlia fiibfiitiiendo , e* 
ric eciam 

AR : RC ; : EI : IL ; tccirco parallelogramma AC ^ EL habenc 
lacera pnoporcionalta ; prarteitea habent angulos aBqusrtesr t latertbus 
proporcionalibus contencos > qoia ( fecunda parce Propof.2x. Libri x) 
eft Mgolus A = lEB > angulus C = ILB , 6t anguhis ARC = 
EIL, qttk ( Propof.. 28. Librt l* ) fiinc ambo mqaiSk» oppofico' a» 
giiio ^omwuciii >ABC ; ergo ( Delln.u ) paraHelogrammim BLeri» 
fimile pkralfelogrammo , A' C ; cui eodem OBodo fimik demanilratiir 
pafalMogramaium Qp ; cMfieqoeintr CCIoroH/ Defin. i. > erk etiai» 
parallelogrammum EL fimile paia H etogramroo Gt • Qpod etar pri^ 
mo demmflrandum • 
Eft Pxopofitio 24. Libci 6. EuclidU» ' 


yyjr ci^civiCf^ k\^,M\\jB[i ^ayjMac i xvi 

Deoionflratio Secundar Partis* 


^Di^meter-BR ( Propo^ 28« Libri2. ) dividicp.aratIeIo2ra(ncnaAC 
<l F ^ E L bifariam ; eft nempe 
iiABR = ^BCR, 
AlGR = ^1FR, & 

illEB =: AlLBv^^»^ ^. irqualibu$^ trijiffpilis AB R > BC^ ^^ 
ferendo aequalia triangula 1GR> EIB ex primo ABR , &lFR j^ 
ILBcx altero BCR^ ( Axiom* 3. ) remanebic parallolognBVifB 
GE = parallelogrammo FL': fcilicec complemcnta erunc seqfsHsi'^ 
ter fe« Quod erac fecundo fiemonftrandum^ 
£ft Propofitio 4J. Libri i. EucUdi&^ 

Corollarlum . * | 

Htnc fi datum parallelogrammum fueric quadratum , tthm parsflle* 
logranima circa cjus diametrum crunc quadrata , quia per pritMsn Do* 
CDonftracionem func fimilia eidem parallelogramtnp daro. 

PROPOSITIO UNDECIMA. 

Thcorcma. 


tnmiim^ pofka crunt ^rca tandem diaamttum^ 

Dno^parallelogramma BM, LG> habe!lnt angulnm iL coammn^ 
ic fimilia> & fimiliccr ppfica^ fcilicet fic aoguItt& B;= ILA > ^ 
^^'^* latera proporcionalia 

AB : BC : : AL: LI> &c>' 

xi^ j: AT •• • 1* 


T«b. unc 


•x 


dboietrb 


Demonftratio 


Nam (hypothcC ) cft angulu* B =;: ILA> a^ lacera coCIcm angu* 
loft cffieicotia fiinc proporcionalia > vidcliccc 

^ V.^T^ l\^^'^^ ^5 W ( Propof. 9* > crit angiJMs CAB 
= lAL; ied htw AL ookioidil: aum laccre AB> quia mgulus A 
eft coaimttDis itfrffpie parallelqgrmiiiio ; idcnquc eciaio Jacii» Alcoio^ 
odec cmi lacere AC? coiifequeQCer perallelogramma BM > 9t LG p 
^^ ^^cm diamecrum AC confttma cruoc » QuodexaioftcDdsiiduai^ 
fift Piopofitio 2t libri 6. j^didis.. 


PRa 
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LIBBR TERTITFS. «yt 

PROPOSITIODUODECIMA. 

ProWtdaa. 

Super data reSa ( ^B ) iermtnata relHUnBfm defiribete^ daiQ te^ilu fi^ 

neoXBFGC ) fimle , fimiliterque pofttum . Ttb; 

• VIIL 

A quovis angulo F polygoni cUci E F G C ad fingulos angulos jop- 
poficos ducancur lincae diagonales^ uc FC^ quc polygomins in trian- 
g,ula dividanc. Poftea fupra rcAam AB CPropof. lo. Libri i.) con« 
flituantur angnli LB A = FEC, & LAB = FCE, & CCorolL % 
Propofitionis 24. Lib. 2. ) erit rellquus angulus ALB=CFE. Si* 
militer fupia AL £anc anguli t = fj&r = m^ reUquusanguIusI 
acqualis crit religuo G; atque ica progreiiendo^ ii polygonum dacum 
plura cootincat xriangula^ erlt ABLI quxficum re^ilineum. 

Demonftrtcio . 

Triangula* AIL, GFC ( conftruaione ) fQntaequiaiigQlaj ideoqQc 
<T?ropQC 7.J erit 
Al : AX: : CG i CF. 

Similtter ia triangulis A3L ^ CFC C conftruaione ) ^dangu- 
lis, crit 

AL: AB::CF:C£; proindeque ordittando ( PropoC 6. Li- 
bri J. > erit 
AI : AB : : CG : CE* 

Eodcn^ modo deaoonliianit 
BL : Li : : EF : FG . Pneterca < Piop.j.) <ft 
Ll : lA : : FG : GC, A . 

AB:BL::CE;EF, unde latcra funt proportionalia i anculi 
vtro ( conftruaione ) {iint aqualcs B = E, 1 = G, I AB=QCE, 
& 1LB=GFE: ergo ( Defin. 1. ) polygonum ILB A cft fiinilc 
polygono EFGC^ & «odcm modo defcripcum fupra AB. QucKlcrac 
propofiutm • ^ 

£ft Propilptio i%4 Libri i^. Eodidis* 

PROPOSITIO DEGIMATERTU. 

Thcorema. ' ' 

« 

T^rianguU Jimilia funt inter fe in duplicaia ratione^ hoe eji ut quadraiM - 

iaterwn hmoif^Qfmi^^ 

Sint dno tx\9xiffii^4i»i\ia^^^ Defim. i.^ ^. 

habeant angulum B=F^ A=fi^ C = I^ 8c laccra proporcionalia WiL 
Aef;BI«?rA*ftir:>E#a i. BG#.f I j 4ico AA5C:ai ^^ERI ba^Zf*!- 

*l»»l berc 
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bere mfoncm dapricacatn lateris AC ad latus El^ vel AB ad EP 
&c; crit nempe * 

iiABC : aEFI : : AC* : eT% vcl : : AB* : E^' Scc. 

Triangulum E F I fiiperimponatur triangulo A B C ^ ita ut punaum 
E cadat in A ^ & latus £ F codat in A Z (iipra latus A B ; alterum 
latus SI propter «quaUtatem angulorum Aj & E cadet fupra AC 
uc in AL> & latut FZ cadac in ZL. Deinde lungatur refta LB. ^ 

Demonftratio» 



C 

poC . _ . ^ ^^ ,^^„„, 

dum ABL^ & fecundi ABL ad tcrtium ALZ: fcd racio trianguli. 
ABC ad triangulum ^tque altum ABL eft ficuti AC ad AL ( Pio* 
pof. I. ) t & ratio trianguli ABL ad triangulnm «que tltum ALZ 
eft ficuti AB : AZ; ergo ratio priini trianguli ABC ad certium 
ALZj fcu td asquale triangulum EFI ^ componitur cx duabusratio* 
nibus AC:AL9&AB:AZ» ideft ( Axiom. 7» ) ex ntionibus 
AC : EI, ac AB : EF f cft cnim AL = Ei, & AZ = EF pcr 
conftmAioncm ) ; fed cx nypocheC eft AC : EI = AB *. EF,con« 
fcquentcr ratio trianguli ABC ad criangulam EFI j compo&uex dua- 
bus «quatibus rationibus AC ; El, &AB: EF,eritdupIicatautriuf- 
qinc ( Defin. 22. Lib. i. ) , nimirum eric . ^ 

AABCj^^iBFI : : AC* : El*, vel : : a1' : EF^^vclaiam:: 

BC* : PL\ quia eft 

A B : £ F : : B C : F I ex h^pothcfi • Quaproptcr triaogula fimilia 
funt inter fe in duplicata tactone , ideft ficud quadraca bcerum ho* 
mologorum. (^od Crac demonftrandum . 
Eft Propofitio if. Libri 6. Euciidis« 

Corolfarium L 

^ Si tgttur duabtts lincts AC, & EI inveniatur certia propor^ona- 
lis M ( PropoC 5. ; > eric prima AC ad certiam M , fiouil; trijngu- 
lum ABC ad triangulutn EFI; riam ( CoroIL Ptop. 23. Lib. x.; eft 

AC ; M : : AC* : El^; & per antecedcncem Demonfirationtcn eft 

^i ABC : ^iEFl : : AC^ : e1' ; ergo < PropoC ii. lib. i» ) eric 
AC: M: ; XiABC ; XiEFK 

Gorollartum II. ; 
Pmtetea fi i«tM. AC iMric Aiplitd» tuerit hmeta»El, wi4filket 


fi 

AC : £| ,' 4 a :-t, taoc iriMifiitaDh AIG cdr ■rmiiBplwii lofian» 

fUll 


. ;X I B E R T E R T I D-ft, . ijj 

Sufl tfT>^Uf«x denonftrKisefi^ABCr^EFI: :-A^*:B1\ 
Ideft : : 4 : i. Si latu» AC fiieiit <toatplan kteait £i« cnMtSnliiai 
A BC ccntia «nmlflcbtt triM^ptam Cf I icu 

PROPOSITIO DECIMAQUARTA. 

VdrdkUgtMums ^pfmianguis { jR» ijr S ) fimt inter fe in rgHmie tm^ 
fqfhs 9X rOion^ ( ^B : EB, ^ BC z 90) iaterum ^qmdet t«V 
^nifii§tM9^fthmm^l4ritn§mtc B, : S : : ^BXBC:BBXBC).ir iih 

Laten AB^BB iu in direOuai ponamnr ^ «t ang^li aKJutks A B C^ 
BBG fini oppofiti» & ( CorolU Propoa a?. JLib. 2. ) lateraCB,BQ 
etimi in.dire^um jaccbiint, Producantuf Jatera OC^ F E ^ donec conr* 
curranr^ uc in L« ' 

DemonRratio« 

Ptoillelogramma R^ X^ ^ S func quancitates ejuf<kmrseneris(De- 

€n. X. Lih. i. ) ; icdrco ratio primi & ad ultinium S C Propof. 17. 

Ijb. !• ^ compofica crit cx omiulms intermediis rationibus primi R 

ad (eanidum Xj & fecnifdi X ^d ccrtium S, At { prima parte Pro- 

O R:0 X: : AB :BE>& ' 
DX: Q sr: CB J BG, 

proio^eqHe xatio paraildogranHiil R sA parallclQgraxiianiffl S co(npo> 
fiu erit tx iatbw racionibiu AB : BEj & CB : BGi^^cilicet eric 
O R : O S : ; AB X CB : BE X BQ. Quod erat oftendendan. 
£ft Propofitio 2i,. libri ^. Euclidis. 

Corbltarlum • 

Ergo fi fuerit D R =;: O S, trit ctiam 
ABxCB = B£XBG/& difToIvendo crit 
AB : BE : : BG : CBj hoeeflparallelograiAinacqttaliaj & «quian» 
gula habebunt latera rccipmce proportionajsa • 

Si auccm, pMlIcloflramma «quiangula habuerint laccra reciproce pro- 
portionalia 

AB : BE : : BG : CB, tunc ( PropoC x* libri t« ) erit 
ABXCB = BEXBG: confequenter cric etiam 
D R = D S^ quia ( Demonftratione ) eft 
D R : D S : t aBxCB : BEXBGj 

nimirum paullelogramma zquiangula , & habentia latera reciproce 
proportionalia ^ asqualia erunc intcr fc. 

Cft PropoGtio 14. Libri tf. Euclidis. Fifvr» 

Etiam triangula aequiangula ^ fi fucrint xqqalia > bibcbunc httrt ro* ™J; 
Elmtnia MtUhtfeof. Y ^P^ 



l^ 


2$4 ELEMENTORUM GEOMBTRIf. 

ciproce ppoporttonalia; &: viciffiifi fi babueriot lacera peciprwt pro« 
fortiooalia » »]UaUa emoc ioier fe^ qnia criaogvlft fiiac . inter fe ia 
eadem ratt<Miej io qua fiuit para ttc tog r aq a oia,^ qiionifn ( PiopoC^^* 
Libri %. > fiint dimidia • 
Eft Propofitio 1$. Uhd V. Eudidis. 


PROPOSITIO DBCIMAQUINTA« 

ThMrema* • - 

< * ■ • * - * 

VolygpHd JtmHia fuvlt ifOet ft in dttfticaSn tmi^m > ft» ui fmdk/tktfa 

Idtftum hamUcjgMim. 

ffi^ x. Sint duo polygona fimilia ABM^a^^^FILG^^ erit polfgonuoi 

VIII. ABMRC ad polygonura EFIL^T": : aC : EG\ vcl; : AB*5 

EF*&c- 

Ab angulis asqualibus M, & I^ ad angulos oppoCtos ducancar re- 
£be MA, MC^ lE, iGj qusr polygon^ in fimilta crianguh^ Arao* 
^iero ^equalta (^cabunt« ( 

Oetnonftratio • 

Quoniatn ex hfpoth^G poljrgona fuot fimilu « angulus B eft «qo». 
lis angulo F, & lateta proportionalia AB : BM : : fiF : FI;pro- 
indeque triai\guta ABM» EFJ flmt fimilu ( Fropof. ».) . £adcm 
ratione triangula MRC, ILG demonftrantur fimilU. Pratccea li ab 
angulU ex liypothefi atqualibfts BaC, FEG aufcraotor angali exde- 
monftratis cquales £AM, FEI> rcmanebit angalus CAM = lEG 
( Axiom. }. 3 . Iw«n angulus MCA «qualis eft angplo IG^; con- 
- fequenter reliquus angMlus AMC asqualis eft reliquo EIG (CoroUj. 
PropoC 14. Lib. i. ). irgo ( Prop. 7« ) o-iangula AMC, EIG funt 
fimilia. Atqui finailia trianguU Oint inter fc in dupUiau rationcJa- 
terum homolt^oram ( Prof>of. 14. ) : ergo erit 
ftABM : t^EIF ;: AB* ; EPj , Sc 
4 A M C : t.E\Q : : AC* : E G* j item 

ZiMCR : AlLG : : CR* : GL ,• eft autem ex hypothefi AB : 
EF : : AC :.BQ : : CR : GL &c} nimirum ( Letnmate Pfop.aj. 

Libri *• J eft _ _ ^ ; ' 

AB* : EF* : : aC» : EG* : : CR* : GL' ; eijd CPropof. 11. 
Libri I. ) erit 
^ABM : .^BIF-- 



/ 

/ 
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£FILG. Eft antem aABM : AEFI : : AB* j^EF* j proinde- 
qne ( Propof. li. LJb. i. ) erit poly^num ABMRC jipolYvmvaa 
£FILG: : AB* : E^, ¥el :j^AC* ^.EG^jrel: :BM^ • Fl* 

&c; qda eft AB* : EF^ : : AC* : EG* : : BM* : Fl* &t. 

v^tiapcopter C Defin. M* I^ibri i. > polvgona fimilia funt inter fe in 
latione ^licata, icleft ut qpadrata uiteruai hotnolc^orum . Quod' 
«rat demonftranctuni . 

£ft PropoGdo zo. Libri d. Euclidia. 

Corollarinm f . 

^ Hlnc fi fiierint tres reffar proponionalcs 4r AC : BQ : M, polf» 
gonum fiijpra primam AC defcriprum, ad polygonum ,fimilc fimtli« 
cerqiie Je(cripcuat fiipra fecundam £G f Aiciom. x.) erit ut primali* 
noL AC ad ccrttain^M> quia CCorolK PropoC 2j. Lif>, x. ) cfi pari« 

tcr AC ; M:; AC* : EG\ 

Cofollaritim^ IL 

Ptsterea cx dcmonftrau Propditionc fequitiir polygona fimiUa fci* 
cari io fimilia triangula j numcro «qualia ^ & proportionalia totia 
polygonis. 

"^ PROPOSITIO OECIMASEXTA. 

■ 

Thcorcma ^ 

r 

ti fmnm ^itamty vel ftme^ re&f Um^ pt^foritimales ( ^B : CD:t . 
EF i GH) , ftism tolyi<ma fimilU ^ 6r Jmmtet sh eir defcript^rSJ^' 
proportfcmlia enmt ( nempe M i 7^ i i Ri S ) • ^^m e conver^ viu*, 
Soyfia teSie limis fimilia ptdygaoa y fin^iterqm dtfcripta , ptopot^ 
timalia fmtim ^ ipfa etiam reRa lima projoftiefluies erwa ( ertt 
mempe ^B : CD : : EF : GH). 

Ocoumfiratio Pn$tm Partis • 

Frimcr cx hypotbcfi habcmus AB t CD^ : EF : GH ; idcogoc 

(^r Lcmma Pfopbn 2^ iibri i. ; crit AB' : ClV ; : EF' : 

GH* ; fed fcr anteccdcntem Propofitionem fnnt rcAflinea fimilia 

M:N :: aB* : CD*, I: R : S :: 6f' : CTH*; crgo f Aaiom. i., 
& Propof. XI. Lib. I. } crit JM r N : : R : S. Quod Crat primoda- 
monfinadum • 


V * ^ 


\ * 


\ 
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Demonfiratio Sectiirdar Pautis • 
Seciiiido eft ex tijrpochefi M : N : : R : S; fel ( nropoT. 


€ft M ; N : : AJB : CQ-, & R : S^: : EJT : QH_; ideoque 
( Axtom. I.& Prop*xi. Lib.t. ; crit AB* : CD* : : EF* :GH*; 
confequemer crit eciam AB : CD : : EF : GH« QboiI crai oOm- 
dendam .. 
Eft Propolitio 22. Libri tf. Encliilis* 

PROPOSITIO DECIMASEPTIMA. 

jrnmwui* 

tmnaim linea pftpenaicttlofij , ihridet Mtm triditpJmm imehtotri^p^ 
pJa/imilia teti, 6r fimUis ijOit fe^ 

PitXiU ^^^ triangulumc A BC habens anciRluro r0£him B» 1 qoo demitcatur 
Tab. ** perpcndicularis BL fupra latus oppofitum AC: duo trian£ttla ABL» 
v<u. ^Qi^ cnino fintlia toci ABC> & imer fe. 

Demonftratio* 

Nata angutus redns ^BC cft aequali^ reOo ALB ( Axiom. 16. ), 
angpilus vero in A cft communis duobus triangulis ABC> ABL^ 
crga C CorolL 7. Propof. 24. Ltbri 2, ; reliquus angulus C «qualis 
crit reliquo anculo ABL. Itaque duo triangula ABC» ABL( Pro-^ 
ro(l 7. ) funt fimifia ; eric igtcnr lacus A C oppoficum angulb ledto 
Dy ad latus. AB Oppofitum angulo rt(9o L> ficnci ideni lacus ABop» 
poficum anguTo C^ ad latus AL oppoficom angoto Miialf A B L ^ crtt 
nempe -tf AC : AB : AL. SimiEter crtangulum ABC dcmooftra* 
cnt fimile Criangolo BLC; habcnc enim angulnm G comfM^cm » flt 
angulum reAum ABC acqualem cc£Iq BLCj unde rcliqtiqs anfalns A. 
aequalis eric reliquo angulo CBL. luque ( Propof. ^.) eric 
AC: CB : : CB : CL, ideft * AC : CB : CL. 
Tandem ( CoroIL Defin. a. ) fimilia func inccr fc criangula A B L ^ 
BLCf efl enim angulus A =^ LBC^ ALBsBLC^ ArCsIBA^ 
ideoque ( PlopaCj. ) trii AL : LB : t LB : LQ^ne^vctr AL:^ 
LB r LC* <4Md crac dcmoniiraodimi * 

Eft Propoficio S* Ltbri 6^ Euclidis . 

Scholion^ 

In criangulo reftangulo latera AB» BC^ conftituentia ailgakm i^ 
Aum> appcllancur Catheti^ ut diximus Dcfin» 25; 8c latus AC angu«- 
lo rcAa oppofitum Hypathenujs yocatur « 

- ' • ' Co^ 


^ Coconariom L 

«ffiiic qufHbet caibettu A B> yel BC eft medios proporctonatis in^ 
cer hjrpochenHfam A C > & ejus; iegmentum A L » vel C L > inter* 
ceptum inter eundem cathetum > & parpcndiciikrem demiflam ab 
angulo reAo ad h]rpothenu(am .. Demonffravimu» enim ob- fimilitu» 
dinem triaiigutomm efle-f; ACrABr^ALj. ic ^ AC«CBr 
C L ; confeqncmcr { Ph)pofiu2^..Librs x. ) erit re^ngjilum AC K 

A L. s A B* & rdOangylom ACXCL=^CB^ Atdoe divi-^ 
dfn do h aa fM)aiasioaes per A C^ ( Axiom. sr. ) habeHtur A L 

= t^ 3 8c C L =. Sl^ : mmiram. fi quadtttum cuJusVthct cathe- 

u dt?i^tur per hypochenulam ^ quociens dabit fegmemom h^rpothe*^ 
ooCr.inccipoficumt smcr eundem cathetum ^ 8c perpcndicotarem dt* 
gaU&a» ab angulo rcAo ad hypochcnuiam «. 

Pneterea ( Demonftratione ) cSL ~ AL : LB r LC; ideoque per* 
pendicularis B L ab angulo refto (upra- hjrpothenuGim A C deroifla ^ 
«ft media propottsomlis inter ftgmenca* A L > L C ejufdem hfpo* 
ihcnufe .. Qjiaeiopitc ( Propoficaj. Librt: x.} erit rcAanguInm A L K 

lc = lb1 

PROPOSITiO DECIMAOCTAVA» 

Thcorema*. 

HJiper^ frhp ttfnpuit trlMgt^ reSimgfdt iMem M^ftptm fimkf yfi^ 
' mU0er^ f^^" drfcrikmamr y erki figmta^ fitptm^ hypiibefa^Mm d^crt^ 
' tiafempcn^tfUidhdmihu^JSS^rfiimi^ 

JSit triiangurum refiangurum A B C^ atqur fupra hypocficnu(am Cdefcri- x^j^ 
pta fit qocfibec rcdiline^r figura^ M > fi fupnr cathetos^ AB > BC de» T«b. 
fcribaotur f PropoCx}. ) doa figoni S^T eidem figurae M fimiles , ^'"^ 
fimilicerque poficx ( Dcfinit. i^ ) ^. erit figura. M sequalisi duabos. fi*^ 
gprisi ST^iimut fiimptis.. 

Damonffirtctt».. 

« 

A& angula reffo B demfttacuir perpendkularts. BLC ( Prcp*i4.Li- " 
brs 2.. ) ^ 8c CK amecodenti Piopofitioiie habehimos ^ AC : AB: 
AL ;. idcoquc C Corotk r. PropoA' t6. > crir M:'S:tACrAL. 
Stmilictr ( PropoC anerccd» ) liabemus ^ AC : Cfi i C L ; erga 
€ Cbroin iw Ptopof^, 16, > erk M : TM AC t CL- Q^optes h»- 
lcmas dooSi proporcioncs; ' 

M: & 



M:S:: AC: AL,&M: T: : AC:CL,<mr 

anteccdcntcs M, & AC; idcoqnc ( Propof. t%. Librl x. > cric 

5 -t« T : t AC : A L -t« C L. Atqui ( Axiom. i*. > cO A C 
A L H- C L ^ crgo crit cf iam M = S -f T • C^wl crat «kiiiQfr 

firtndum • 
. Eft Propoficio 3 1. Ubrt tf. Eaclldis • 

CoioIIariura L 

^iu Ergo io omni trtangulo rc^ngulo ABC qtia^tto» bypcAa^ 
rlhl A C arqualc cft quadratis A R , B I cathctorum A B ^ B O ; ottm^ 
viiu nim quadrata funt figurae rcAilincae fimilcs , limiliterqoc de&tf 
( Dcfin. I. )9 ut pcr fe patct. lo hoc CoroUatio contitictfir mMH^ 
fimiim j atquc utiliffimtmi Tbcorcma , cujus invcntor Pydmgorts , 
(umj hVio , a MuGs fc in ca invcntionc ad^titum potaree f Deum 
omnis fapicntise , doArinc^e auAorem cffc fortaflc ignox^rts } , ma* 
ximas gratias agens ^ hoftias dicitur Diis immolaviflej tit inquit Vt* 
truviut Lib. 9. Cap. 2, 
JEft Propofitio 47- Libr) L Euclidis • 

CoroIIarium I L 

Hinc datis duobus cujufvis trianguli reftanguli latcr*Jbui > ^•^^^^^ 
tertiiim invcnirc . Etcmn fi dati fint duo cathcti cxcmp* cauv. A^ 
pcdum ^uatttor longitudinis ^ & AC trium pcdum, atquc invcoicnda 
fit longitttdo hypothcnufs F C , fiant cathetmim 4 , & J quadrau 
t6, 8c 9^ qn« in unam fuoAmam coUigantur , & cx eadcm tumma 
Jf^ H* 9 , idcft 25 , eatrahatur radix quadrata , qua? erit f ; acquc 
h«c crit hypothenufae F C longi^o , quia cjus quadratum y X 5 » 
idcft 2y^ adcquat quadrata 16, 8c 9 cathctorui|i 4 , & 3 • Si autem 
data fiieric hTpothenttfii F C pediim 5 longicudinis , Sc umis ex ca- 
ihctts A C trinm pednm , & quawatur aUer cathety$ A F ; tunc cx 
fcypothenttfc qnadraco 25 fiibriiiatur quadratlim 9 ^^^^ cathcti AC, 

6 cx refiduo 2y — 9 , ideft ex 16 cxtrahatur radix qaadrau 4 j 
qu« erit longitttdo catheti AF. 

Corollarinm I i L 

»"?• hvS*E^^"n^^^ ^^^ ^*^"^ l^fi^«l« * tunc qttadmtum ' 

Inr nL^r ^iP ^*^ ^"P^«° ^^ ^^ati ex catheto AC quam 
vm. gijdmti cx^athcto AD . Nam cx antccedenti ciSlario ^^1^^^« 

Itum AD AC^fA.uu"t C"^ — ^J fe» qnadratalineanim «us- 

q?am qSre^ caL'n ' A^^*"^" c '*^ ^"^^" cx ^catheto^A D, 
^CDad quadi^ti^ ^1,5^^. ^S* ^^^.^ ^^ quadratum hypothenttfr 
^ niminwi C D ^ /^^^^« A vd AC, ficuti duoSTimaaii 

PRO , 
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^ROPOSITIO DBCIMANONA. 

Vroblmr. 
eSan Umam hfvempe ^ ct^ar fiudfMMn admpiet ^/ydtms ftmmm 

BscfiQiiiDO « 

* ". . . 

Ducator te piaao Tca»^ Ef ::?( A» Ik (iipra EF crigatur perpenli« M^ l 
cutaris F Q s B ( PropoC ii. lib. x. > ^ & ducacur hypochenuQi TAilx* 
GE» cujus qiia4miiiin CCofbU. i« Proipoi^ aotecedL) erit aequalecLuo- 
bas quadratti cathetonua EF> & FG^ ideft ( confiruAione^ linea- 
njm A^ & B. Similiter ad rnSaoi £G erigacur perpendicularis Q L 
£=: C3 3t «hcatur hjrpociiemilii LE , cujus qiiadfaQiiii ( CoroIIar^ t^ 
PropoC aticeoed. ) erit aequale duobus quadracis cathecorutn EQ^ QL^ ; 
lire GE^ & C. Sed quadracom linoe G E'6(lenrum cft «quale qua- ; 
dracis lineanim A^ &B ; ergo quadratam re£be LE adaBquat cria qna- 
drata linearum A» B> C fimul iiimpca; acque ica procedendo, fipk« 
res ^fiierint dacx reA« « femper invenietur quaifica linea • Quoi e« 
lat propofitum « 

PROPOSITIO VIGESLMA. 

Theorema • 

iiuadrati dtameter cjl incommc^/kmMis Isicri cjt^fdim ^ttddrmi . 

Q|ioniam omnes numerl fimt inter (e comnenfnrabiles ( Defin. h 
Lihri i.) > ideo lineae \\\x dicuncur commctifurabilesj qu« func inter 
fe ficuti nuEoerus quilibet ad alium quemlibet nuBierum ; exempli cau£- 
fa linea fepcem pedum , & Unea viginti novem pedum fiinc tncer fe 
commenfurabiles ^ quia ficnci unitas eft communis nenfiua oumero» 
lum feptem^ Sc vJginti novem; ica linea unius pedis longicudinisefi 
communis menfura lincarum fepcem , Sc viginti novem pedum lon- 
gitudinis : unde priina linca efi ad fecundam ^ ficuci numerus 7 ad 
numerum 29. 

lines vero ihcommenfurabiles dicuncur ( Definic, 4* Lib. !• } 1 
quaado nullam habenc cominunem menfuram ^ ideft quando non 
futu inter fe ficuti numerus ad numerum . In omm autera quadra*- 
co A B C M ratio diamecri A C ^ ad lacus A B ^ numeris expri- riiL it. 
wt nequit « 


Demon^* 


c 
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Denanftratw. 

Naoi in triangnlorefbngulp UpfMff ABC quadratto oc hjrpotbft* 
fiii& AC eft duplum quidrati » latere AB ( CoroU. }. Prop. i8.) ; 
iMfie 6 lacns AB fti^ crtnm ptinim loagiqiditut « cjua tfoAataaa 
erit 9 pedum quadntoiwn ( SchpL Defia. a6. Ubd i.) , cojus da.' 
^vra, ideft quadratum dia reetti AC, erit iS pedum qBa^-atonim ; er> 
go diamcter AC erit /TT, & btu AB e* hjrpothefi eft J^pjW- 
eft 3 ( Algeb. S4. ) : itaque cft diameter A C ad latus A B ■* ; 
V^iS : } ; atqui radix nameH il i« nnmecu inmDiri scqiHl ^ (|tia 
tiuUus mimertts in reipfimi muhiplicnus produccre pKeft auaMrwa 
18 ; ideoque racio dtamecri A C ad faKni AB nwaarii eiprimi ne< 

Juit i confecpenter &hi linea inoommealivaWas. Qm4 em oAci^ 
endum . 
Eft Propofitio 1x7. Ubri la. Eieliilis etlebradtfiaa^fiud reteres 
Iftilofi^hoi , ita ot qui hanc neforec y eum diriaus Kia» ihm Jkh 
1 eflfe, fisd pecadcm dicerct. 


ELfr 
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ELEMENTORUM GEOMETRIiE 

■>m: L I B E R O U A R T U S. 

.^ DEFINITIO PRIMA. 

a^ ^^lfctJi Cvutntriei )&canhitt qui hab«nt idem centnitn. Cireuli ye< 
lelic ^^ ro Etcaftriei fiiot illi. qni habwt centra diverfa, 

D^finicio I I. 


u 


Tangent circult dicitur linea rcAa^ qua» circuli pcripheriain in tinip ^^IU* 
€0 pundo cangit ^ & ucrinque indefinice pioduAa ipiam peripheriam * * * 
JK>n fecac; uc re^ £B^ qa« circulum cangic in pun&q L. 

.>4wgulus ccntaibii dicitur angulus mixtilineus ELA» vd BLC> a 
cangencc^ & a peripheria circuli coaftiiutus • 

Definitio l I L 

CitcuU iequaler funt illi , qui habeni; diametros , aut ndlos opqna- 
les> atque mutuo fuperimpofici congruunc« 

Definitio I V* 

^ Si a duobus periph^ris puniflis A ^ & C ad aliud ejufilem periphe* |^<< |][- 
riz pun^um B docanrur due rcQx AB^ CB^ quae efficienc angulum ^ ' * 
A6C| idem angHjas ^BC dicacur couteutur, yel ijiferiptur in circii* 
li fegmenco^ feu porcione ABC. Przcerea idem angulus ABC dici- 
cur tiifijiere arcui oppofico AEC^ quia ejus latera 6A ^ BC eundem 
arcum intercipiunt • 

Angulus vero BAC dicitur infirriptus in fegmenco B AEC^ &in« 
fiilere arcui BC ; atque ita de reliquis. 

DcfiniciO/ V. 

Dato quovis angulo reftilinco EAB^ fi centro ejus verticc A, 8c «^v. 
quovis interyallo A B defcribatur circulus BEPC » arcus BLE in- * "• 
tcrceptus a laterihus A B > A E ^ ejufilera anguli B A E menjura appel- 
iatur. Nam quo qoajor ell angulus EAB^ eo major eric arcus oppo- 
fitus BLE ; & e converlo , quo minor eft angulus , eo minor erft 
arcus 6ppofitus . Similiter arcus F £ eft menfura anguli F A 6 j & 
arcus F C eft menfura anguli F AC» Arcns EFC cft roenfura angu- 
li C A E i. fc fic de caeteris , 

£lemnta Mu$hefepr . X ^>^ 
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Flg.vi. Pcriphem fHJu^beit ckculir A^ E Irt^ivVli ^lj iiv J«o partcs , 
Tabax.f^y 3rcus kqu^ts ,^\ir Cifi^i^adUf ap^lhmtur, Rurfm quilibctgra* 
dus dividitur in aUas 6.0 partes aquafcs,, qfxx vo^antiu: miniaa pri^ 
ma . Quodlibct autera minutum trirtiuni adhucMividitor iii aiias tf« 
partcs aequalcs , quac vocantur. minuta /cctfnda f . ^tque ita ^cinccps dc 
minutis tcrtiis, quartis &c. 

Quaproptcr fcmcirculus A3'E , vel ALB cont!ni*ftgrtdas >^f- , 
idcft 180; & quaru pars ^ircumfercnti^, ut AB , vd EB, conrinc- 
bit gradus H^ , fcu M^i idcft 9«.' 

Dcfinitio VII. 

ri«.VL $1 tx ccntro C fppra diamctnifn AE crigatnr perpendtcularis CB, 
Tab.i&^j^ 3f^us ^B aqnalis arcui BE? quta linca CB non magis incMna- 
lur vcrfiis A, quam verfus E ( Dcfin. ». Libri 2.); idcoqoe racnfu- 
ra anguH rcfti ACB cft arcus oppoficus ,AB, quarta pcriphcrurpars, 
idcft arcus graduum 9* •' SimiUtcr arcus BFE a:aduum 90 cfl mcn. 
fura anguli rcfti BCE. Idcm dc reUquis intcUi^tur. ^ 

Mcnfura' vero cujufvis anguli obtufi ACF cft arcus A.BP maior 
arcu B A 90 graduum ; & anguli acuti FCE menfiira cft arcus F^ 
minor arcu B £ graduum 9« • 

Corollarium • 

Ouaproptcr femicircumfcre«ia ABE eft raenfiira dnorum rcflo- 
rum ACB , BCE 5 & intcgra pcriphcna cft mttifura qwtuor angu- 

lorum rcftorum. , , , 

Dcfinitio VIIL 

ri«,vit. Fignramiitilinea CAB coroprehenCa a duobiis radiis C A , C B , 

^»'»'»- & abicu interccpto B A , dicitor SWbf cired, • Cum wo angul« 

BCA a radiis contentus cft reaiu , tunc a«»8 BA ( Defimt. ante- 

ced.Xeft quarta peripheri» pars, & feaor CAB appellator QMdfsnt 

eiradi : eft enioi circuli integri quartt par$ . 

P R 6 P S I T I O P R I M A. 

Thcoram • 

^ Citculi eCMceHtrici habm feriphcrias ^ffuidijtantes , /h$ pareUclas^ 

Fig. Sim circuli cooccnttid BC F G , E R I L , habeboat pgriph«ias *■ 


\ 


:; fi l Bt£ Rr J^U A,^ T U $♦ ^ x<> 

Nam I communi centro A ducantur radii AB^ AC> AF > AG> 
&c> qoi crunc aequales inter fc ( Defin. 15; Libri 2; ) > a quibus fi 
auferancur radii> feuparces seqaales AL> AI> AR^ AE&c> reliquae 
parces LB, IC> RF> EG &c* erunt femper cquales incer fe ( A« 
xioai« 2;)^rq|ipd ubioie mificatiir ;. confeqnenter peripherix B C F Q ^ 
ERlJL erunc xquidifunces > feu parallel«* (^od erat oftendendum» 

CoroUariooi .L 

Ergo circuli > qiiorum peripherise fe invicem fccant > non funt 
concentriei • 

E& PropoGcio ir* libri j. Euclidis. 

CoroIIarium I L 

Similiter ciroili^ quorum pcripherix fc mutuo t»ngunt> haberc n^ 
queunt idem centmm. 
. Eft Propofitjo 6. Libri 3. Euclidis. 

PROPOSITIO SECUN.DA* 

Theorema. 

K^Sm linsa m centto mctdi sd medkUKm e^m/hnt chordit dmSd > 9p 
petpcndtctdaris eidem cbordse . B ccmxtfo fi a ceniro circM fiebta 
guamlibet cbotdam ducatmt reSa fcrpendicalarir ^ eaadem cbordam 
oif^riam fccahit^ 


*'•• ^* 


Primo > in circulo A B F R, & ab. ejos ceatra C ad mediettcein ^\!]^ 
• chordx B R duAa fit rcO^ .C £ > eric hscc refta , j>erpendicularis * ^ 
chords BR/ ^ ^ . . ' . . ^ . . 

Demonfiratio Pdms Partis. 


Nam dnAis radiis CB> CR> triang^Ium CBR erit ilbfceles; 
go '( CoroU. I. Propof. 25. Libri 2. ) refhi C fi ab ejils vertice ad 
mediecacera bafis duAa > erit perpendicularis ^cni bafi BR • Quod 
erat primumj^ 

Sccuhdo^ fi a centro C fupra chordam BR dMOCar perptndkn U ris , 
C£> h«c bifariam fecabit chordam BR» 

Demenfimtio Secundx Partis. 
JStciiim duOis » ut antea ^, radiis C B > C R , in triangiilo !£>• 

- X 1 ferf* 
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fcele CB^ > re£la CE a vertice perpendicularicer dach Aipra bafitn 
( CoroII. 2« Propof. asr. Lib.4. ) ^ eatidem - baiini BR bifariam feca- 
bic> Qtiod erac iecundum. 
Eft Propoiitio 5» Libri i. Eucli^is, 

CoroUarium • 

Takix. 9P^P«>P^«*' clraili centrum femper reperitur in perpendioilaiii ad 
* medicucem cujufyis chords duAa . 

PROPOSITIO TERTIA, 

Problema. 
Dati circuli eetOrmn strvenire . 

Fia*ix. Jq jj^to circulo AFBE ducatur utcumqae chocda AB> q^ (Pro- 
pofic. 12. Libri 2. ) bifariam diTidatur in pun£lo C , a quo fupra 
candem A B erigatur perpendicularis CP ( PropoGt. 13. Libri 2. ^ , 
qu2 utrinque producatur ufque ad peripheriam in p , & E* Tandem 
bifariam iecctttr re£ta F E in punAo I > quod erit qua£tam cen<tum 

circttli • 

Demonftratio. 

QjBoniam a medietate C chordx AB unica duci poteft rcftaeidem 
diordai pcrpendicolarss ( CprolL Defb. 9> Libri 2.) ^ & reOa a cen- 
tto ad medietatem chord« dufta , eft eidcm chord» pcrpendicularis 
( PropoC anteced. ), idco ccntrum circuli reperitur in perpendicula- 
ri F E ; proindeque erit Ipfum punAum t > in quo bifariam di viditur « 
Quod erat pr<^fitum. 

£ft Propofitio x.Xihri }• EttcUdis. 

5 PR OPOSITIO <iy ART a/ * 

Problema. 

1)4^1 4»cuf lcevtfum hrvemtc ^ ut integra defctfbatttf petipheria. 

yifcjyl In dato arctt AoL fiucantur utcumque du« chordae AB, EL^ qu^ 
C PropoCt X2, lib. X.) bifitriam fecencur in E* & F^ a quibus pun^ 
ftis ( Propof xj. Libri 2. ) erigancur perpendiculares E C , F C 1 
quse aiicubi fe fc mncufi fccabunt ^ ut In punAo C ^ quod erit quz^ 
fitum centrmxr. ^ 

Demonftratio • 

CeQCrum circuli ( Propof. anteccd. ) rfcpcritur tam intra pcipendi* 

cula* 


/ 
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cularem EC, qoam intra perpendicularem FC ; ideoque erit pun^ 
aum C^ qucd eft utrique perpendicuhri EC^ FC commnne • Qua- 
propter centro C. Sc intervallo CA, vcl CB &c. complebitor inte« 
gra peripheria • Qiiod erat facirndum , /flc demonfirandum • 
£ft Propofitio 25. Ubri }• Euclidis. 

CoroIIarium • 

Eadem ratiofie ctica t|oodlibet triaogpliim ALB« fivc per tria da* 
ta putiOa A^ B9 L, non in direftum pofita^ dudis lyeflts AB, BL^, 
circulus defcribctur , cujos pcripheria tranfibit pcr tria data pun£la , 
fcu per angulos A, B, L. Nam bifariam divifis rcftis AB, BL ^ 
atque duftis pcrpendicularibus EC, FC , crit C quafitum ccntrum , 
ut manifefle apparet ez antecedenti Dcmonflratione« ^ 

' £ft Propbfino 5* Li6ri 4, Euclidist. 

' PROPOSITIO QUINTA. 

Theorcma » 

St 4& alffw fmnSo imita circutmm iftf trifit Unf^e ^9f9$akr sd fcrifle'- 
riam duS^e fmerita ^ fnmSum ilM erif emi/rum circ^li. . ^ . 

A pun£lo C ad peripheriam circuti EAB do^be fint tres' re£hB ae-tig.xn. 
.gualcs CA, CB, CE; erit punfium C epfdem ctrculf centrum. '*;^«*>.ix, 

Ducantur fobtcnf« BA^ BE^ quz bifkriam fecentur in pon£Us F» 
8c L ( PropoC IX Libri 2» ) ^ atquc ducantor rc^ FCj 


Dcmonfiratio* 

Dqo triani^Ia CFB^ CFE^ habent latns FC comtttune ^ latus 
th «quale FE f conftruft. > , 9c latns CB fleqoale CE ez hjrpotliefi^ 
ideOque ( Propof. g, Libri 2. } erit angulus CFB aeqoalis angulo» 
CFE; confequenter ( Definit. 9. Libri 2. ) refta FC eft perpeikticiiw 
laris chordar B E ; tdeoque ( (^broIL PropoC 2* ) centnim circuli tric 
intra perpendicularcm FC Cadem ratione fingola latera triangulo- 
rom CLB, CLA funt «qoalia, proinhdeque anguli CLB^ CLAfunt 
aequales , 8c re^i ^ atque circuli centrum reperietur etiam intra per- 
pendicularem L C . Ergo circuli centktuB erit ponaom C otriqoe pcr- 
pcndiculari FC^ LC codMniinc. Q|iM MU demonftiMdnm • 

Eft Propofitio* 9. Libri 3. Ettclidi». .... j .. 

' CoroIIarium . 

Ergo a pitnda^ quod non fit ccQtrum . circuli » doci non pofiTunt 
trcs rc^ lin^ zqualcf ad periplicriam ; qui^ fi duccrcntur ^ illu4 
punAum cftet ccntrum circuli , 

. • PRO^ 


Probteau. } 

Ttr fiodvU periphtrm pMnSmn rtHdn» dreuli tM^entgm dmetfe. 

Ftt. A punAo L in peripherta daco, vel a(rumpco> ad cencruin C ^»- \ 

T kji ^*^^ radiiu LCi fuprk i^Ktii ex ptinOo L erigjittr pctptodkdiar 
■ ALB ( Propof. ij. Libri 2. ) ,; h«c erit tangew qjamBc». , niflii*' 
uniiique prodti^a tota extra circulinn cadct. 

D^monftratto . 

Ex ccntro C ad qoodlibct alitij pan£tutn B nefte A B <^icaepr rc- ] 
£U linea CE; atque fcnaper habebitur tTiangulmn CLE, cir/us anga- 
lut CLE e& ( confktta. > rcnui ; ideoque ( CoroIJ. T, PropoC 24. 
Libri 2.) angulus CEL eric acutus ; confequemer f /ccunJa paree 
Propof. 27. IJbri l. ) Utut CE.angnlo majori oppofeum entmajia 
CL oppofito angulo tninori; fod CL eft radius; etfto Vvoea CE tff 
maior nidio, & dBfta eft a coicro circuli: itaque punasm t «ft «- 
tra circukiei, Eadera ratione reliqut puna» line« AB» c«o^«> u , 
dcBMoftrantuE e& exwa pw^heiiam . £r£o rcii» AB ( Defioit. i,i 
cft circuli cu^eos.'Qio<i cr?c pcop<^cuin. ' 

CoroUariiiin L 

Itaquc refla AB extremitati L radii C L , wl diametri FL per* 
pcndicularis, efi ungens circuli. . — ,. , 

. Perterca cnai cxtreisicaEi: diaaKtri uMca duci poOir perpendiculi* 
ij» i ideo voi cantuia rcft» taogere poteft ctrculuofi, in codem pim- 
&o; C9nfe9i«nter Dmnes ali« fcO» p«t Buoauta contaOui duOat ctt- 
etilwn fecafcuns. ■ ,- 

fifl Prapolitv» itf. Ubrt i. BicUdis. 

Coiollarium I L . 

^'v. ^"K iacillimc deiucitur ccAam CM cz centro CadpuQ^uincait> 
Trtai.taflu» H duaam^eetpendiculvcm.eflc unscnti AB. ( 

Eft Pn^Gtio 18. Libri 3. Euclidi*. 

CoroIIa^um III> 

PRO- 
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•4»ft4DfOSITIO SEl^-TLMA. 

* Tf hcorcma . 

l>B(gliff sd cenirmm duplur eji Mngtsli md fett^tfimm^ jpumdo^i^fflmni 

fup:r ecdem MTcu^ 

' Primo anguli ACB ad ccntrum, & ALB ad pcripheriam infiftaiit FJf. 
fupcr codcm arcu A E B , & dtio vfSoxmk la(era L A ^ C A convcnianc^ tHm. 
crit angulus ACB duplus anguli ALB. 

Demoiiftratio • 

Nam tn triaagulo ifbfctle CBL ^ fitnt enim raiUi CB = CL) » 
anguli CBL» CX.B rPrapof. ly. Libri 2. } fai|t cquales intcr & i 
sgitur cjufdcm trianguli BLC angulus extetnus fiCA , qui ( fcctm« 
tda parce Propof. 24, Lib. 2. ) cll aKjualis duobus anguUs C B L ^ C L B 
fimul fumpcis^ cric duplus unius CL^B; xiimitum angulus ACB ad 
centrum duplus eft anguli A L B ad pcripheriam • 

In fecundo cafu^ ubi lacera nequc convcniunt^ neque fe inviccm 
fccant A ducacur diamecer L E , & cx ancecedenti Demonftracione erit x vir. 
angulus ACE dfiplus anguli aLBj & angulus BCB duplus iiQgnU fAb.». 
ELB; adeoque inceger angulus ACB ad centrum crit duplus tocius 
anguU ALB ad pcripfaeriam, 

Denique in tertio cafu ^ in quo latus^ L B fecat latus C A ^ duca- pi^/ 
tur diamecer LI; eric per primam .Demonftracionem tocus angulus xviir. 
ACI duplus tocius anguU ALI, & pars BCl eft dupla parcisBLI; ™-^^ 
ergo CAxiom. it.) cciam rcliqpms aagiiks ACB «d ceacriim erit 
duplus reliqiii aaguU ALBadperipberiaiki^.Quoderatdemonfirtiidutk 

£ft PropoGlio . 20, Ubri }• £iicHdis« 

CbroUarium « 

<^niam ( Defiii. ;• ) arcus AEB cft menfuta aiiguli ACB ad 
cencrHm; & angiilus» A L& ad peripberiam, juxta prcqcdentcm De* 
monftracionem 9 eft mediccas ejufdem anguli ACBadcenc;-um: idco- 
que menfura anguli A L B ad pcripheriam ^cric mcdicta$ arctis oppo^ 
iitiAEB. 


PRO- 
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PROPOSITIO OCTAVA. 

TbcoretM* 

p. » Omef stfigtdi M pcrifhiriam. {^LB^ ^IB, otMB e^c« ) ^ «Wh 
xix: dcm circuli fegmento C^LIMB ) contenti , Jive qut infiflmt fu^ 
Tabox» ^oifYf^ arcu ( v/f £ JB y^fimt ^aler inter fe . 

Demoofir^cio» 

Quilibec enim ex illis ( PropoC anceced. ) eft dimidius eJuUeai 
anguli ACB ad cencrum; ideoque ( Axiom.l4« ) Tunc aequales imet 
fe. Sive ( quod idem eft ) quilibec ex illis habec pro menfnra me* 
« dieucem #rcus eppoGci AEB^ cui omnes iniiflunc f CoroU. Propof. 
anccccd. ) rtrgo func «qualci inccr fc . Qiod erac oilcndcndnai . 

Eft Propoficio 21* Libri }• Euclidis. 

PROPOSITIO NONA. 

Theorema • 

Fi,. X. Omne fuad^aterum ( ^BCL') in- circulo if^criftum , five^ ^^^^^f^^ 
Ttb. X. funtin peripberia circuli, baket angulor oppcfitos (^, Cb- C i ttem B, 
^ L) fimul fumptot duobut re£lis aqualet . 

Demonftracio • 

Nam angulos B AL CCoroU. Progof. 7. ) \l^J'<* •*>"?**"!' 
dietatcm arcus oppofici BCL. Simillttr »«8"»» BCL mcafuraeftme. 
dicas arcu, op^fii BAL; ideoque duo angoli A , . & C Gmul H^pa 
habedt pro meafura medieutem integr» periphaMt; n»fl»««J«™*?: 
tegrs peripheri» eft mentura duorera reftorum ( CoroU. »«»»«• 7- ; . 

erio duo anguli oppofiti , A, & C fimul f»»P]^ **«3""' J^^f. " 
ftos. Eodem «riotuiio duobus reftis «qoales demonftrantur reUqui 
duo anguti oppofiti B , & L fimul fumprf . Qfwd crat dcmoa- 

firandum . . 

- Eft Propofitio 22. Ltbri 3. Eoclidis. 

CoroUarium . 

NuHum iptur paraUclogrammum obUquangulum potcft habcrc om- 
ncs angnlos in periphcria circuli. 


PRO- 
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Sit circulus ACLB» & ab extiseioU cuj|ufvisJiaitse^ri A L s^ quod- p|^, ^u 
▼is femiperipheris punAuai Cdudls fintduaE iV<fl'aeAC^ LC; angulus Tab. x 
ACLin femidrculo ACFL inlcripcus , feu comemus^ cric reftus* 

Dfimottfirauo. 

lEcenicn ahguli ACL mcnfura ( CorolL Prop. 7. ) cft dimidiumar- 
cus oppofici ABL; fcd arcus ABL eft ex hypotnefi fcmicircumferon. 
tia 4 quae eft menfura duorum retflorum C CoroII. Dc/rn. 7. ) $ proia* 
6icq^^ cjus niediecas erir .mcttfura uniiis re^li ; ergo anguhis ACL ^ 
cujus menfura ett dimidiUm femlperi^^rijt AlTL erit redlus . Quoi 
craC oftendcndum. Eft prima^^s Pro^f. Ji. Libri 3. EucUdis. 

PROPO/SITIO. UNDECIA^A* 

* Problema. 

•« . > * • 

*A ptmSo extta citculutn dlio reSlJ^ tircuti tjngpacm iuctrc • 

Ex, daco punfto Q ad centrom A cJrcnli daci BLF dncatnr rcfta^pjjj^n,^ 
CA. Atque cencro A^ incervallo CA » ddfcriE^r circulns EIC .Tablx.' 
Deinde fupra CA^ & ex pundlo L^ in quo Cecat tlati circuli peri« 
pheriam^ erigatnr pcrpendicularis Lfi ( Propof. X}. libri 2. j ^ quz 
circuli EIC peripheriam alicubi fecet^ ut in pun(9o E> a qno doca'»* 
tur radius EA^ & ex pun£lo F« in quo (ecac f^ripberiam daci cir« 
culi 9 ad punftum dacum C *ducatarreAaFC^ quae erit tangens quatfita, 

^Deifioiinracio • 

Duo triangula EAL> CAF circa aosvlum comtnmieni A^ haben^ 
latera LA> AB «qi»Iia laceribos FA, AC X.Defin. 15. Lib. X ) $: 
id«tque f Propof. 6. Libri 2. ) eric anguks AFC cqualis anftulo 
A L E re^o per con h u<5ltonem ; coa&quenocr eciam angul^s AFG 
erit reftus.. Wk%o reAa FG perpendiculaMa excremicaci diameai , feu 
radii A F , erit cirauii tangeoa( Cor* i.. (Br«pw 6. ) (^uod crac propofitum. 

Hasc Propofuio polseft esiaoi alia ra^sone deooanftrarv* Ex PttAter 
R ad ccnirum C ducatur refta RC; qua ( Prop. 12. Libri %. > bi&*. 
riam tecetur in A, aique cemro A j it^tpfyallo A C , vd . A R > d^ 
fcribator fefificircohis C G B R , & tx^yxoiXo Gj in quo peripberiarfe . 
motuo focanc ad.puiiftmn datum R it»mm «&i QR> quaei critta»- 
gens ^xfica..^ • J. .> . • J , c ' . i -' , -^ 

Eimenta Matbefeof. Y Dc- 
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Nam du£ko radio CG^ «tigfifltt CGR in remtctrciilo CGB Rin* 
fcripcus ( Piopofl antecdL ) eft redus^ idcpque refta G R perpendi* 
cttlaris esttremitaci <j radii C G ( Coroll. r. Propof. 6. ) ^ic Itngcos 
circuli LG M . C^od crac detBonfirandum » 

l^ Propoficio 27. Ubri 3. Eudidis i 

Corollartum. ^ **" • 

Si ez centro A radio AC fefcribacut altus femicirculos ClR , Sc 
ducacur re^a LR> codcm modo demonftrabicur ipfiun re£brm LRet 
fe circuli tangenccm . Confequenter tx daro punAo iux circuli can* 
gpntes duci poifimt. 

PROFOSITIO DUOOECIMA. 

Theorema* 

Jlngiduf cimtMMs i ettculi iangetae ^ 6- s cb^fddper praJimcmUdSHr 
duSs,^U4Jir^ar^$dodffcriftoin ofipqfifdjiu slicrus circuHpontime^ 

.. ^„ Refta AB circulum canjot in pimao C ^ a quo dufta fit; fccam 

Ti.x:chorda CE, crit angulus lcB a tangcntc CB , & a fccante CE 

concentus, aguali* «nailo inlcripto in fegtnenio, feu porcionc oppo- 

fita CRFETsimUiccr cric arigulus ACE «quaUs angulo cont«m<> 

in portione CILE. • m«.,/^ 

. Ducatuc diamecer CF, quat ertt pcrpcndicularts tangffnti AffC^o 
UoIL i. PropoC 6» ) Ducancur eciam chordae F E ^ E L , L C . 

Demonftratio. 

» 

Angulus in femicirculo infcripcus eft fcaus ( Propof. 10. ) ; ergo 
in triangulo EPC reliqut diK> angdi EFC/JBCF finMtl iiimpci 
unum rcftum adcquant ( Cdroll. 5. Propof. 24. Ltbri i. ) . S«d duo 
angttli E C B , E C F adsquaiic pariter angulimi re£faim F C B ( Auimm. 
to. ) ; ideoque ( Axiom. x. ) duo anguU EFC, BCf 0quaks erunt 
duobus angulis ECB, ECFf atquc dtmpta GonMnufii mgulo ECF, 
( htlooh. i.) retmoebit aaiu&is BFC ooncentus infi^nMiCO^FRC 
laqpalis anguky EGB' concwto a tangeate CBr^ & a chordti fe« 

cante Cfi. r> ^ 

' Praeterea in quadrilatero CLBE duo anguU oppoflti CFB^ CLE 


iquales 


angolis ECB> ECA; a quibus auferantur anguli jam oftcnfi squaks 
CF E> E C B >^ remantbk ( Ai^ioot f, > anfMm CLE infcriptus in. 
fegmento CILE arqualis angulo ECA contcnco a ungentc CA» & 
a feeance CB. Oiod crac dcflcionlltanchiio* 
Bft 990fOGd6 32. Libffi ^ Ciididis» 

- ^ffine «eidans eft angilam Cf £ kilbApann in Mfori iegniemo 
C I^ F E acntum etk i & angulum C L E «ontentom in minori fcigr 
mento ClLE obcufiim efle» 
• Eft ftcvnda pm VK>pofic. 31» Libri g. Eoclidis» 

PROPOSITIO DECIMATSRTIA. 

XnoQfonif %' 

cenird, fioc ai fcfifheriat tmfiimi^ ii^fimt fuptd arcus ^qualctS. 

Viciffim fi mcu^ fim ^puJer^ st^uU infifituics yfivc ai ccntrs x fivc 

sd perifberiai. etunt ^quales ». 


■. w 


^ • » » 


PrifcQQ in argiiaUbns xircul^s AMBLVER^CkE^^ Cnt anggU aoivt* 
lcs AC;B,> EIG ad ccntra C» & li arCtta'6ppcJM !AMF^'TRQ 
erunt iritcr fe «qualcsi •. ' 

Demonftrado Priaut Paitts» 

. lotclli^tur clrculua ALBM iti (uperibponf tit^lo BFGR» ut 
radius CA cadat fupra asqual^ radiuni EI ( Dcfift J.J^» congmcnr 
( Coroll*. Dcfin» 5«. Libri 2; >. tadios Vcro CB congrnet com radio 
G I > quia atigoU A C B > B I G fune cx hypotheC cquafes $^ atqoc pon^* 
Aa A I, 2c B caJent in C^Sc G ;. ideocnie integ^r arcuis A M B con* 
gruct cum arcu S R G^ & ( Axiom. 8^, ji crunt tntet fe asqoales*. 

Si autem aequales fucrint anguli A L B>. E F G ad pcriphcrhs^ tosic 
duais radiis CA> CB> lE^ IG> ctiamanguri ACB> filGadccn- 
tra ( Axiom» ij. ) aiqualcs crunt>^quia funt dupli angulorum> sequa* 
liun» ad pcriphcrias C I^opof. 7* ) i. donfeqaentcr^ demonftratis ctiam 
arctts opppfiti AMB> EI^Q «(p^k& crunt intcr fe^ C^uod erat pri^ 
iao dcmonftrandutn . • 

Eft: Propolitio i<5. Libii J. Ejdidis- 

Seconda in circuffs^ aKjuaHbus^ALB^ "EFG teSii fint trcor ttqoa*^ 
Ics AM:B>£RG r ^gdi infiftentc^» five ad ccotra> fife^ad peri«^ 
phcrias>crunt iet|ttalc$,. ' ' 


t' «i 


§ 


t X Dc* 


17» ELEMENTORUM GBOMEtRl*. 
DtaKnftratie Secunds PaFtU. 

Qjionbni ( hypothcf. ; aicus AMB eft tquiU ttcui ERG, 8t 
circuli funt squalci , id<o fuperimpofito dmlo A M B L- > fiiwk mu- 
lem circulum ERGF, iu ui ccntra C, 8cl conveaiam , & pun* 
Gim A cum puaOp E, arcus AMB congruct cum wjuali arcu E R G, 
& punaum B cadct in G; confcqucntcr congruent radij CA ciini 
lE, & CB ctii» la, atqne ( Aiiom. 14^.; aqgitliii AC&cnt«gu. 
Ib sngulo EiG. 

Pmerca ( Axiotn. 14. ) etiam nwales emnt imer fe anguli At^ 
EFG ad penphcrui, quia ( Propofc 7. ) fuot nibUetatcs «qguloraa 

"^J'T *9?' ^^H-f^, """*• ^"^'^ eratfccunaodemonftrtnduBu 
Eu PropoCno t7. Itbri 3. Euclidis.^ , . < > ' 

PROPOSITIO D«CJAfAQUARTA. 

" ' Ttworemat . ' 

U eirtmlit ^tqud^t ( ^MCL^ EJ^GI ) , tttl in toJem ttremlo , 
'■i- VL *5»4ftf cA0n^ (^C , £G ) «««/ tmualu i JtLC =3 E IG , (&- 
""■*• ^MC = EHGJMttitdwa. ^ 

. ^^J^ fi.ifftf {•^LC, ^tGyfytmit mqttAUt, etismtbfrd4i{.4Cj 
SG) ttifdem »reui fiMentUnits eruttt inter fe aqiudet , 

Oenonftcatio Prinue Partis. 

Difa|( ra^iis ( Dcfini ai Dcfin. ij. Libri l. ) 

Mualibas inter" Cc B-A| Ma C hypoth.^ bafes AC, 

EG fuqvaquales, idflo t. ) crit.3nguiiu ABC= 

KFG; ^onfcqueiuer { pi antcced* ) cric arcusALC 

^EiGi & a^ integrts is aiiferendo parces xqca- 

»e» ALC, EIG> (Ai ; arcus AMC = ERG . 
C^od crat primum . 
Eft Propafitto 28. Libri 3. Euclidis. 

i DcavmHratlo SKundc Partls. 

^MXiiam (h7{x»h. ) arcns ALC, EtG ponuntur «qualcs , Ueo 
AaQis radiis BA, BC, FE, PG i fecunda parte PrtmoC antcced, ) 
erii anpiliii ABC = EFQ. Sc ( OeSn. j. ) latcra BA , BC funt 
«IwUa lucfibus F,B, FG; ergo ( foopof.6. Utti 3. ) erit bafiS AC 
a»)ualis bafl EG; confcquenter aquitet arcus ab cqualibiu ' cbordis 
fiibtMduntur. Qpod crat oftcndendum. 

Ift Piopofitio 19. Libri 3. EueUdis. 

■ ' * ' PRO" 


ti fe E R Q t A R T U S. ? Vi 

k ■ 

' » I 

PROPOSITIO DECiMAQ.UINTA. 

• ••-••/■ 

Problema.- 

Ddtim aram (^CL) hifitrism dividert. n(^>i; 

' Ducatiir chorda AL » cp» ( ProfK>r/ii. Libri 2. ) &ifariam Tccctur 
ifi B, & (Prppofcij, bjM X^ arisaeor perpendiculafis ^C^ qusbi^ 
fariam fccabic in CTdatum arcum ACL. Jungancur rc^ae AC^ CL« 

Demonftracio» 

Trito|d|iv A&BC> CBL circa «qualfis angulosreftos A BC , C^L 
iMibcnt Im» CaB cooimnoe, 8c ( conftruA* } Jacus BA =: BL, ei^o 
( Propof. ^. Libri %. ) erjc AC = CL ; proindeque ( prima parce 
Fropot. anceced» ) arcus C M A ^ C R L fubcenci ab «qualibus chordis 
AC , CL.i:rii|» ^NiQaies intfr i^ • Q^od erar faciendum ^ atque de« 
monfiraaduin • . 
£fi Prppo^o 3^ Libri 3« Euclidis. 

PROPOSITIO DeCIMASEXTA. 

ProUema • 

£x 4^ citatlo pHfiitmem abfcindere , fua contincat snpdim 

tefualem dmo smgtdQ tMUneo. 

Refolacio* 

Ducardr t^% CB, quas tenm circnlam tangat ia aliqno pnnClo 6 ^ft !* 
i {^ropdfictf.)^ & fiipra eandem C B in |^ttn<V> C fiat angnlus BCI 
se^ualitf angulo datd A ( Propof..i6. Libn 2. )^ Porfib.CRl conti« 
nebit angulum ffualm angulo ICB ( PropoC 12»); confcqncmcf 
f Axiom. J. ) «qualem daco angulo h^ . Qiiod erat propofitum • 

£ft Propoficio 34. Libri 3. Euclidis . 

PROPOSfTIO DBCIMASEPTIMA. 

-j ^ Theorema, 

utrinqM tcrmituti^ fe mntiio ffttWt ( mt im F ) , reSMi^idiim eome»' Tib. X. 
ttm ex partibm, ( ^ F ^ ■FB') 'imiiir , erit nqiude reHiu^ido cO»- 
temo 4 psrtibus, \cF ,F L) sfteriut ttClm ( mminm erit ^F X 
fAs=CFXFL. 

• > ' Demonintio» : 

-Ihla dDOu M&ihC^,hB» cft «ngnlis AJC ^ t^».( Pt<^ 
•1 . poC'17. ■ 
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pof. 17. Libri 2. )j 8c ( Propof. S. hajus Libri ) eft angulus C AB 
z= CLB» qoia innftuiic fii{)ra ^ttndeni orcuiii CB.>3iTtiIiter eft an- 
gulus A C L =: A B L ; ideoque triangula A F C ^ B L F funt asquian* 
gula: confequenter ( Propof, 7. Lib. j.) «rit AF: FL: : FC:FB; 
acque (PropoCi. Lib.i.) eric AF X FB = FL X FC. Quod erac 
demonftrandum • 
Eft Propoficip i^. Libri i* Euclidi^. 

PROPOSlTIO DEClMAOCTAyA, 

Theorema. 

■ * * 

Si ex quilibet pmSo 6t cxttd circulum ducantut cbhg telhf j quarum 
' una chculum tangat, flr dttra eircuium utcumlfue fu^ ; fitffar irit ^ 
^fUairatum tangentir lequale reSau£u/0 cmfeeue^-a Ms feumti ,1^ ak 

ejuf fafte extra cftcidum fefita. -- —'u 

• ' i ... 

tIHJ.^! -Sit circulos B 1 C L , quem taiigat f efla A L ifi pvndlo L ; «Uftu|ue 

' fecct rcfla AB, fempcr cric quadratum cangcntis A L aBquaie recflan^ 

gulo concento a fecance B A , & ab cjw fcgtwcnto C A cttra cirro* 

lum pofico; Bimirutn crk AL ::= Q B^A X AC,» ' 
Dttcamur fubccn& B L > C L • 

Dcmonftratio. 

AiigiBlus C L A concentus a uwgente L A , & a chorda fccante 
L C (Propof. 12, ) cft sequalis angulo LBC infcripto in altcro feg- 
mento , an^ulus vero in A cooniMioif cft duobua triangulis A L 0, 
ALC j ideoque ( Coroll. 7. Propof. 24. Libri .2. > rcUquus angulus 
BLA wtaiqttalis rdiqua ACLr prointtaquc «ria^gjila ALBj. ALC 
erunc «qiiiangalii,^ ( Piopof. 7. Ltb. ?• ) <f i< BA : AL : r A l 
j AC JciKm «rit 4f fi A : Af. : AC.- crga ( «h>p. a3*Llbri i.) 
tHt A L*= BA X A C. Qiiod crat oftendcndum* 

Eft Propofitio 16. Libri J. Euclidis • 

Q^iDUaffiiim L • )y 

Ergo tangens A L cft mcdia,proportionali$ inter (etantem B A ^ & 
ejua ^flf^wi^ CA «)o$ciiiii v^m ckcalim : cft cnm ^ £4 ^ AL 

« A C » V » ; •- ^ > • ■ 

CoioUiiivni 1 f . 

Si cx codcm punflo A ( Coroll. Propof. xx.^) ducatar altcra aan* 
gcns A I , eodem rood o de mottftKfettur ttk Xl = B A X A C j ideo* 
quc (AifidiifO^rk aT'= 3n\4c<Alg*r.)htbcUlilrAL=: 


AI: conr«|u(p^r.dtt2 canssntes^ ejufdctn ciiculi dua« c|eqdempun« 
£to dxxx circttldtzr pofito cmnt '^i^qMilcft ihtcr k. - ? - 

PROPOSITI0 DBitlMANONA. 

Prabkm*. ' 

Mii n^ p4i^f» maht^ 0Mdm tadoHem h^cat^ ^aam ffabdfit ea^ "*• *• 
dcm parr major sd minattm • Qjt(4 dtcMf rcdlaai tineatn mcdla \ 
& cxcrcma diyiderc rationc, 

Supra datam AB, & cx punao A ( Prof^oH i). Libri 2. ) crtga- 
tur pcrpcndicularis A C «qualis medUctatl reft« A B . Deindc ccntro 
Cj radio CA defcribatur circulus AE M^ atque pcr punda B » & C 
fhioacur rdb BCM* Tandan^ ci^ data AB fectcuc portio fiL aqnalis 
porcioni ^h : dico re£lam A B mcdia y 8; extrema rationc divifaoi 
ciTe in L; fbiliccc cric -^ AB i BL i LA« 

.Dcniion0racio • , . . 

Radius CA ( conftrudionc ).eft dimidium rcAai B A ; itcm CA 
(Defin.xs.Lib.2j cftdimidium diamctriEM; ideoquc <Axtom«ij.) 
crit redta B A aequalis diam^tro. M E ; £fd rcdU B A ( conltriiaione ) 
perpendicularis extremttaci A radii AC ( CoeoW. i. Propof. ^* ) eft 
ciuigCfis circttli ,& linea BM cft circuji fccans : undc ( Corollar. i. 
PropoCancccedO cric MB: BA: : BA : BEa& dividendo ( Pro* 
poC 7- Lib. I. ) crit MB — B A : BA : : B A — B B : BE,;' fed 
( DemonftrJ cft EM = BA, ( conftrufl, ) cft BL = B B ; idco 
zqualibus aequalia fubfticuendo in ancecedenct ulcimaproporcionc^erit 
MB — EM : BA : : BA t— BL : BL; at BA — LB fignificat 
AL^&MB — EM fignifTbac BE ^ cui fub^icuatur sequalis porcio 
BL, & habcbitur BL ; BA : ; AL : BL; & iiuerccndo (Propof.y. 
Lib. I.) cric BA: HL: : BL : AL, fcilicec ^ BA ; BL : AL. 
Ergo re^ A B divifa cft in L cncdia^ Sc cxciema racione % (^uod c- 
rat propbficum . 

£ft Propoficio 30. Libri 6. Euclidts. 

Corollarium. 

(^oniam ( Dcmonftrationc ) eft 4f BA : B^ : AL^ ideo (Pro* 

FoCaj. Libri i. ) crit B A X AL = B L^$ crgo daca rcfta ABitadi- 
vifa tft in L ^ uc re^tai^um ex cou A B in partcm A L adsqact 
qoadratum rdiquK pardsBL. 
£ft Propofitio XI* Libri 2. Cuclidis.. 

PKO- 
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P R O P O S I T I viCesim^;. 

DaQje^^edbe AB^ BC iu ii| direOuin pptiandir, ^ untom reOaQi 
Ap conilituant • qus ( Propor. i3. Lib. 1. ) fccctur bilSfiam Tii F; 
& centro F, radio FA , vcl FQ dcfcribatur fcmicirculus ALMC; 
t)oftca cx punfto B ad rcaam AC rPropoC ij. Lt>, 2.) erlgatur pcr- 
poidicularis B M , (juse alicubi termirictur a t^eriphcria > ut in M : 
trtc B M qya^ca Unea . 


w^ * ♦ « 


Demonftratio • 


Duftis fubtcnfis AM, CM anguIuiAMC |ttf<nnicircaIo AtMC 
infcr 
Libri _ _ . 

nufam AC crit media proporttonalis -^o , - - 

dem hypothenuf* : crit igttur ^ AB : B M : BC . Quod crat 
propofituoi • 

£ft Propofieio ij. Libri 6. Enclidts . 


Duftis fubtcnfis AM, CM anguIuiAMC |ttf<nnicircaIo AtMC 
nfcriptus ( Propofit. lo. ) pAt icftus ; ergo f CoroII. 2. PtiJpoCrS. 
.ibri ;. ) pcrpcndicularis M A dcmffik ab angulo reftb ad faypotbc 
uGkm AC crit media proporttonalis intcr Cegtnenu A B, B C c>af- 


« * 


CoroHarium L' 


/ . . . > 


Ergo ( PropoFt, 2j. Libri i. ) efit A B X B C =3 B M . Scili- 
cet in quovis circulo quacjratum cujufvis pcrpcndicnlam " M » P«f'- 
pheria ad aiametrum dua« a^juale crit rcrtangulo compi;ehcnto a du- 
roctri partibus AB, BC, in quibus ab ipfa perFcndiculai-i- diyiduur. 

' •• • 

Corollarium 1 L" , . * u • . 

KV» • Quaproptcr ut dcfcribatur quadratum aquale dato reftangulcj' A B 
TitJx. C R , latcribus AB, BC invcniatur mcdia proportionalis B L , lii- 
pra quam ( Propof. jo. Libri x. ) fiet quadratum BM ^ quod ( Pro- 
pofit. 2j. Lib. I. ) aqualc crit rcilangulo A BC comcnto a lateri. 

busAB^BC. 

CoroUarium I I L 

Ut autcm dcfcribatur quadjratum SBqualc paralIcl<^rammo ^li^l^»- 

gulo ABST ,-dcmiKantur pcrpcndicularcs A R , BC> 8f ( Pra^x>- 

fit. II. Libri 2. ) habebitur rcaanguluni ABCR «qUale paralTclo- 

grammo obliquangulo ABST; undc quadratum BM ( CorolU antec.) 

aequalc rtdVangulo aBCR ( Axiom. !• ) crit.ctiam «qualc parallelo- 

grammo obliquangulo ABST». *'\.>r . i.- ^ . i . 

/ Corot* 
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Corollariam 1 V* 

Ergo data (|DaHbet figpra re^iiMa -, deicribetiir qnadratiUD «qualc 
i{^ figunr^ fi dividatur eadem figura in triangiila^ deinde unicuiqve 
triangulo (PropoC J4» Lib. 2.) fiat refiangalucn cquale; poftea (an* 
CQccd. CoroIL 2. ) unicuique reftangulo defcribator quadratum arqua* 
le. Tandem ( Propof.2o. Libri |.) inveniator lifiea » Gttfiisqiuidraani 
fic aBqoale oranibua ioventis quadratb fimul fiinipcis ; .& qMadratuai U* 
lud ( Axiom. X. > eric aequale reAiiinco dato« w . . 

In hoc C^ollario continctur Prc^fitio 14« Libri u fiacUdia^ 

PROPOSITIO VICE-SIMAPRIMA. 

Theorema • 

Si reOsC^B) itfsmdmfetitnr (imC ) f eiime im Mrethm sddMitf^ 
qmidibet alid reOa ( BL) , qmsdratum Une^ ( CL ) dimidia cmm rSk 
mt^eSd , erii WfuUe re^wipdo ( */f L X L JB ) comtemo ex dstm eum 
adjeda (^L), 6rab adjeHa (BL) cmn qmadrato dimidia ( CB). 

_ * 

Centro C , radio CB, vel CA , defcribatur circulus AFB^ & ex 
pttn£lo L ( PH>pofit. II. ) ducamr tangcJis L F ^ 8c dMcatut cadiua 
C F ad ponftum conudtus F • 

Demonfimcio^ 

Reda L F ( ConftruAione ) jft^circiiK tangens ^ & A L circulum 
lecat; idco (PropoT. xSJ erit LF = AL X L B . Addantur quadraca 
cqualia radiorum^F^ CB, & ( Aziom. x, ) crit LP*^ CF*= 
ALX LB 4«C(i.Sed( CorolL i. PropoT. tf. > ai«oIus C^h 
«ft reftus , Stjproinde ( CorolL i. PropoC^if^ Lib. |. > crit LF* 
CF* =.CLr* : ergo ( A«iom. i. ) erit Cir'= A L X L S -^ 


C B • Quod crat dcmonfirandum.. 
£ft Propofitio 6. Libri 2. Budidis. 

PAOPOSITIO VICESIMASECU*iOA. 

Tbcorema « 

Si reUaltneai^M) diwdatur Ufariam (tmC),^nan9ifarfami}mL)i 
trk tria^gmmm (^LXLB) <emiemtmm m partihummeqmaliimr(^L, 
LB ) mita cmm qmadrato intemtedia (CL) /emper afnale qmadrato 
-^i^^a (Co€y%fe} cn). 

BeTcri^jUir fiemicicculas AIB ^ & ad diahictrom AB crigator per^ 
pcndicujaris LI , duocturquc radius Cl. 

ticmMa ^Sathifeos. Z Dc» 
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DeMmflratio* 

Etenim X CorolL r. Vropo(. "lo. ) cft AL X LB SS Tf >* icUatQ» 
ilttrinquc quadratamjntermediz LCj, &f Axiom.2.)erttAL X LB^* 

. L C = Ll* -*• L"C\ Sed (_CorollA Propof. 19. Lib. J. ) in 

mtf^lo rcftaogttlo CLI ellC^l = LI%p LCjcr|Q.(Ariom.i.) 

erit AL XLB-H LC = Ci; at efl Cf = CTTzs CA*, quia 
CI, CB> & C A funt radif ; eonfequenter ( Axioni. i. ) erst AL X 

L B -f> LC =r C6, vei = CA . Quod erac oftendendum • 
£ft Propofitio 5* Libri 2. fiuclidia. 

PROPOSITIO VICESIMATERTIA. 

TiftoieuHi* 

rtc. hSt qu^tibet niBa ierminata (w/f B) dhMatm uicumfm (MC), qttmha^ 
rtb.^1. ^^ ^Q^i^ (^B ) ^^jfc ^ fuadtatu pmmm {jtC, CB ^jm^ 

cum du^ tcaat^ulo ai iffis poftibui (Qnteta^ . ( ctH ump AB* 
.=^ ic ^CB ^ ^Q X CB ^ AC % QB, 

^ » • 

* Refta AB bi&riam fecetur in F , & defaibatur fcroicirculus A.R 
I B } ddndc erigaoir perpendicuUri» C I , & ducantur fubtentae 1 A , l B . 

DeiMnftntio. 

Angulus AIB in femicirculo infcriptus ( Propof. lo.) cft reaus; 
ideo ( Coroll. i. PropoC l8. Lib. j. ) erit ^ A (J : C I : CB, con- 
ISxjuenter ( Ptopofit. aj. Libri i. ) «rit reaangulum AC X CB = 


}fC*-t» (n%pClA-BC*& fubftituendo pro Cl «quale rcAjin- 

gulum ACX GB, crit AB*= AC*-f AC X Cfl^h ACXCB -^ 

6C . Qiiod erat demonfirandiim«' ; 
Eft Propofitio 4. Libri %. Euclidis . 

Corollariiim • 

Si rcfta A B bifariam fcfta fucrit a punfto C , tunc duo <ptadrata 
parcium xquaUoro A C^ C B erunc aequalia incer ft ^ & duo rcAangu- 
la ei AC in stqualem rc£taai CB ^ erunt fingQh^xqualia quadrato 

- ' ' • unius 


PROPOSITIO VICESIMAQ.UARTA. 

Theorema. 

S*.-^.Mjm»rlmiit^o ( ^BC ) fiadratmm mAtt Tattrit ( ./fC )>5. ']P^' 

< ^BC) a rtltqms tattr&ia tontemtm trit reSut . 

Sttpra hws A B erigMitr perpendiculaiis B £ = B C » & iac». 
»r A E. 

Doioiinratio* . 

In tihngulo reOangnlo ABE ^Coiirfl. i. PropoT. tg. Vb. f.} eft 

j% e' = JT/ «t- Si* J feil efl Fe* = ffc' C conftrnfl. ) , ideoque 
fnbftiCHendo fft' ^ ffl' , eri« aV = «1*+ Fc' . Ai « bypo. 
thefi eft Ac' = AB* ^ B?:*l ergo (Axioin.i.) «it ae* = JTc*» 
flc confrqncnter em AE =; AC. Itaque dtio iriangula ABE, ABC 
habentia latns AB cocamnne , & f conflrnfl. ) latus BE = BC, 8c 
C Demoflftrat. } latus A E = AC , ( Propofit. 9. Libri 1, ) ube- 
fcum aojpiJDm A B E = ABC ; acqni angulus ABE i cenftma. > 
eft re^ , ideo C Aiiom. i. ) etiam angrtlu AB-G crit ceaw» et 
triangulum ABC erit re^tangBlnm . Qood crat ( " * ' 
ea Proi>ofid« 48. Libri i. EucUdis. 


Z > 


xto 

ELEMENTORUM GEOMETRI^ 

LIBER QUINTUS, 

DEFINITIO PRIMA. 

FlpttA tcgdMCt^ feu polygnna tegulatia func^ ^ habenc omncf 
angulos aequalcs» & onania latera «qualta: ut quodlibet trtaim»^ 
lum «quilac^uai> vel quddlibcc quadratum cft figura regularis. 

Corollarium • 

Irgo omnia polygona rcgularia habentia eundcm nsmeruni laccrum 
( Dcifiit. 1« Lib* }• ) cnint fimilia inccr fe, 

Dc€mtio IL 

Fignra reAiltiiea circulo infcripta dicitur» vel circalns figur» ciri» 
cumfcriptus vocatur , quando fingulorum figurae angulocum vertJccs xn 
peripheria circuli repcriuntur» 

'^ Corollarium. 

baqte polygonuDi rcgulare circulo infcriptiim erit j fi divifa inte^* 
gjra pcriphccia in ^tMUtes > feu arcus apqualcs y ducantur chordae eofdem 
arcus fubtcndentes » quat ( fecunda parte Prop» 14. Lib« 4« ) crunt «• 
quales inter fe ; & anguli ab ii^em chordis cohtenti ( fccunda parte 
Propof» II. Lib. 4* ) crunt etiam inccr fc aequales* 

Dcfinitio II L 

FigDva rcAilinca ciraile circumfcripia^ vel ^circulus figurx in&ri* 
ftus» vocatur^ cum firtguk figurx latera circuhun tangunt» 

Definitio IV» 

Centrum pohrgoni regutaris. idcm cft ac centnim ctrculi eidcmpep» 
^^gono circum&ripti ^ vcl inferipti • 

Pcrpcndicttlaris vero ex centra ad l^tus polygoni , feu ad circttli 
chordaa dttOa» appellacttr Otibftiisr vcl ^MUmt rciiMs^ 

rVltnfMrfe IT 

vifr vt . ^P^cies > feu area tcrminata a duabus cifcumferentiis daorum 
Tab.zi. circttlorttm eoncentriconim dicitur .Armilts^ vel Zcms y vel Corons • 

Exceflus vero radii majoris circuli fupra radium minorisj, appcUaCBr 

Ijtti^m coroi$st9 fcu roM. 


t 2 B E R Q.0 I N T U S. x» 

Dcfinitio VI* 

¥tpitz Hifopetifimf^ dkumnr ill« ; qi» habcin pcritiMtroi «qpiafef 
( Oefin, ij. libri 2. ) ^ oim ncmpe fimiiM fatenim uniiis adaniiit& 
fBmottm laccvum alceritts figune. 

. bcfinitio VIL 

jttcut fimiUt circulofnm funt iUi ^ qi4 habent eandetn rationem 
ad intcgras peripherias^ fire in quibus infcribuntur anguli aqualcs» 

DeBnuio VI II. 

Portionesj yfAfigmitas circuli fimilla dfcuntur illa > quorum ar-^ ^ 
cus funt fimiles. fciljcetquz contincntangnlos «quaies. Exempligcat. * 
omnes femicircnin funt (imiles^ qufa omnes angpliinfemictrciriis in« 
fcripd ( PK)pof« 10, Lib. 4. ) fimt re6H y proindeque cquaies i feu 
quia eandem rationem habet quilibet femicirculus od finim inregruiift 
circnlum^ qoam alius femicirculus ad fuum integrum circulum. 

P R O P, O S I T I O P R I M A. 

Theorcma». 

ii 0X eentfot (C) TffcViMm c^enkrieofum { ijfBEFQ , HILMS }fU.iii, 
ducdMitt qmoteumque ridii {C^y CB^ CE, CF, CG) JieMutetwM^ 


uiramque perifberiam, d^ ducmtiur etiam chorda ( JfB^ BE , EP, 
FG, Gjt\ HI, IL, LM,MS, SH) , p^ygws {^BEFG , 
HILMS ).ib fifdm wcdiTinTeriftufiuiBu cmut^ 


Dcmonftratio. 

tho triiangula ACB, BCI cirea angulum caaMMnem tn C h^ 
frent lattra proportiooalia AC : CB : : HC : Cl, quia ( Defin. 15. 
Lib. 2.) /unt AC = CB, & HC = CI ? idcoquc CRropoC 9. Li- 
bri }• ) fimilia eninc j^fa triangula / erit igitur anguias CAB =:: 
CHI^anguIusCBA = CIH, ft AB: HI ; : BC ; Cl, vd : : 
AC ; CH» Siwlit^. in criaogulis BCE^ ICL deoicmftnitur angui- 
fcs CBE = CIL, CEB =: CLl, ar Bfi : II : : wC ? CI , 
vel : : E C : C I ; confequenter ( Axiom> 3. ) crit lotus angulus A B B 
cqoalis angulo HIL^ 8c ( Axiom. m > AB : HI : : &E : IL. Eo» 
dem radocinio dcmonfifator angblwBBF zzlLM, angullis £FG 
= IMS, FGA = MSH &c, & »E : IL 7 : EF : tMi:PG r 
MS : : (?A : S H : : AB : Hl t proindequc ( Dfcfin* i. Lib. 3. ) 
dito palfgona ILMSH > FGABE cruat flmilia . C^od km dc^ 
jMofinHidum'* 


st» EIEM6NT0RUM QEOMBTJII^ 

Cotdhxmm L. 

Si tegiili aa ccntru», fciUce( ACB, BCE , ECF &c. futrint 
oBMici aqualcs iour.fci ottic ara» oppofiri ( prixna panc Prqp. rj. 
Lib. 4* ) erunc aequalcs. ituer fe / & cbordc toUtm arcw fQb|cndcn« 
IC& ( fccunda panc Pt opof. 14. Lib. 4* ) crunc cciara «quales inccr fer 
ideoquc polygona crunc rcgularki mfailh,\8c fimilia* 

CoroIIarittn> It 

Quapropter angtiK ^ ccncra fimiliHm poIjrgononKm rcgttlariuia 
crum «quales inccr ic» 

CoroUarimt UL 

f»g.w. ^^ aitte» ex cemro C ai fingula punfta pcripfccri* AB EFG dvt^ 
nSs^XL caneur itadii C A , CBj, C E &c ^ ipfi cominctHjnc angulos in C 2« 
qualcs imer (ca & indefimoe parvos. Prxtcrea 6 dufias concipiancur 
aedbe lincc connedemc&' cxcrema corucndem radiocum » ip& lincx 
crunc paricer infinitc parvx^ ii sequales inter fe^ & cum pcrlpheri» 
coincidem ^ aiquc coniftifiacnc polTgomm» regiuUrc infiniiorum late^ 
rum • SimiUter fi dudz inceUigantur ttH^ eonjungenees piinfla ^ \n 
quibus praediAi radii fecant pcriphcfiaka* diculi HILMS^ cciamipfiB 
refiae crunc infihice parvaB> Sc «quales^ & cum pcripheria ooincidcnt^ 
ft cx)nfiicttcnc iUtttct polygoMm fcgulaac infioittDfnm kcenuci ^ atqMC 
( Demonftrac. anteced. } rimilc akcri polj^no».. Ergo^ dt^ fim po^ 


PROPOSITIO SKCU.NDA;*, 

liheorcQA^^ l 

-ubiXU fimt itaer fi ^ ^uadrau %adibntm i ^C y 1.1),^ vit ^atbetmmk 
iCX^ tl y ^.'ml dimm&rotifm.. 

' ; . . Dcmo^Elratio .. . 

Itt M^QSPli» llbiceiibtti^ ACB» I.XM aqsiili AC^ IIM ^ Cor 
foU.x.Vtopw amcec«k j| fom «qualcs^ imcr fc it & ( CoroIL a. Pro* 
Fo£ 2% Litxi 2« ) bi&piatti fecaatur a pcrpeodicularibus^ CX j IZ ; 
idcoque triangula ACX,. L^Z ^A^wmik 9^ ) habcm angulum aCX 
= LiZ».ac C AxiQ^.l^. > aogukim AXC = LZl , & (Corot* 
liir. 7« EVop« Z4«. Lib.. a.. ) rcUquura ai^gulimr X AC =: 2SiLl ; crgp^ 
( jProp. s. Lib. 3. ) crit A.C : LI : : AX : LZ : ; CX : IZ^ ScA 
CCoroll 2. Propof. 7% Lib* 2. ; AX ctt dimidium. redsB 4S» ^tL^ 


cft dimidtum reAxLM^ proindeque ( PrcpoC !!• Lib. f • ) crit AC : 
LI : : CXj^ IZ :^ AB : J^M; tvqpt ( Coroll, l.J>rop.l2. Lib,lJ 

,liabebitur AC' :JLl\ : ; CX' : 1^1^^»' • ^^* • AcquifPro. 
pof. i6. Lib. }. ) polygoha fiuiilU ABEpG, LMeRS Iknc iotcr 

fe nt^qndiata, laterum faonsoloBorDin AB^ LM • i4eft licati A&^ 

: LM' ; ergo ( Aziom. i. ) erunt eciam imer Te «cqiiadrata oai it 
torum CX, IZ, vd radiorum AC, LI, five ut quadrau diametro* 
rum, quia ( PropoC ii. Lib. i. } diamecrorum ratio cqualls eft ra- 
cioni radiorum : radii namque funt medietates (ttaoactrorum • Ergo fi« 
miies figune rcgulares &c« 'C^od erat oftdidefidnm* 
Eft Ptopc^o 1« Ubri ti. Eudidit. 

Corollariam L 

Quoniam (hypocbcf. ) «ft AB : LM ? : BE : MK : : EFrKR, 
A (Dcraonftrac.) cft AB : LM : : AC : Ll.^tCX ! IZ; idcola- 
cera fimilfum pofygonorum rcgularium in clrcults infcripconim eninc 
MCer fc in ratione radtiorum^ five diametrorum, vel cathecorum^ 

Corollartnm I L 

Prsterea , tjttia ( bypothieC ) babemut AB : LM c : BE : M K 
: X EF : KR::FG : RS : : GA : SL , ideo colligendorProp. <x« 
Lib. I. )crit AB : LM : : AB «^ BE -f- EF -t« FG -h GA ^ 
LM f^ MK «r KR -t- RS ^ SL. Eft autcm ( Demonftrat. ) AB : 
LM:f: ArC s Ll : vel i : CX x IZ i crfo pefimetri pcrfygonorumfi-» 
milium in ctrauiis in&riptonim <ruiic incer le in ractoiic radionim ^ 
ien diamei r or u m , ?el cathetoram « 

Corollarium III. 

Qpia ornnes radii inter (c, 8c omnia latera regularis polygoni in 
drcula inferipti func ^ae^baJia isCer fe» idco otfam omncs €ttiMEic|u(^ 
dem polygoni atqnalcs enmcincer (c. . i .r : . * 

Corollarium Iv; 

Similicer cimvU cmnc intcr (e in niclone duplicau , five uc qaa« 
drata radk^iiaiy (iptt diadieirorum ^ quif ( (^o}L j. Prq(o^ i. ) func 
poiygQnar.fTguiaria fimilia infinitorum tacerum. ^ 

Eft Prf^fi&ia 2^ iMbci i^ Euclklit ; 

/ (^orollarium V. 

Peripberiai vero eircoionim, qui^ ( Orc4L }• PropoC t. ) lunt pe- 
rimmi polfgonorfmy mgolariiim , lAso ( Coroll. t* ) cMX cctam uw 

ccr fc tit diamctri , fcn radii.' ^ .3... 

Co» 


il4 ELEMENTDaUM GEOMETRIiE. 

CoroUartam VL 

■ « 

Qooniani ( Demonftcattpne ) circuli inter fe ^ ft polygona fioiilu 
ia circulis ihfcriptl etiam inter fe funt ut quadrata radiorum ^ feu 
diamemntiB ; ideo ( Axionu i, ) circnli enmt imer fe ficnci potygfh^ 
m SmUiz tn ipfij inlcripca« ^ 

CoioUartum VIL 

Similes arcos dioilerum ( Defioit* 7. ) funt inter fe ut imffm 
peripheric , & integne peripberic ( ai^teced. Coroll. jr* ) funt imiei & 
ttt radiij fel diametris ergo(Axiom. i.)GmiIes arcus circulorum erttnt 
inter (k in rationc radionimj fai <Uaoaietronim • 

C^roUmum Vllh 

C^uoniam ( anteced. CIorolI.4*) circuli Gitit incer Ce ut quadmca ra« 
diorom , ideo radius diiplur defcribit circulum quadruplum ; ndim 
criplus defcribit circulum^ qut novies continebit circalOm defcripccini 
a fimplici radio &c. 

PBLOFOSITIO TERTIA- 

Tbeorema- ^ .. 

■k 

-,. VI C*^^ (ufEFM) ^ 4d xfindm { ^^I^ELF M) M ^^^f^^mfi^ 
Tib.XI.' 4imi fmadrftum tMdH t AC ) ejs(fdem circuli mA r9&M4dum ( ^h X 
EF } contcuium s lutiiudine ( ^B ) zfiu^, C^ ^ rc/ffmu .pur$c(BF) 
i (wfF ) (jftfiiim circuli. 


Deokonftratio^. 
DiaiRMter A F bilariam divi& eft in C , Ac xMi bilariam fn 6 ; 



ABXBF* 

Eft autcm cirdulus AEPM a4 circulum BLI : : )rt''.'5c* (Prop, 
anteced* ) ? * conveftcndo ( Prop. 8. Ubri i. ) eric cfe^rfi» AEFM 
ad circulum AEFM - — BLI : : A^* : Tc* — Sc^jftd a cif 
culo AEFM dempto circulo BLIj remanet Kona^ nimifiii«P eft- 
AEFM — BLI = AIFMBE, & ( I^temonftr. ) cft ac*— bc» 
= ABXBF; ergo erit circulus ACFM ad zonam AIFMBE : ; 
Ac\-: ABXBFi fcilicet circu|us eric ad zdnam fibi infcriptam , 
ficuci qnadracMft radii ad 4«6tanguliim cooc&ncum a dj»mccri psrci* 
btts • Q^od crac oftcndcndum t ... 

- ' Co- 


I. 


Qi{oqiam ( GoroIL 4« I^- ^- ) aliuk fjoilibec circiitus STU eftad Fis.vfr. 
circulum AEFM : rs* : ac» , &eftdcmonftratlsdlcifCukwA£FM'r**^«'* 
ad zonain AIFMBE : : ac'' : ABXBFi ideo ordinando < Pro* 

Sof. I*. Libri I. ) cric ctrciite STU ad'7.onam AIFMBB :« fS*: 
lBXBF: niminnn quilibcc eircnlus eft ad quamHbec aonam , ucqua» 
dracum ex radio qnlHem circvli ad reAangnlum comprchenfum a la*. 
ticudine zome^ Sc a rcliqua parce diajnccri majoris circuli zonam ' 

condicuentis • 

CorpUarium. IL 

Si cx pun^o B ad diamecmm AF erigacur perpcndicularis BZ|^<f*vi« 
( Coroll. 1. Propof. lo. Libri 4. ) , crit ^**'"* 

ABXBF = «*? fcd ( Coroll, anseced. ) cft circulus STU adl»- 
nam AIFMBE Ccuti us* ad rcilangulum ABXBF, & fufcftituen» 
do b1* pro aquali rciSlanguIo ABXBF, crit 

STU : AIFMBE : : rs* : : ffz* ; circulus vcro STUfCoroll. r. 
Propof. 2. ) cft ad circulum defcriptum a radio BZ^ ficuti rs*' ad 
5z*; ergo ( Axiom. i. ) erit STU : AIFMBE -• : STU adcircu- 
lum deicripcum a radio BZ^ confequencer zona AIFMBE eric as 
qualis circulo deicripco a re£la B Z » qus ( PropoC 20, Libri 4* ) cft 
mcdia proi>oittonalis inter fegmenta^AB» BF diamecd ejufdcm zonaEu 

PROPOSIlflOCi^UARTA. 

Probleou « 

In 4mo circido jjfiodraium infcrthM^ 

Dtametro AB ducatur alia diameter perpeadicularis Elr^JBc dufBsrfg. 
iiiteeafis AE^ fiB^ Bf ^ F A, cric AFBE quxatum quadratum . TvTijL 

Dcmonftratio. 

Quatnor anguli ad cencrum ( Axiom. j6. } fimt squalcs ; idcoT prt* 
ma parte PropoC i}. Lib. 4« ) arcus oppofiti acqualcs erunt^ & ( fe* 
cunda parce Prop. 14. Lib. 4. ) chorda; AF^ FB., BE^ £A eofdenft 
arcus fubcendences crunc eciam xqnales intcr fe» Anguli vcro AFB^ 
FBE> BEAj EAF ( Prop« 10. Lib. 4« ) funt omncs rcdi » quia in 
^emicirculis infcripti; crgo figura AEBF «quilacera^ 8c rcAangula . 
crit quadratum. C^od crat propofitum^ 

£ft Propoiltio 6. Lihri 4^ Euclidis. 


£kmcaU Mathefeof. Jiz Scbo- 


iafcript» crit OhogDnus rquliurit is daco circulo. < 

Siiailiaer fi arcut fiibcenfi a lacaritnu oOogoni bi&rianbdjridaiitur, 

4( diicvicur (iftbtenGe , inrcripu eiic tn circulo fij/ua fiudecim late- 

■■nf atvie ita pracedenda delcribentnr figui» latenim jz , tf^,, &c. 

PROPOSITIO QUINTA. 

Problema. 

Jb> dUM «*rv«Ai HtXi^omm ngiitare i^^inhire^ 

CcntM quov£c perlpherix |Hinao F> & radio FC dari circuli je- 

f 'JJJ' fcribatur alitu circulus, vcl arcus ACE fecatu peripheriam dari cir- 

*cuti in A > & E. Deindc ex punflis A , F, E ductnMr diametri 

AM,FL, EB; polha ducancur rubten& F a; AB, BL,LMjMB> 

EF, & infciipcum ait quxGtum hexagonum ABLtAEF. 

DemonSratio. 

Triangulum CFE conientum a radiia PCj FE, CE circulorum 
xqualium eft cquitaterum, ideo ( Corotl. ]. Prop. 2f. Libri i. ) an- 
gulus ECP erit lertia pacs duorum rcAorum ; ergo ejus meofura , 
icilicet arcus EF, eric certia pars (emicircumfercncix EFAB, quz 
( Corotl. Dcfinic, 7. Lib. 4. ) eft menliira duonim rcAorum. Simili- 
ter in criangulo xcitiilacero AFC angulus ACF eil cercia pars duo- 
nim re^orum , & arcus A F ejus menfura crit alia tercia pars femi- 
periphcriz £ F A B ^ amrequencet retiquus arcus A B crit reliqua cer- 
tia pars fcmicircemfcrcnria, &C anguhjs oppofuus ACB er-ic etiam 
tcreia -pars duorum reftorum. Itaque (. Asiooi. I. ) tres anguti ECF, 
FCA, aCB crum xquales, quibus etiam zquates (iincangutiad ver- 
ticcm oppoliri BCL, LCM, MCE ( Prop. itf. Libri 2. ) . Cura 
igitur fcx anguli ad ccncrum C (inc «quales ; iccirco ( prima parce 
Propof. ij. Lib. 4. ) arcus oppofiti scqualos erunc, & ( feconda parte 
Propof. 14. Lib.4.) fubccnfa aE, BL, fcM, M^E, EF, F Actiam 
icquales erunt intcr fe. Prsterca omnes angult ABL, BLM, LME 
- &c. (■ fecunda pa te Prop. ij. Libri 4. ) func sequalcs inter iV, quia 
inGftunt fupi^a arcus *quales AFEML, MEFAB &C{ quilibccenim 
ex ipfis arcubus continec quatuor fcxcas partes intcgra pcrtpheriz . 
Quapropter hcxagonum ABLMEF critsquiiaccrum, a:xquiangulum, 
fciliccc rcgutarc, & in circulo infcriptum» Quod erac docenduoj, & 


t 

CoroUarimn K 

Itaqbe ( conflruftione ) htos hexagoni in circulo iaferipd eft «- 
cpiale radio ejufiiem drcnli. 

CotoUatstmi II* 

Si Aicantur fubcenfe AE^ AL> LE> triaflgilum infcripton £ A L 
trit flequilaterum ( fecunda parte Prop. Z4, Lib. 4« ) 

doxA fi onines arcus ftibcenfi a kteribiis hexagoni bifariam diiri» 
ilantnr , & ilucaiutnr chordae ^ inCuripcnm ertt cicculo polygpnUm re^ 
^ulare duodecim laterum» 

PROPOSITIO SEXTA. 

Problema^ 

Cifcs danm cttaiim polygfmm cfrcum/irthere dMo pofygom^ 

Produeantttr fingola dati pofygoni faieva vtrius miicam pmii j St ^^^^ ^^ 
omnes anguli externi ACE, CBI 6cc ( CoiofL 19. Prop.A4«LihrU) * xh 
limQl fumptr quatuorn^ia siquales erunt* Poilea i» iM> circulo^i»» Ttb.x& 
catur quilibet radins LH, & ( Propof« za.. Iih.a.)fiataii9ilusHLM. 
srqualis angula excemo A C E . lcem conftituatur angulus M LS =:: 
F AB ( & ica progradiendo 9 fi dau fgiira plures halMerit angulos)^ 
crit reliquus angulus CRI aequalts angulo SLH>.quia omnes anguli^ 
qui fieri poflTunt in C fimut fempti ( -CoroIL }* Prop. zy. Libri !• } 
funt eciain aequfiles quacuor redis. Deinde per pun^ H> S^ M( Pro- 
paC ^. Libri 4» ) ducantnr tangentes RZ, TZ> RT » qu2 ucrinque 
prodaftat concnrrent^ minZ,T>R^ acque erit RTZqusfiufigura» 

Demontetio » 

Iii £gura quadriTatcnr ZHLM qaacuor ejus angutt Interni fimol 
finnpti ? Coron» 4. Prop. 24. Li6« -2« ) adaeqoanc quanior reftas < duo 
autem anguli LMZ^ LHZ ( conftraftkne ) fonc ambo refti $ idco 
veliqui duo HLM, HZM fimul fompti^ duobus reAiscqualeserunt? 
CciUcet (Axiom. x. ) «quaks enint ^feobus angulis ACE> ACB> 
qui etiam fimul fitmpci ( Prop. ij» Libri a« ) duos reAos ada^quant » 
Ab sqoalibus fiimmis auferantur angult ( conftruA, ) sequates ^ HLM> 
ACE, 6e f Axiom. j. ) rclinquecnr at^ohis fiZM, five TZR «- 
qualis angulb ACB. Eodem ratiocifiio demonftmur angulus T c=. 
CABj & angulns R r= aBC, srtqub ita de Feliquis ^» fi data figura 
f krca faahuecit atigulo» . Icaqixe figura R 1 2 eft aequiangula figum 

Aa X AB 
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ABC; cju$ vero latera RZ, RT, TZ ( CoroII. i. Prop.6. Lib,^.) 
circulum tangunt in H, S, & M ; crgo ( Defin. j. ) figura RTZ 
circulo SHM circumrcripta eft, & squiangula figunc datse • Quod 
tnt propofitum . . 
In hac Propofitione concinctnr Propofitio J. libri 4. Eudidis» 

Gorollarium • 

Si datom palygonum fiierit regulare ( Defin. i. ) , tunc etiamom^ 
fics anguli T, R, &c polygoni circulo circumfcripti ( Axiooi. i. } 
. erunt inter fc sequales, & duais reftis LT, LR &c, quia (CoroN 
br* 2. Propof. x8. Lib. 4. ) cft tangens T S = T M , & radius SL 
= LMi & latus LT commune duobus triangulis STL,LTM;ideo 
( Propof. 9. Libri 2. ; crit angulus LTS = LTM, fcilicct angulus 
LTS crit dimidium intcgri anguli STM . Eadcm rationc angulus 
LRS eft dimidium anguli HRS ; conAquenter ( Axiom. ^. > eric 
angulus LTS = LRS: eft aotem ( Axiom. 8, ) angulus LST = 
LSR, ideoquc CCoroII. 7. Prop. 24. Lib.2. ) reliquus angulus TLS 
erit «qaalis reliquo SLR, Latus vcvo LS intercei^m inter angulos 
aequales commune eft dubbus triangutis 8TL, SLR; crgo ( Prop. 4» 
Lib. 2») erit ST = SR . Eodem modo oftenditur TM = MZ • 
Bft tticem TS = TM ( CoroU. 2. PropoC i*. Uhii 4« > ; iccitco 
( Axiom. 8. ) eric TR = TZ. Similitcr dcnaonfiracar TR = RZ ^ 
ic Qc dt caBCoris , fi plura fiierim lacera • Ergo 4i dacum polygonum 
fiicric rcgularc, etiam polygonom circulo circumfcriptumeritregularc* 

PROPOSITIO SBPTIMA. 

Problcma • 
^xt - *» d^<^ insnpdo ( 1<TZ ) citcyim inferiitrc • 

Duo anguli RTZ, TRZ ( Propof. 11. Lib. 2. ) bifarian» divi- 
dantnr per rcAas T L , R L , qi«e alicubi ( CoroIIar. J. Propof. 24* 
Lib. 2. ) fe JLDviccm fccabunc , hc in L , cx qno punAo ad laicra 
(riangiili ( Propo£ 14* Libri 2. ) demittantur perpcndicularcs LS , 
LM^ LB . Tandem centro L, inurvallo LS„ vcl LM Scg. de&ri* 
bauir circolus , qui etit qucfitus • 

Qcmonftratio» 

Etcnim CconflxuAiotie ) eft angulus STL = MTL> & (Aacio 
m.i6.\ angulus TSL = TMX* Prsetcrea ^ Corollar. 7. Propo- 
fit. 24, tibri 2. ) eft anguUis SL T = T L M , latus vero L T itt' 
ccrpofitum intcc ang^Io& aequaJcs cft commune criangulis. L S T 1 
LMT 5 idcoqut ( Propof. 4. libri z. > cric LS = LM .. Similitcr 

dft* 


demoiiftratttr LS =: LH ; ergo cres per(>endiculares LS^ LM^LH 
( Axiom.^ u ) emoc cqiaales inter fe ^ & peripheria circuli de(cri* 
pti ex centro L , & iscervaHo unius LH^^ tranfibic per pun^ H >• 
M> S> & circulus SMH erit daco trianguto llTZ. infcaipcus» quia 
latcra ccianguli ( conftruA. } func perpendicvlaria escremicacibus ra-^ 
diomra^ & ( (xuroU. ^. Propof». 6» Ufari 4« ) circulum.^^ogunt ^ 
Qiiod erac i^^opoficum, 
£ft Propoficio 4« Libri 4« Eu^Udir. 

Scholium. 
Eodem modo in(cribicur circulus in quovis dato polygono regulaii^ 

G>r6narittm L 

Hifie patec catheios ^urarum drcula dnmmfcripcarnro , fciltoer 
perpendiculares LH^ LS^ &c» arquales efie radio circuU in&cipci» 

Corolhirium I K 

PHrcerea endens eft perimetrum cu)ufvis figurac crrculo' circumlcri- 
pcae raaiorem efle perimtcro • , ftu peripbccia circuli infcripti • £x; 
caaC dus reQ» TS^ TM fimnl fumpcit func majores arcu infeerceptQ 
SM : unde fumma lacerum R.T > 11 Z > TZ erit major periphcria 
ci£culi SMH. 

PROPOSITIO OCTAVA. 

Theorema^ 

^ea cttfusliiet t»tygcm ngdsmt tft ^fuaKs ttiMgMlo, agnrhdfisadei^ 
fmet pcrrmetrmm, A- altrtudoJ& ^fualis catheto Cjufdem foly£otu\ 

Ix centro C dati poKgoni ducantur radii CAyCBi, CB, GT, . 
CGj polygonum divifbm erit in totidem triangula, quoc erunt la^ x\u. 
«era polygoni ^ qua? trfcingula erunt omnia a^uaUa inccr ife ( Propo* T«b.xx» 
fic, 9» Lib. 2,} , qtiia concinentur z radiis srquafibusj & atr sequali^ ^ 
f»n» polygoni regularts lateribus \ prohvleque ineegrnm polTgomkh A B 
EP^ toties ccmtinefiit unum ex ipfis criangalisJACK>. <]uot fimt hc^ 
lera polygonr. Producacur AB- verfur H, & fiat AH seqnali» peri- 
metro polygoni ABEFGA'> nimirunr AH tocies contmeac latns 
ttnnm'AB> quot fuht latcra polygoni. Ducatur GH, &cathcCusGR» 

V Demonflratio» 

Triangolum A C H C fecnnda parte Propod Zr Lib. 3;^ ) eft ad trtan^ 
Viliim ACB^ ficuci bafis AH ad bafim AB^ fed ( conftruft. ) bafis , 

AH 
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A H cotidcm vices continet bafim A ^ ^ quoc iiint polj^oni la tsera | 
crgoetiamartangttlum ACH toties cotitinebit triingtthim ACB (Cch 
xolkr. PlropoC 4« tih. t. } , qaot funt latera poly^goni , proiocleque 
< Aziom» xj. ) eric polygonom ABIBFG «qoale oiangula ACH , 
GDJBs bafis A H squalis eft polygoni perimetro , & zlxkudot C R eft 
oathctos cjofika polfgoai . C^uod erat ekoioafirandsm , 

CoroUarinm L 

Ergo cujofvir polygoni regularis area obtiaebitur multii^cando iU 
nidiam perimecrum in catliecuffl, vel integram perimetrun» in Om^ 
dium ouilieti •. 

Cocollarium I L 

Cireulos ( Corollan j. Propof. x. ) cft polygonum regulare infini* 
loixim laterum ^ cujus lawa infiiiicc puwM cum per jpheria coinddum^ 
& catliecij feu perpendiailares dufiar a oentro ad ipfa lacera infinice 
lis^XUk pacva > funr ipfimet radii • Iraque area cujufvis circuli £FB arqualis^ 
"'^^* eft triangulo ABC, cujus bafis BC advqact perimj^trom , feucircum* 
ferentiamejufdem circuli, &altitudo fit radias» vclaequalisradioAB.. 
Ama ymo trianguli ABC ( CorolL 2. Propot ji. LUv x.) eft ac- 
qualis dimidio produao ex akttudioc AB in bafim BC ; bafis vcsa 
BC adasquat periphcriam Ef B, & AB elt radsus. 

Quapiopter area circnli sequalis eric dimidio reOanguIo ez radio 
in periphcriam ; five> quod idem eft, adaequac reaangufaim ex radio 
in naediecatem pcxiphcriaB , vcl xeEtav^vlvm cx dimidio radio in in* 
tcgram pcriphcriam .. Conrequentcr rcaangulum ex radio in periphc^ 
niam eric doplum arc« circuli ; & redkangulum cx diamceo in peri- 
phcriam. cric qttadfoplum are« cjuldcm circuli • 

'' Scholioa L 

8i «awigulb ex dlraicBa peripherb in radium' (quod cx dcmon- 
£fratis circuli aitam adxquax ) iiivcniatur quadratum «qualc ( Corol- 
lar. X Propof. xo* Ub. +• ) , quadxatum illud ( Axiom^ i.^ ) «qualc 
cric circulo dato ; fDcoiodeque invent? cffct circuli quadratora ( nimi- 
rum qyadratnm dato circulo #qualft ) » fi Geometricamc acgulan» ha« 
bcremus iovcniwii longitudincoi» periphcria; , idcft rcQtifts» Imeam aer 
^ialcra pcriphexiiB .. Ratio autcm Cicomeciiiea invcniendi banc Iw 
msm r in qua oorap^randa tancam operam , atquc ftudium pUirimi 
cxcellcntiftimi Gcometras pofuerunt, cciamnum lat^ : undc cft Pro* 
blcma adhuc irrcfolutum circuli quadracuram invenire. 

Mcchanicse autcm invenitur rcft^ RcriphcrisB acqualis ^ fi circulo fi» 
kim circumvolvacur , vcl circdus iple juxta Kgul» , fcu rcfta Uncac 
IBreAiancm rcvoUacor. .. 


/ 


V 


tionis ab Arctumede , auc ab aliis Cbrininus Geomewis ioveam. 

Si eniaiDiameter cujufvis .circuli dividuur ia fcpGea partes cquR- 
lcs, nt Archimcdes demonQraric , cjus peripherla continebit fere vi- 
ginti duas ex ii0em parcibus . ; 

Accutatic»-, & vero proximior c(l regula tndita i Metio , nimi- 
rtun p<^t2 diametro partium iij > longicudo ^riptieria; erit pamunfi 
35;. circiter. Alias alii proximiores ntciones inveiierunt , & conti-. 
iKio inveniri poflRint , fcd numeris multo majoribus contentas , quas 
brevitaiiscaulu omittimusi atque in ptaxi communi pbislaborisfuBC^ 
quam utiiitatis . 

Oata igiuir circuli diamctro A& exemp. caofT. longitudinis unci^ 
rum 28 , ut invcniatur peripheria ^ inCiiuiatur hxc proportio 7 : 21 Fh. 
t : 28 ad quarCom terminum proportionalem , qni invcniacQr per 5|j[v. 
K^EuIam auream proporcionum ( Propoiic J. Libri i. ) , & «ic 
**^ ^^ /ideft l£l = S8 , nttnirwD SS uiwtarum erit, longitudo 
petipbfeEiz ACBM. 

S) ancem &t proportio 113 : 35; : : 2$ ; UZ-^Li- , inronietur 

exaflior longitudo periphcrii unciarum HV , ideft" unciarum «7 
4f -f ; fcd cum fraftioni iH deficiant tantum ttt partcs , tit fiac 
■^TT , idcft I ; ideoquc in praxi fuaii[ur pcripheriz longitudo uncia- 
nun 88 , ut in antecedcnti cxemplo . Si autcm dau fuerit pcrihecia 
uiKHarum Si ^ Bc quzraiur diamctcr , lunc inflicuacur r^ula uium 

ai : 7 : : 88 ! " . , & invenietur diameter unciarum ^^r^' 

ideft unciarum z8. * ** 

■Vei fiac 3SJ : 113 : : 88 : illJ^IF^ Invenjetiw exaaior diame- 
cer unciarum ^H, nimirum unciarom , 28 t^t , qoc fiaflio ifT 
in prazi ordinaria pM. nihito habetur , Cxcedit enim oAogefi- 
masn oflavam partem unius uncix , fed minor eft oAogefima nona 
parte unius uncix , quod pro nihllo reputatur . Itaquc niechanice 
inventis , ut lupra , pertphcria Sc diamctro cujufvis circuli , pcr 
et , qusc ante demonflravimus , ohtincri poteft fupcrScies circuli mul- 
tipUcando quartam diainetri partem , feu medietacem radii 10 peri- 
pncriam, vd medietatem peripheris tn radium, vel quartamperiph»- 
riz partem in diametrum &c , femper cnim hibebitur idem produ- 
Aom. Sic in antecedcnti cxemplo arca circuli ACBM crrt ■*-J- XS8 
= 7 X Hi zz. 616 i vel crit V X 28 = 21 X 28 = 616 ; vel 
crit V X 14 = 44 X 14 = 616 «ociis quadratij. 

■ '-' PRO- 
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PROPOSITIONONA. 

Theoremi. 

Ctkidiif tH <p*ii*w ^gmit re^Mihis J^ b^tptrimetrii nu^ ; Jn>e 
tfi omnkm j^wmmm M* hifoptTitHttrseO»- e^fmci^im*. 

Demonftratib. 

Kf.xv. '^g"'» drralo drcumrcripta non poteft efle circulo Wfoperimcw, 
TaihXl, quia perimctros figura circumtript» ( Corii]l, i. PropoC 3. ) oiijtn 
eft peripberiaciraili; idcoque figura ABCDE hifoperimctra diCiilo 
FiGKM erit minor figura eidcm circulo circmnfcripta . Scd figotx 
circulo circumicripcE cathetus eft ipfemct raJius cirOiH CCoroIhr. r. 
Propof.7.); proindcqac cathetut Sl &gvtx circirfo hifoperimeirat erit 
* iiiinor radio SL . At circnli arca C Cor. 2, Prop. amcc. ) obtinetur 
muIliplic^Lndo rajium S L in medietaicm pcriphcriz FLGKM , Sc 
' polygoni rcgularis area ('Corollar. i. PropoC. anceccd. ) inrcRttnr 
jnuldplicando c&tttctiuB Sl inmedietatemperunetri ABCDE;. e& aB- 
tera ( Demonftratione ) raditu S L fcrapcr major cathao S 1_; dimt- 
dia Vero pcripheria eft «qualis medictati pcrimetri polysoni , qaia 
( H>V>oti:>cfi ) funt figurt hifopcfipetne ; orgo redangriut» ce dloii- 
dia pcriphcria in radium majus crit rcflangulo ex diinidia perioactro 
in cathetum ; hoc cft , circulus majoi eJit folygono Gbi hifopcrirac- 
iro. <iirod cm dcmonflrandum. 


£l£- 
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LIBER SEXTUS. 

De Solidarm PoBrma. 
DBFINITIO PRIMA. 

L 
I 

didtm 9 five cofpuT » fcu figura JolidM eft quanticas ilb » ^ 

qu« crinam extenfioncm habec ^ lonsitudinem nempe ^ la- 
Utudinem^ & alcicMdinem^ fire profundicaccm; atque e|us 
termini font plures fupcrficics plan»^ vcl unica fiipcificics 
curva, five partim a planis fupcrficid)us , partim a curviSy^. 
terminatnr . Sic Solidi , feu Corporis A L longitudo cft' A B 3 vel xn. 
BM, vcl FC: latitudo BC, vcl AF : & altitudo , fcu profiinditaa T«WB- 
eft AE, fcu BM j Tcl CL , &c; atque continctur a fcx fupcrficie« 
bus planis , nimirum a (tx panlielogrammiS' ABME > BMLC^ 
EMLi> AEIF, ABCP, IFCL. 



|3efimtio I L 

ReOa liaea AC dioinir reSa fmpfifcndieuUrtf ^dplanum STMX , ^l^^ 
dum rcAos tc xquales angulos efficit cum fingulis rcdis lincis C B , xu. 
CE. Cf^ CL in eodem plano ^uOis, qn« illam Gontingunt ia 
punAe C . 

Dcfinitio 1 I L 

Si reOa linia AB oblique incidat fijpra planuQi ST> &: ex ptniao ^^ 
fiiblimi A duOa fit AC perpcndicularis ad planum ST, & a punOo xib 
C adpunflum B ducator in plano rcAa BC , anguhia ABC appeil** 
bicur indmatio linca AB ad pun£him, fivc ad planum ST« 

Definitio I V. 

Planum BERC dicittir pctfgndiadmfe ^ vel tcSMm ad planvm AM|*^u^* 
GL, fi quaelibct rcAa EI in |Hano BR pcrpcndiculariter dudta fupra xu. 
rcAam BC, ( quc eft commumf fc^ planorum^ fueric euampeipcii- 
dicularis ad planum fubjcfhim AMQL. 

\, 
Dcfinitio V» 

Si in utroque plano AMGL, BKRC ex punfto I a^ commu- |jj|;^*^' 
ncm fc^lioncm B C erigantur pcrpcndicukrcs £ 1 , S I , & cfiEiciant xiL 
angulum £IS obliquum , tunc planum BKRC erit ciliftwn fcu in- 
Ekmenta Mmb^t. Bb cli^ 


tUndtum plano AG. Alterius vero plani ad alccrum incUnadocftatt- 
4gjim acucus E jl S ab ip0s perpendicuiaribusN cooceQtus* 


I > 


Dcfinitio 


P/4M pttftm* dicuntur , qn» in omnem partcm prodaaa nwn- 
quam intcr fe cony^nlnnt , fcd «qaalibus intcrvalUs ubique intcr 

fe difiant* 

Definitio VII. 

U|?< V. • ^f^fma eft figuri foliaa contcna a duobus op^fitis planis , fcu 

XI t polfgonis ABC, EFL patallelis, iqualibus , atque fimilibus , & a 

totidem paTaUclogramraisABFE, AELC, BCLF,,quot fuut Utc- 

ra oppofitorum planorum. ^ % 

Dlcicur ptifm» triangtilare » <m^° oppofita plana funt duo trun,- 
cnla, ut prifina AbCLFE. >r , - 

; Appcllatur prUm* ^mdtangtiiare, xpiando plana opp<«u fiint figu- 

Vocatur fryma pttaagomm, quarido pUn» oppofita fimt duoacqua- 
lia penugona fimilia} & iic de cstcris. 

Definitio V I 1 1. 

rit, Varallclepipetium eO. prifma, cujus duo oppofita plana ruflt paralle- 
T^'xi logramma; undccomrnetur a fcx parallclpgrammis , quorum bina op- 
^•^•"^pbCu fi,nt parallcTa , «qualia , & ««'1"= ^"g? «« ff'»*"™ ^, ^. 
termiBaturo a fex parallclogrammis AE^C ,ACiF,ADV-f,lc 

' \ M L, BMLC, IFCC. 


Definicio I X* 


^'j;^^ Ctihif eft parallelepipecUim contentum a fac quaarati& «quarAus : 
xii; ut figura folida A M , cujus longitudo A L «qualis cft latitudini 

\ LE , aqualis altitudini LC , & continctur a fex quadratis A C , 

^ AF, AE, MB, ML, MI. . . / 


Definltio X. 


/jtnguluT tatfduf diditur > <Jui a pluribiis quam^uaSus r^fti*» liiicis 

ad idcm punftum concurrentibus, & non in codem plano jacentibus 

conftituitur^ Cvc cftpjuritim planorum ad idem punftum concurfus: 

-ibilicet angulus folfdus eft ,^i a phiribus quam duobusangulisplanis 

-. - pon in codcm plano cxiftencibus , fcd ad.invm punfl.um confticucis 

TaV efBcMtur . Sfc in cubo A M angulus conftitucus in C a tribus angulis 

XII. planis BCL,BCM, LCM, idcft conftiiutus a tribus~i:eais CB , 

CLj CM non cxiftentibus in eodcm plano, eft angulbs folidus, 

Defi- 


/ 




/ 


\ - • ■ . 

Definitto X K 

I 

Si parallclogrammum AfiCL i» rcv6lvt intelligatur circa latiis rt>* 
nmim AL fixncn & immobile ,. ^nec revcrtacur ad eandcm Vofi^i<>*lTtb^ 
nem ^ ex qua difcefrcrat^ falidum^C ab ipfa parallelogramma dc-^ xik 
fcriptum appellatur Cylindfvs^ . . ^ 

Circuli aeqttales MFCI>ERBS>in revolutione parallelogrammi 
ab oppofitis aBqnalibns lateribus LC». AB > d!efi:ripti> dictimiur Vttma 
9^^s, vel Bafes cylindri ^ Superficies >cQrva defcripta a latere CB 
in revolutione > vocatur ^upetfieier cyltndfha^ Latus verc^ fixum LA 
fungens centra oppofitornm circulorum dicicur ^xir-cyitndti . Qtian- ^i^^ 
Ao ajds AL eft perpendioalarts ad b^fim ERB.S> tiinc cyifrndmr vo^ virl. 
cacur reSnj^ Si axis oblique iofiftit fupra bafim^ dicitiii: ^^dindmtin^ ^\^ 
ctinatnr, yA Mifnnf, ut FG» Cum vero cyUndaus five rcd«B>fivQ ViV 
ebliqans, fiye eciam incnrvatus cavos cft> fcu pcfferaiM^ tuacappelAuc^^A» 
lacur Sipbo, vcl T»*#/> ut AlJ> vcl CEP. xTtSv 

Dcfinitia XII. 

Tytamis efl folidum contentum a b^fi |)ol)rgona > :& » toddena 
criangulis ad unicum pun^m bafi oppoGtum convcntemibiis > ^uot 
funt latera ejufdcm bafis. Pundlum vera illud> in quo triaagula cod^ 
Temunt> dicitur Veritx^ vcf ^pex pyramidj^» 

Si bafi» fiierit triangiilum C fiCO) > pframi& vocctttr ifilaUfa > Mt 'Vxi. 
pjrramis ABCD. xiit 

Si bafis fuerit quadrilaterum CCFGI)> pjnramis voccturv^Mi/f»/^ Fxg.xii. 
tera > ue fiCFQI .. Si bafis faecit pcntagonam. j, penUigcnd dicetur '^^ 
pyramis . ^ ... 

Defimtia< X t I L 

Si trianguTnni re^angplum A L B > cujus anjgurus rc^u^ eff in L ^ pfr» 
sta revolvatur circa latus A L fixum > & tmmobile > doncc ad ean* ^jj^ 
dem pe£kionem> ex qua difcefilerat » revertatur> defcribet figuramfiKxm 
Ikfaun ACFB E> qaa» vocatnr Cennj^ Qrcuhis CFBE a cathecomo* 
bili LB de(criptus> dicitur b^r com^ Superficies ciirvft in revoibcio* 
ne crianguli defcrtpta a latere A B > appetlatur fitperficiee ccmcn » IVif»» 
SosxQk fiibtipae A > cemr^ weUx > aot apex dicitvt * LatiisimmobUe A L » 
ideft tdStk dnAa a v)qrtice A ad cemnim L faafil > vocaiur 40cis co» 
ni . Quslibet rcAa AB> vel AC> vcl A B ^ &c» a vcttice coni «4 
peripheriam bafis BS CF dQA«> appcllatur Utmsconi^ i^ 

Pmcrca defcriptus bonns dicitur teSnr , quia axis L eu perpcndi** 
cularia bafi > uc ex tpfii deicripsione conffat • Atque cum axis L A 
cfi «qBaUs,radio LB bafis> conss rnOtis dicitnr reSangntnr , vcl <^* 
ibfBtganius « Si axts L A o» jbr <ft raifio hl^^ %m£ CQQoa vt$f» ^M- 

Bh ^ tur 


^^ 


xiit HKnt acunts, vei ootuiusj ii nempe mu ajl non taern perpenaiciH 
Ivii bafij ttinc conus dicatnr «j//fiwv, ut AFCBM< 

Definido X I V. 

iplktrs , Tcl Gleiiu eft fbliAim corput unica (tiperficie cnm oon^ 
tennim, cujw omnia fuperficiei punfta a»|ualiter diflant a ponClome- 
dio, quod ff^m cetttnm drcitur. 
^l^^' Generari autem concipitur fphsera ASBEC ex rcTolutioneicmieir- 
XII. mli ASB rirca dianaetrum fiium, & immobilem AL» donec reper- 
tacnr ad poGtionem, ex qua dilcelTcrat . Superficies curva in rerolu- 
rione deftrripra a fcaiperip^eria AS B, «pp«}latur fypfrfidet /pinnkM. 
Centnm C fonicumn ASR dicitar mtfmm fpbttra . Omnesre^^aad 
liiperficiem l^lwricam duAai funt aquales intcr fe, &dicuntur radii , 
Tel ftmidismetri fphmrm . 

Diameter A B j ctica quam revolri tntelligttuc femicirculus , rcl 
^hxra , appellatur ^/txrr fpb^erm ^ & qut exiremi punfla A, &B vo^ 
cantor Toii cjufclam fphxne. Quxlibet atia refia utrinque a fupetGcte 
Ijplicrica termioaa , & per centrum fphcra: tFanficns> dicitur Dm»a 
Mr iptKtrtr. ^ 

Circuliu, cojus pertpheria eft in fupetficie fphsrica , St caju cen- 
MKB idim eft ac centnim fpbaw» , appeUatur Ciradut T^Uximut Cphx- 
n: ut A E fi S ; atque biiariam diyidit fphxram i fcilicet in doa 
OemifpbKrim . 

Itaquc Hemifphxriwn eft iblidum terminatum a circulo otaxloia 
^bxTie, & dinudia fiiperficie fphxrica . 

Definitio X V. 
f^ytitfu» dicitor foltdum quodcumque » pluribt» figtuis plants re" 
Atttnei« cerffiimtum. 

Definirio XVI. 

f»l_ytdrtmf vdjiliditm ngtdxff dictmr ^ cum ^ana, t qail»u-con> 
rinetur, funt polygona regulari& zqiialia , 8c fimilia , dc omocs ejua 
anguli folidi funt «quales inter fe. 

([^inque untum numerantur folida regularia; tmummTetrtednm, 
fa pyramii regularis contenu a quatuor ulangnlis regularibns, idcft 
•quilacfru-, & Kqualibiit. 

OAmtj Ca»HtxMedrmm coatentim) a (ex quadratis sequalibus. 

(X?iiA^nHf»contentiim ab ofto trianzuUs aqnilateris , & aqualibus ; 

Dodttmedrmm a duodecitn penugonis regularibus', & xqualibui. 
, Hicti /Mdr mmconKnaim a viginti trianguUs Bqnilatetta, Sc ax}ualilNi& 

Cifu#riiniiti pol vcdsa inesnlacLt diciqi o if . 


LIBER SE XTU$* x»? 

Definitio X V 1 1 

SMds J!milis dicuntur illa ^ qi» z phmis fimilibtts fimiUcer pofickj 
8c nufficro stqualibtts continentur. 

Dcfinitio XVIIL 

VriJmsiM fimilU fiint^ quorum fimiles. ba&s fiint inter fk ut qua« 
drata altitudinum. 

' Idem intclligattti' de fimilibus pframidtbus^ de cylindri& fimiHbus^ 
& de fimilibus conis« 

Definitio XIX. 

Quonlam circuli cylindrorum ^ & conoruni bafes fiint inter fe ( Go» 
roll. 4* Propof. 2. Libri y. ) ut quadrata radiorumj vel diametrormnj 
ideo cyltndri fimiUs , ^ fitmhs ccm fiint^ quoruin quadrata radiortini^ 
vel diafnetrorom ftafium funt inter fe ut quadrata altitudimitn'* 

Cum vero radices quadratorum proportionalium ( CorolL Prop. 2ibu 
Libri I.) fint etiam proportionales ^ iccirco cylindri, vel coni eruiit 
fimileSj fi radti^ vet diametri bafium fuerint inter fe in ratione a^» 
titudinum.. Pneterea^ ut cylindri ^ vcl coni fint fimiles, neccfife eft 
ut fpforum axes eandcm hiabeant inclinacionem ad bafes.. 

Definitio XX. 

Arcitudb cujufvis prifmatis ^ vef cylindri ^ eff re^ finea a ^fano 
fuperiore ad planum bafis- perpendiculariter du£la . Itaque in cjliTkdfQ 
rt&Lo axis eff altitudo ejufdem cylindri • Altitudo vero cujufvis py* 
ramidisj aut coni^ eft perpendicularis ad oafim du&b Confequenter 
ii> cono redo azis eft altitudo ejufdiem coni •. 

Defihitio XTCL 

Se£Eio cujfufvis corporis^ five (blidi, eft figura plaiu> quae defcri* pij^,. . 
bitur in felido» cum folidum ipfum a tranfverfo plano fecatur . Ut xvi;. 
fi cylindrus AB fecetur a plano EGparallelobafi AC, circuIusEG^ xlL 
qtii in ea fedione dcfcribitur in cylindro^ vocatui; fcAio cylindri • 
Pra?terea oppofi^ta p!ana ^ feu bifes cylindri ^ vel prifmatis > etiam-di- 
cuacur feAiones oppofitas cylindri ^ vel priimacis*. 

Deiinitio XXII. 

C]rlindnis fphaera; circumfcriptns dicitut iltej cu)bs nis Menr eft 
cum fphzrae axcj & cujus diameter bafis adaequat diametrum , feu 
axem fphcrx. 

Cylindras vero hemi^hzrio drcumfisiptas ille eftj quibafim com» 
munem haber cnm hemifphzrio ^ & cujus alcitudo adxquat radium 
4>her«a feu altstudiacm hemifphaBrii» 

PRO- 


Omiic triangwhm tottm sMtt i» eeJem pTanom. 

* Demonflratio. 

Ptimo omnTt. rcAa linea. lii eoJem plano poHta elt , (cillcet fier* 
nequit; uc ejufdem re£t« linea! [Kirs Una jaccac in nno plano , 6f pars 
alccra Gx. in alio plano clevato , ut evidens' cft ex Defimtionibuspla-^ 
ni» & Unce refl* f Defin. y. & tf. Ltb.i. ). 

Sccundo> omne triangulutn. coium jaccc in codem plano t triangu- 
lum enim ( Oc&iic. iS. Ub.2. } cA figurar pfana ; ideoque rcpugnac 
( DcGn., 6k Lifwi 2. > unam e/u£Heia triar>guli parrctn in' uno pUno 
JRcere> & itierani in alio plano poGtain .efTe . 
Tertioj. fi dux^ rcfbe fe muiuo ficcnt, jn codem plano jaccbunt ^ 
''fc, Cve pei duas. rcflas. fe rautuo fecantcs. AB , AC, fcmper cxtcndi po— 
TA< teil aliqiiod plannm. Nam fi eatumdem lincarum duo qualibcc pun- 
HL fla B, & C jungantur refta BC,. babebitur triangulum ABC, quod 
totum ( fecunda parte ) in eodcm plano ABC rc^erietur;. crgpetianh 
cjus latcra AB> AC^ in eodem plano jaccbunc 
(.^rto^ Gmilicer quzlibct alia figura plana fenipec cota ia eodenk 
"^ «lano jacet . Quod ecat oflendendum 

Sunt. Pr(^fitionc5; Prima, & Secund& Lib. 11, Euclidis» 


\ 


PROPOSITIO SECUNDA. 
Xheorema.. 


xvilb. Giammnsrfellio.{S^) duarw» planorum (FG^SM}e^liae4treSd^ 
Demonftratia .. 

Etenim G commums. (cAio B A non efTet Iinea: refta > tuoc quia 
ptmfU B j & A fune utriquc- plano communia ,. in plano RM. C Po- 
ftul. 1 ) duci poflct rcfla AIB» flc in alio plano FG duceictur alia 
xc^ta AEB-' quod rcpngnat ( Driinit. j. Lib.. J. & Coroll. > ;: crgo. 
comiounis fe^o A fi eft. linea re^a . Qiiod erat demonArandum . 

E& Ptopolitio i. Ubri ii^ EucUdij.^ 


PRO- 


yllBBR SEXTUS. m 

PROPOSltlO TERTIA; 

• ■ • » 

Sl nSs iims {JtC ) pftpenHculs^s fuerit jd iuMf nUsi (fiE^ LF j fIk. 
Je mmmofecdfaer ( in c)^ ipfsL teSa ( ^C) erit etiam fcrpendicif^ ^l^ 
darif 4ui planum {ST ) ^ in guo igf^ reSa jaantm ^i^ 

Oemonflraua« 

Katn £u£ta ad punniua rublime A reAa L.A j fi concipiacur man* 
^ulum reAangulum ACL revolvi circa cathetum fixutn AC j donec 
redeat ad pofitioncm, ex qua moveri coeperatj alcer cathetusCLde* 
f cribet planum circulum L M E F B , ad quem perp^dicularis erit re» 
£la CA> <iuia in omni poficione linea AC femper eft perpendicula* 
ris rc6ix CL, fctlicet omnibus radiis circuli; fed in eodem planoa 
x«dia CL defcripto etiam reperiuntur reiftat LF, BE^ quia (hypoth.) 
reda AC eft ad eas perpendicularis: Tcftae vero LF, BE^hypoth^) 
func in plano ST; ergo re£la AC ( Demonftrat. J perpendicularis ad 
planum circuli ^ etiam perpendicularis erit ad planum SX, inquorc* 
peritur circulus* Quod erat demonftrandum. 

£ft Propoficio 4« I-»bri n. Euclidis* 

Corollarlum L 

Hinc fi re£ta AC perpendicularis ftieric tribus re£Us BE > LF , 
CM^ fe mucuo fecantibus in C^ illas tres refhe in eodem plano po« 
ficx erunc* 

£ft Propoficio T. Libri ii. Euclidis « 

Corollarium I L 

Prascerea evidens eft nnicam perpendicularem <C A ad plaiftm S T 
ex pundo C erigi pofte. . . 

PROPOSITIO (^UARTA^ 

Theorema • 

Linc^ rcSa ( ^B^ CL ) ad idem planum ( EF ) perpendicHlaref , rtt.XX. 

erunt inter fe paralleU • , JaU 

Demonftratio • 

Ducatur in plano refta BC; ad quam ( Dcfinit. x ) perpeniicwla- 
rcs erttiic amb« reft« AB, LC^atqiie concipiatur rc^* Afi perpeif 

diciH 


»0« ELBMENTORUM G€OMBTRI£ 

diculariter ad planum E F moveri , & fluere fiipra re^laai B C j donee 
perveniat ad punAum C» ubi coiiici<lec cum refta OL^ alicer enim 
alteruua ipCirum non e0et perpendicularis ad planum ( CoroU. a. 
Prop. anteced. ) , atque mocu fiio defcribet planum ABCL ^ in qoo 
( conftrudl. ) jacent re^ AB^ QL, quas fecat ceAa BC^ & efficit 
ansolos intemos ABC, LCB^ rc&os, ^ aequalesi ergo C^ropof.iS.' 
Lib. %.} reO» AB^ CL ernnt paralleUe. Qiiod erat oftendenduni. 
£ft Prcpoiitio 6. Libri ii. Euclidifi. 

Corollarium I. 

Ergo rc£he paralielx A B ^ C L ^ & re£la B C in eas incidens ^ xji 
eodem plano )acebunC. " 

Eft PropoGtio 7. Libri zi. Euclidit^ 

CoroIIarium IL 

Quod fi du« reft» AB^ CL fucriot parallete , ic ipfarum tma AB 
fuerit pcrpendicularis ad planum EF, etiam altcra CL erit perpen* 
dicularis ad idem planum , quia ( Coroll. 2. Prop. antcccd. ) ex eo- 
dem pnnflo C unica erigl poteft perpendicularis ad planum EF , qua: 
( antcccd. Dcmonftratione ) parallela erit perpendiculariAB. Cumaa* 
tem ( hypoth. ) CL fit parallela rcajc AB, erit ctiam pcrpendicula- 
ris ad planum EF-. alitcr enim ex codcm punfto C eidera reftaeAB 
du2 parallclae ducercncur; quod itpugnat ( Defiiu n. Lib. a« ) 

£ft Propoficio .8. Libri i u Euclidis . 

PROPOSITIO QUINTA. 

Thcorcma . 

rt^ ti eiim tella lima (IM) paralleU fuerint ali^ dua rsa^ ( .^B , 
xxr. CL )^fed non in todem plan^ cum illa exijkmef, ipfa qnoqnesnUr 
XIL J^ paralkh eranf • 

In plano A M , In quo func du« parallcl» A B , E M j ducatur E A 
perpendicularis reaae EM. StmiHter in plano CM, in quo fiincdux 
parallelz E M , C L , ducatur rofta E C perpendicularis eidcm E M j 
jungacurque refta AC. 

Dcmonftracio • 

Rcaa "EM ( conftrua.^ cft.perpcndicularis duabus rcflis A E,EC 
fc mutuo fccantibus in E, iccirco ( Propof. j. ) crit perpcndicularis 
plano AEC, in quo jacent ipfie rcRx; confcqi^nccr um rcAa AB^ 
quam refta CL^quse ( hypotb. } func paralkla: eidcm rc&z EM 

CCo- 


I 


r^CcrolI. 2. Prop. tnteced. ) eruiic etiam perpendiculares ad idem pla« 
iliuD AEC; atqoe ( Ptop. ailceced. > ertinc parallcbr incer fe. 
£ft Vtopc&no 9. UM l>» fu^Ii^is». 




' fiifld AHliiPappirfei opaiiMhem ftMoiWiii M1B ^kMMiti pkMrite 
ABM ff, ^UiVO, qu« per lin^is fftHtle^s^AB^ ilC cmndoiieiir, 
partildam eflfe vtri<]ae plrtllelanuii H^> LG. 

J> R O P O S I T 1^0 Sifi X T A. 


• t 


» V .' ' t *r!i.«ifc..i-. ^ , f . r» • -^ n 


/ / s . ^.The«nlal.c 4.- ^I /. .1 '1 




tltfimm fi^^mct (AB, CL) ermn etu$m pafdUlela^ ^Xm 

- * " * *« DcmoAftraiio • 

Seftiones AB« CL func UlHl ASm ^tfropoC a.}> 3t rqperiaiiciir 
i0 eodem pkno ABCL, idcoque fi parallelaB non eilenc j produAs 
Midan hat fo ooQffeMKMclh ^u/^ fk^& n#n : fMiflv *># ^^ V* 
p#Gia pknar«E» G Uj i^, qpiiiu^ J^ JEuSipnes. A{(». VL foaCinei^ 
ciir > incer fe coarwiiana^: qaod . {nvg^ac ( pcfio. ^; > « qum eadem 
plaM fiflt av hyiwcbefi paniUela, )|rgo fe^Qoci A^Ba CL eruqr pa^ 
rtilek. Qiiod trac oftendend^im . , 

£ft Pn^zafitio x^. Lib. II. £ucUdia« 

i: . . RllQPpSixiO. .«EP.JIMA. 


r . 


fuefin$tfait{CL^CG)fiiimuimfit0mHbufimp^ (OH);tX. 
plMa C£f , GH) ima pmiUr iw^f/e pmdUlm^ ^"'^ 




Eceoim. itBtk AB^ Cfl ex faypothiell pirallelje^ in .eodeai pUno 
ABCL r^tt|^untii|^ ; Ueda <>ea« ^parallelaE BB^ CK2 funt in eodcmr 
pl.ano fiBCu; prc^ndeq^b ^lana ET»tjH ncque produda jiixta di- 
roaioiies liiieamn ABj CLj neque lccundum ^ire^ones lineanim ^ 
£B> GC conven|re DofTantVquta fi concurrerent^ etiam linese pa-' 
rallelir ^5a ^'A* vcl BE, CG convenircVju quod rcpugnat ( Dcl!-\ 
n^ iJL LiL^.1 ; crgo njsccffc eft ui. planf EFj OH^ fint paialk* ^ 
k C Dcfin.o,). O}od erat oftoiqendum, ' ' 

Efi PropoficioTjf. librr «• Bididi$% ' ' '' 

9UltHni0 M^nk^ ^ Cc Co^ 



■K 


S tAceni itd« BC pecjpmiiaMs §mk adlttiainqfie ieft«n BA; 
BH fe OMKBO iSDcaiM iii ^ii4ri(-|N|iCpdio«laiiip]uio fiF(Prop«}<Os 
omKiue fit CL {HMllda nBta BA, & CG pttttteU nte BB » ce* 

a» BC cric 9im mffiiimkdv MmC^» MK ?Ro^ i^ ^^*^}* 

ffonftgwwryr ( I?kapoC 3.^ «ieai f«p«i4ictihri< erk'«Apbiwm.GH' 
Qpapcopcer pltna, ad ^ ea4ep «00» Itas» €a{«e«ndicaV>n>^ iuw 
inter £e parallela, & e oonfctib. 
Eft Ptopofidg 14. JUIti IZ4 BBcti4i«4 (. 

PROPOSIfEJbO lOCTATA. 

Qjfidlihi pfifims fdyi<mmm Mviihuf intmidim ftiCmMM trlm^gml^M 
0pn M0, ftm /i^U U$trtk hlk r dmtth dm tt m . ^ 

' Sk prifiaa pentagonttti A M; & ab «•lilibaaaiinUaGBC, S A« ' 
Kf- «• oppoGcartim IftfiiKn •qaaliwB ( Oein. «.^'«'«t^ ^HiiM' ducaKor 
Xiii. ad oppofliot an^utos reaai Hnefe BM, BL , A I , A«,4Mife» oppofi^. i 
tcy foB finnla pea&gona GBCLMi AFBIS diVtfi emntiil wia' 
criangula , qnonim 4ao GBM, IS A fiint aqaalia , tc finiGa, qnia 
f Definit. 6. ) habent Utera GB 2= $A« GM aSI , Sf.angulum 
BGM = ASI j ideocpie ( Propof. 6. Lib. i>^ erit BM = AI, an- 
gnluc GMB os^^AlS; und^ab cqualtbuc angulia G-ML, EIS aa- 
ferendo aqualet an^Ioa GMB, AIS, (Axioa. }. ) relinquetur an* 
gulus BML = EIA; (ed ( Demonftnat. } eft BM = AI, &(hy. 
pod). > ML =: lE, icdrco ( PropoC tf. Lib. V, Ot Defin. l. hujus 
tibri ) triangHlom -B M L erit «qttkle /iBt fimile' tr iangulo lAE. Ea- 
. dcm ratione ■quaUa, 8e finilia erunt triangufa BCL. AEF; atque 
ita de reliqutfl« fi p4uta eflbnc-. Pnnnea, quia diwe redao AB , IM 
funt ( hypoth. ) parallete, dc aequales eidem rea« SG> ideo(Prop.5. 
& Axiom. I. ) paraileljB, 8c Miirftes «»Hnt) confequenter ( Prop. 39. 
Lib. z. ) arquales reAs.BL, AE.enint parallela; . aluqae plana AB 
alt ABLEftiiR. pi^allelograRihla i atqiie 'fecattf Weginn' priCna 


atocidetn parallelogramtnis ^ quoc func iatera.I^aful^fioJ'^ .tnododc* 
monftVacur prifma bexagpnum diHdi in .qnacuor prifiiHifai trMngylarria; 
prifcna hepcagonunr in quiaque; pciftnk o^tangula^ e 'i^ 'telt ' l^idiUM 
triangularia ^ & iu deincq>s. Chiod ^c'^Acpdcnduaii * V'^ ' .^, 



C(xoUiMata« 


Itacjbe fi Jno plana panlleb Aecwar ab alio pkao, planoram fi^ 
Aiones cnmt paraltelc: nc fediones BM. AI fiAc a planoAlMB 
lecame ^oo plana qmodb; & paralkte BCLMG » AFEIS jTIk» 
monfitat.) funt paraflelft. 

Cft ftopofido iV. dAiI tu BaOiik» 


PROPOSITIO NONA 

Theorema » 
Ftima' ^ 
jttmlis, dr ^fff^i 

DemonfirMlo » 


imm.'JS mitkfliht ftifms irnmgmlsre i^M) tecetm a fimio itm^oetfy ]^m 
(BCL) i^fiiAVi.^MQViM^pmaUlo.fiaii^ (BCL) criiJSu. 
fmfi/if, 6t Mualij AfA*.. 


Planft panllek BCL» APB fecantur a plano AR> ictea (Prop.5; 
ft Corbll. Frop.. ahteoKL > feaiones BC, AF enim paraUel8 » £af 
dem ratione CL eft parallela tt£Xx FE^& BL paraliela re£l» AB. 
Sed C hfpotbef» ) AB eft piirallela redie FC,^ FC pftrallcla reteEL^ 
& E L paxaUda redbe AB ; ideoqiie ( P^^op. 2S. Uh.^.) erit BC =: 
AP^.CLS FB^ & BL=: AE; proindeqor ( PrapoL 9» U^. ^ > 
cric angulus BCL=: APE» angulas CBL = B AF^ & BlC s; 
AEFt confeqn^ter (eOiooei AEFj^ B(^L erunt ttqualcs» ft 0inilei» 

» 

i^md^S tffg /c mmim' Pf9m0 pofygmmm ftMm ^ plmof l^ft pmMh^ 

Na» ptifin» pol^gonfim ( Prop,. antccecT» > df ▼idttnr tn prttaaat^r 
criai^ularia^ & oppofitar ftCnbnea^ Ibi faafta» in totideoi trianguki 
dividuntur> quornm bina oppofitai sqnali» funt^ 8c fimiliaj. ac nmi» 
literpofitt^ miiki\mtffikSdl&t>tm^ 
crat Ff6pofitni|^«.. .au. • ■ i <. -.' • • , 


• I < 


finitorum laterum > & bafea cyUndrii C I>efiit.. li. J fiint circuh «qu% 
les » ideo cylki4llit dtfdira^ #otjtf .tdtKpnDpiiflny p9T7gonam in» 
fitttronim laterum; proindeque teOk^ qrlindri paraUel» bafi j, erit p*» 
ittcr circttlna aequalia» 8c fimite haft«. . 

^.'» Cc z PRO* 


PROPOSITIO OCCIMA. 

« 

pdfolUUsj fM9r ftM elments, /em punHa im dtitudine eiHfdem peifr 
mstisi mepm pfodmSmm ex edtiteti^ne imti^/Smexitfoliditss n^vj^ 
pfifntstit^ 

DeiQoAfbatio • 

.. .y Dato qvovu prifniace AM» fi oicnte concipUmtts pUmim» ieuba* 
t3L fim ASBF mocii fibi conOaacet parallela & elcTari ufqne adalcica- 
tiii^ dinem>feu ulcimaoi pofitionem GJCRM ji' ic in omni alcjtudinU 
Alt pundoj fire in omni poficione JbCLI lemper fii! vefligium re- 
linquere; CTidens efl planuro AB dcferiber^ foltdum prifma AM : 
quod de alio quolibec prifmate intelHs^r . Pnecerea , quia ( Oc* 
monfirat. ) prifma componicur ex totidem planis hifi i^qnalibus , 8c 
fimiUbus j quoc fiint elem^nta , feu punfta in aUituiin^ A K i ideo fo« 
liditas cu)ufvis pfifmatis erit aequalis produAo ex akituditie- A K > feu 
FR in bafim ASfiF. Qjiod erat Qftcddendum« V^ 


w « 


9 

Corollarium L 


* • 


C^^apropcer dato priftoate parallelepipedo reftangulo » cujot longitu^ 
db A F fiit undarum 4 ^ fit laticudo F 6 fic nnciarum 1 ; area refian- 
guli» fi!u bafis APES ci^it 2X4 » idefl t unciarum qnadratarum * 
Altitudo vo^ prifcnatis ^ feu icAa A K fit uncianim 27 lon^tndinis ; 
muhiptficttur a^tudo' 27 in bafim tnrencam t^ pnodufbtAi ix^ «rk- 
fcliditas dati piiicnatisi.iiimiiupi ]prifina datum contincbtt xi6 nn* 
cias QBbfS^. .... 


»< ■ • ' < j 


« « 


Corollirium II, 

* QriliiMhis {GemRarb AropoC 9,) ttt prifiMi poljnonnm iofinitov 
ffum laterum » ideo etiam de cflindro Tcrificantur ea^ qwe de.plifi) 
matt demonftranmus . Itaqut Ikitt^CoecSL 2* 8c Schol. PropoQt. 8« 
Libri 5. } inveniacur «rea drculi » qui eft bafis qrlindri , & mul- 
j^itctur pes alB^tatai efuTddiitylitidH , lllfc<ibihir cj^iiidri Midicas. 

PROPCSITia UNDBCIMA^ 


tbndttm 


• < ■ • 


M^ V. Si fiMme* pytmtit iriimgidmit (^B€M) fimm ptmu trsn/vtrf» 
5 III. i^^J^)^i^CM)p0r0lkh,fitH9{- 


nt L) trit fimilt h^fi^ 

Biifit 


J » 


L' I B E R S E X T D S. ' xnf 

&(/& tiero CttMJ 0i jgumiihet fitHfmem { ETh) JHipitMelam , 
ctit «^ puuhytftnn dthndMT ( .AZ > Mha pyramuliff dd ^tuutfo*- 
• ikk idHiiiJhitC Jtl ) Sftigk -tyrammt i JtEF IL )■ . 

SeoMKMr CR =!r FE ,^ €S = tl. r & dacamur te&m. ER« 

$t- R&* . . . , .' . 

• Demonftratia. 

^ .... , ' 

:* Pfeinum ABC ftcam pbioa paraUda BCM, EPL effich ftAioiiar 
BC^ EF ( Coroir. Pkt)p. S«> kicer fe porallelas ^ &.( conftrujl, ) 
limt aDqjualto; ideoqne ( Prap. tp. Llb. %. > redbe E R , G F ermt^ pa«> 
ralleto » 3e aBquaks • Similiter* (fcqaales xt£tm F L ^ G & demoi^lramiii^ 
parallete; onde edam tt&m FC^ LS erunc parallelx ^ & sequales ; 
proindequef Pt«pb&'5i ft Axiodk r#')'eliain- parairebr>>& xquales 
erum imer tt reStm ER^ SL : ^apropcer ( Propof. 29. Lib. 2. ) re-- 
Aa BL parallelsj tc «qualia^crir ttBm- RS . Ergo ( RropoC 9. Ll* 
bri; 1«.^ eric auguIoa.RCS =: BFLj angglus CRS = FBL &c^& 
criangiilum EFL (^Prop. 7. Libri ^; ) fimile j & «quale erir crian- 
gulo RCS. Sad ( OtedlK ffropor. %. ) eft BM parallcla ft&e EL « 
ic ipfi. B L demonftrayimus parallelam e0e re£bm R S : igicur ( Pro* 
oof.V. ) erit R-S- pamlfela laccri BA*. Icaquc ( Gofofi. rtopoiT 7. Li- 
Irr 3. 7 criaMohiiii RCS eric fimile triaogtilo BCM r conftqoemer 
( Goroll. Defin. i. Lib. }• ) eciam trianaukim^ EF i:. ei4c fimile iri^ 


A>wx«^^rL» K yj^woiu rropoi. 7. lio. 5. j en ciff : fl' :: / 
Al*V'a *n fimiHbos triangtrlii AEW, AIE,, cft mk^ .-JTl , . 
S^*'r)n*^Ergb( Axioiii. r. Xerirbafla B^ parallefam &• 

aibftct]^EP L ficmi A^'*>in[* • ^s^iod cric dcmoRfifandim; 


• » 


f ' 


ConiHarfum l^ 

;^ lidem verificattir dc pjrramidibos polygom^ ^ qufii ^vidbmu^ tn co«^ 
ridem pyfamides arque altas^ quot fiinc lacera bafisj dempcis dttobua»|.. ^ 
$h: pyrnmiir ^luadfitattr^ BCFGi dividitur iii duas* pyramides triafl« iv!b. 
feiraw BCFr/Bltjr jrq^c^altasi atqoe <M»%ft«*d ABMLpa**"^ 
raitcAi '&ifi^ fimiffs^difbion^atyr eideni l^fi CF6I'; ^iio enim crian<> 
feura TFC, rFC( *)cmpnffr/ ditepW. ) funt fimllfatriaiigulia L E A> 
lEM^ & ifmiliter poflrar «olfe itit^gnr bafit ICFk> cril fimiK»in^ 
tegnt. ftflJcttir 4E*fcft.;' . - , t . . 

rr. • • . ■ - 




. Itaqft^itt omtif pyi^miffc (eftidnta hOt ^pmmt t^ ^ lA^ 
^rcicem procedendo coqcin^b deae&V^C fo ratione qoadnicorumTu»* xJL. 
flttn ycicudimmi » ftta difttmiahiitrtl Ydttee • 91 cat.' gr^ cbc» alci» >b^ 


••» • 



«1. 


CoroUariwi III.,; j ..„ - 

Pmem qui* circnlni coni htSxt ( Cc^U. ^. Propof. t. lit>* T<,) 
cft pol^pMm ncBlare inBoitoruia laterDni, ideo conus cft pyramis 
pdijtooa inBnitgnra lauruai * itqne coni itEtxona infi paiallels-fi- 
Biiiei entiu eidetn ball ; hoc eft , erupt ettam ciicuU > qui » (»& 
ufiyie ad rentceni progredicqde continiio dec^fcunc ia zauODf.fift- 
4t»oouii Cunun diQM4»Bn • Tcrticc. 

PROPOSITIO DUODECIMA.' 

"^"""' TbMic*». 

tytmmiet sft» «£t«, Jnt inter ftgiu pttr^At tmftitmitt , /mt 

m- Pjrranides EFHM > APPOI. Ivibeant «i^les altiiud^es EI = 

'iU* AZ> crit pjrraoiis EFH^ a4 pyratsidem ABCOL * ficud bafi* 
r.t!: f HM ad bafioi.BCOL. 
Jiiii. 

^ PenooAracto. 

Etenimutrave pjrranu* ccmppm.infellicitnr es focijpiiplanis ^^ 
{HeilitH»^ & pariJldUs i^cicCcentiliiir in .^oae (pBcbata difinitia- 
rum a rcTttCe ( Cotplt, i. PlopoC aateced.-) ,'qngc fupc elenieau , 
feu puniSa ta altitudine £l>feaAZ. 

Itiu^ ex altitudinSws »|)alifaitc M> AZ fununtor qnElibec paites 
aqualei ES> ARi atqneperpunAa S, & R eMendantur pUna<iKO, 
TRVXY bafiE^iJFHM, BCDL {ttrallch , fefiiones G £0 . TV 
X Y C Propof. aHCcced. ) refponJei^ibus bafibos Gmiles erunt . atqnc 
wit FHM : GKQ: .' ri* : n^.fire a^* •• AR* ( q"" «ft E' 
:= hZ,.St ES =.AR ). Sipilitcr ( CorolL 2. PropoC antcced. } 
eric BCDt '- TVitY : : az* : ar* ; idcoque ( AxiMi. jt. > erit 
FHM.-C;KO!(;BCpL :'TVXY; & altcmania , erk baOi 
t^HM a4 VaM &Cl;>(;»-fi«na feAMt-.GKO a| i^ttoofm aque aU 
taoi T V X Y : quod fempec vertficaiur de omnifMti^ (ci^ipmEHfs «quc 
altis) proindeipie coUigendOj, erit bafis FHM ad balimBCDL, li- 
cuti fumma omnium fcAionup nEramidfim-EFHM connitueotium , 
ad fumnam omnium totidem iKiionum cfGcientium pynmidcnk AA 

•' , ' fis ad b?fim. Ciiod. er,u Aowpftrandumj,. / : ; ^ 

-..:: ._SHlH,fcofofitu»pqi j;.&'(i,;t|b^^. Euclidis,» ,;„.„,'. ■ji. ■ , 
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CoroU^inm ,1« 
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CorbHtfiitm I L 


#»■* 


Co&i «qiie ald Vtinc «ti!ltn Incer !e iit Ixilef » idcA <it ciiCttU ba- 
ica cononim » qai» aa« < iCproaL }• fifopoC aii.> fimc fftaaOAea 
poljrjBomr infimmum lai#rMi« 

Eft PropoGcio fo^ Lijki ix. Euc1idU« . ^ . 

Praeterea fi circuU bafes oonorum fuerint aiqiulcaj «tiaflft cooiaepl 
alti eront «qoales inter &« . . i . I . ' >w 

GocoQariiim I I L 

Qaoniam circnli conorum mfes ( CorolL 4. PropoC l. libti 5. ) 
fum ii^ fe ot qUMbrafca radiorCKii, Cbo diamcarqniMi » ideoicoAi afque 
a}ci ^ qus ( Defeoonllnit. } tum incer ft in wiooe batim » cruoa 
ctiam inter fe nc^mdiMi ^9Amum, feu Ji aimir o m W' lutfiim^ . v 


< j 


I r 


VROPQSLTIO DBClMAT£](.i;iA. 

, t '• ^: ;. ' ' ; 'TheOffOB^i^ ^ t . i '•i > *> ) * 'I 

Tfifma tfi tnflum pyramtdif fu^mir t^my vel mqmtkmt^&^^^ ^ 

tmiem^ vel mqustem ^dthitdinemm 


Demonitracio « 


•' » 


Primo fic prifina triangulare BcXE A^> in quo dacamur paralle* ^^ ix. 
]osriniatoi«m ^diamecrl' &£ . A E^ , A L « '0m pframiiAet A B»LiC ^J^^ 
B1? B A' fupra bafea^ ( &«finM. 9«) «qttalai BtfC^' &A V > & «andcm ; 
alcitudimin JiabeNKt j £v«r ime^ plana paraHela BCL> ABF confti* 
cnc« ( Cx>rolL i. PropoC anceoed. ) emnc miuaktincerfi • Pirscerea fi 
pro vercice pjrramidis BEAFJomatur A > c$ui bais aric EFB/ ie 
cadcm wramh ABF£ ( CbioIIan u PropoC anteced, ) erit «qualis 

Kramidi ABLS , cujns ipertex eft A> & bafis EBL> quii ha^ 
DC bafes.e B P i3c B B L. CPropoflc 28. Libri a. \ ax^tes > ,9c 
habenc eanddh afti^udinem ; qux tft pcrpendicaI'arb/'|da£U ix ver- 
cict communi A adplanum E f? B L > in qud rep^riuntiir *ba* ' 
fes . Itaquc (Axioifi. iV) tfetf pyratnidel ABCL, BFB A> AELB 
erunt inter fe aiquales> & fia«fl fp^iptai ( Auom. 10») adasquanc in« 
cegrum prifoia BCLEFA •* &go taetn prirtna eric triplum pyrami- 

eandem alticudtnem i^rnmatis . Qiiod erac oI!endendu(A.% t 
Eft Pfpf^ixuo 7. Libri n, EucIidU. .T7ra>.i . 

5c* 



omninm pframidum tTun^larinm* umul fti[hptarum:'ideu pri(iria<Fo> 
lysonum tripIiuD crit (M infcrip» pjtapa^u polyjoos , V^iod «rat 
«(Donftraiklnai . ' 

CoroIUriuiT) , L ■ . i ■ ....•.- 
■ 'Siarither CTliildrt^ eft trir^ coni fibi infcriptl , -qui n«Bpe em- 
^em cum crlindro baflro , 8c eandero ilritDdinem habeat ; ^a cr- 
hrndnu e(l prtlnu infinitorun latenim , {Ie coantf «ft pynimu «itin 
■ifinitoram lateniail 
£& Prc^tio 10. ISbti tl. Euelidif. 

. . , CormllMiiam J I. 

<iaowtMa i PropoT. c*. & Coroll. > pririutls vef cr4iit4rt 1bltdi« 
«U- obtiiMOir mukiplieindo baflm in altttuiiliwm i ideo pj^nnatdis , 
yel coni (UUiaw tufiAH erk pntdiiAo es bafl tn tenlam alriautiair 
partem» quia ( Dcmunfirat. } p/ramii vel comu eft tenia pan prif- 
inaii(> Tcl ^findri iiabentis «aadem bafln^ 2c eaAieai alfitudUKm . 

PROPOSITIO OBGIMAQUARTA. 

'Ttieorma* 

Tr^mtts «fiv ^i* fimt intet ft tm tdiUtte ijffinm» 

Demonpratio. 

' , IStam fiCBtta i PiopaC.aoteced, ) Ojnt firqiia pjrrtmidwK Gbi.i»- 
Tatptaivm 1 pTjr^midct Hn cQue «liae. < .^iqpfd; i^ ) fujK-in|fr & 
uc bo&t; ergo eEiam prifraau pyramidiwiEriplA ^raoc iatcr fe in la- 
tienc bifium . Qnod «at demonarandttra. 
£a PV<^fitio 31» Libiii u. Eudidii. 

, Cocoliafium I. . ^ ;, . . 

.3Ac G priCnau*)Kpe alta baEueiim eindem , vti Jeqtutes Ufcs , 
Citmt paritcr '«<^a1ia inter le. 
Sunc PxopoliiionM 30, & 31 LiM li. Euclidis. 


CoroIIariuiti I I. 

ir', ^uh fii 


Hac tHnnlii etiam de cflindris reriflcaiinr', ^ulit fimr ptifiinu 
inSnicuum i~--^— ...... i 


IIBBH SEXTUS: »«» 

11 PROPOSITIO DECIMAQUINTA. 

Theoremt» 

Tp&mtU {o4D , GLy hdbemiM ^e^mJ$t irfiri^BC = Gtfl) ^. 

fma imetft im tmiom sltitudinum ( AE^ GZ). rJi 

xia. 

Do&onftratio • 

Ecenini ex majori alcicudlne A[E fecetur ^rs AT afqttalis nslnori 
G Z j & po: punaum T eacendatur planum T R M parallelanf bafl 
ABC$ eric prifma AM cquale prirmaci GL; fed prifma AD eft ad 
prlfma AM ficiKi AE^ A T (CorolK i. PropoCia.); ideoque fub- 
fiituendo prifma G L pro xquaU prifmace AM , 8c GZ pro cquali 
A T > erit prifma A T ad prifma G L ficuci A B ad G Z . (^uod 
crat demonfirandum • 

CMoUarium I, 

Hinc pyramtdes , qiiae funt fabcriplx* prifmaCQm ftbi tiffcumfcripto^ 
Tum 9 fi habuerinc eandem ^ vel «tquales bafes ^ erynt epiam inter 
& in ratione altitudinum • 

s 

Corollarium I I. 

Hem intelligatw: de pylindris , 8c it conis ; quiii cyUndri func 
priirnataj & coni font pyramides infinitorum lateriim* 
£fi PropoGtio 14« Lib. xi. Euclidi^. 

PROPOSITIO DECIMASEXTA. 

Theerema. 

Pnfmgid qtt4temmqm (^2>> GLyftmtim&fe in tmtam mmpojtts exvig. 
tmiofMmr bsfimm (ABC^ GHI)^ tSr dltiuulimtm (jtE^GZ). ^J^ 

xiu. 

Ex prifmace AD abfcvndatur^ ut ih anteccdentiIVo{)ofitionejpri& 
ma A M «quc altum ^um prifmate G L • 

Demonfiratio* 

Trium prifmatom AD^ AM» GL, primam AD eft ad fecnn&Mi 
AM^ ficttti AB : AT, five fubftituendo G Z pro «quaU A T > eft 
AD : AM : : AB ; GZ; fecundum vero A M ( Propof. 14» ) eft 
ad tertium GL ficuti bafia ABC ad bafim GHI; ecgp ( PropoCi^. 

^e/tmtms MmbcfM^ Dd Lib.]*) 


fi# ELfeMENTOflttrM QEOMETRliE. 

lih. 3. ) eric primuin A D ad cerciiim G L in racione compoCct tx 
racionibos AI : GZ ppxai ad fecandium , &ABC : GHI fecun* 
di ad cercitim ; ergo eric priima A D ad prifma G L ficuci A B C X 
AE ad GHl X QZ. Qpod Mt dcoionftrandum. 


iani 


nu umil 
pt fiierit 


fttficia 


A6 : QZ t : AC : Ql ^ : AB : Gtt : : RC : Ht 8^, 4i¥m^\i 
leQrovMkMaiiierhicsqaalaa EAB =; ZQii « GAC ^ «Ggb C AGb 
S; |(i H &c, nuQo ( IHpQ& 14 > & x« Lijb. 31. }, eric b^&^ A9Q' 
adibaG»GHl ficuci Ai' ad Su;' » te^iicuti m' «4 gz' ^$4 
t DMionftrar. ancece<i ) eft 

AD :J2t : : ABC X A£ ; GHI X QZ: pode ii6ftku«n4o ra|t<^ 
nem ae* : C%* pro cquali racione ABC : GHIj eric 


^..idQoqna ^^ ^^ , 

4cc; erio ( Axtom. z. J* eri( 
AD : GL : : iTc* i 5^1» : : ab* : 615' 8cq; ftimirunn pnfifnat^ 
fimlliaeninc incer fe uc cubi lacerum homologorum ^ vel alcicudinum • 
haque fi lacera unius prifiqati^ fiierinc qMadrupla lacerum alterius » 
fimilifque prifmatia ^ cunc primum eric fexaginta quacuor vices majus 


,, IX, &icUdjs. 


iecundo t>riii^ate«^ 
In hoc CorQUjirio cowpkcinctuv IVopolui^ 

Corollarium X 1« 

T6tc omnia verificantur de Gmilibus pyramidibus ^ qus (Proptii.) 
lunc fttbcripte prifinacnm fibi circmniipriipcorum • 


/' 


Corollacium Hh 


Idem verificatof de cylindris fimilibus j & de fimilibus conis ^ quia 



bcnc diamccros ^ feu radioi bafium in racione alci 


ntj ' 


•». w* ;. 


PRO- 


y 


IIBBK SEXTUS; ^ »i: 

PROPOSITIO DEClAlASEPTIMAt \ 

Theoftnui; * 

; £ cmfveiyo frifinata ofputlia iabent bajes in recijproc^ tatione altim 
. euditma» . 

Demomtratio* 

Nam fi cft ABC : GHI : : AE : GZ, crit '\ni« 

A BC X A E = GHI X GZ > fcilicec prifma A D x^le pdC- uii. 
mati G L . 

Viciffim fi fberit ABC X AE = GH I X GZ, diflrolvQti4o crii 
ABC ! GHI : : A£ : GZ i idcfi prifmftta «qualia babeitt bafes ia 
reciproca ratioM akitudiiium • Q^od crac *Tftfadcndum * ^ 

Corollariiim • 

^ Eadempmnia ?crificantur de pyramidibus^ de cyliadris^ Ac de co» 
nis » uc ex antecedentibus DemonOracionibtts patct • ^ 

PROPOSITIO DECIMAOCTAVAt 

Theorema. 

S^kmra dmu 4eHiaf partee dremnTeripH cjlimdri addgaai^ 

' Sit quadratum ABCL > in quo dycatur diameter AC , 8c ccntro ^^f*^ 
A^.radio AL» vel A B » dcfcribatur arcus LFB > qui ( Definit. 7. Tab, 
Lib.4.^ erit oiiaru periphcriaB parSj & triangylum mixtilineum ALB ^u^ 
( Definic. i. Libri 4. ) crit circali quadrans« Ducatur radius AFj fic 
per pun^tum F rcfia ST parallela latcri A B • Si concipiacur quadra* 
cum ABCL cnm triangulo ALC » Sc cnm circuli qiuulrante ALB 
ita revolvj circa latus immobile AL > doncc redcat ad poficioncm , 
cx qua difccfiTcrat; in ca rcvolucioncquadratura ABCL (Dcfiali.) 
ddcribcc cylindrum ; criaqgulum rcidtaiigulum ALC ( Dcfinic. 13. ) 
defcribct conum ; & quadrans A L B ( Dcfinic. 14. ) hcmifphaerium 
dclcribcti atque cyliodrus ( CordL hopof. zq. ) coowonetur cx to- 
tidcm circulis aBqualibosj habcncibus rgdios aiqualcs Ap, ST^L^ 
&c j quoc func clcmcnu ^ feu punOa in perpendiculari A L ; conus 
ctiam confiruicur ab «qualf numcro circulorum decrefcencium ( Co- 
rollar. 3. PropoC il. ) A C L ufque ad pundum A ^ quorum radii 
func xtEbt LC ^ SR a^c, fcificcc clcmcnca crianguli A LC • Simili- 
scr hemifphaerium componicur ex totidem cir^ilis babencibus radios 
A B j S F > &c« docrelcenccs a pundl^g A ufque ad L • Confequcntei' 

Dd 2 cria 


*f ' 


%ii ELEMEMTORUM GEOMETRIiE. 

tria ddpipca corpora ab «qaali numcrb eleoientoniai > idcft plaacK 
rum circttlorum componuncur . ' 

Dcmonftratio • 

Sit )am S T radius unius ez aKiualibus circulis conftituenttbiis cylin^* 
inim ; eric S P radius refpondentis circuli in heraifphaBrio ^ Q^ S R 
eric radius refpondentis circnli in cono. Qjioniam vero cimili (Oo- 
roIK 4* Propof. 2« Libri 5. > fiint inter Tc ut quadrata radiorum » 
ideo circuli defcripti a radio S T in cylindro , a radio S F in he^ 
mifphsrrio ^ & a radio S R in cono ^ erunt inter fe ut quadrata rar 
diorum ST, SF, SR; fed ( conftruft. j eft ST = AB, & AB =3 
AF, iccirco ( Axiom. i. ) erit ST = AF, & ( CorolK Propof.7. 
lib. 3. ) eft AL : LC : : AS : SR, atque ( hypoth. ; eft AL = 
LC, ideoque erit etiam AS =r SR: unde pro lincis ST, SR, fub- 
fiituantur aequales reA« AF> AS , & circuli defcripci a radiis ST , 
SF, SR, qui ( Dcmonftr. ) funt inter fe ut quadrata eorumdem ra- 
diorum , erunt etiam inter fe ficuti quadrata reflarum AF , S F , A S ; 
atqui (CoroII. i. Propof. 18. Libri }0 eft ^ p* = $ p» 4. /fj* ? 
«rgoetiam circulus a radio S T in cylindro dercripttts «qualis eric 
duobuscircuUsaradiis SF in hemifphserio , & SR inconode&rii^is. 

Itaque fi cx circulo a radio ST defciipto in 'cjlindro auferatur 
circulus a radio S R in coao defcriptus , ^ emand>it arcalus a radio S F 
in jMmifphsrio defcriptus • 

Idem yerificatur de fingulis* rerpondentibus circulis fupradifta foK- 
da conftituentibus . Ergo fi a foliditate cylindri fubtrahatur foliditas 
coni ^ relinquetur foliditas hemifphaerii. Eft auteim conus ( GoroII.i. 
Propof. I J. ) tertia pars cylindri aeque alti , 8c ejufiicm bafis , ideo« 
qne hemifphsrium stquale erit reliquis duabus tertiis partibus ejuideni 
cyUndri fibi circumfcripti • Q^uod dc hemifphzrio demonftrartmiis j 
idem intelligatur de ejus duplo^ five de integra fphan^a^ cnjus cylifi« 
drus ch-cumfcriptus etiam duplus eft cylindri hemifphcrio circumfcri- 
pti . Itaque tfhmrx folidicas sequalis eft duabus tertiis parcibus cylin- 
dri circumicnpti . Quod erat oftendendum • 

Eft Archimedia Propofitio 32. Libri de Sphcra^ & Cylindro. 

/ Corollarium L 

« 

Ergo SfhM eft ad cylindnim fibi circumfcriptum ficuti 2 : 3 $ & 
invercendo > cylindrus eft ad (phcram fibi infcripcam , ficuti 3:2. 

Corollarium II. 

Qjp^propter (CoroII.2, Propof.io.) inyenu folidiute (^lindri cir* 
cumfciipct^ fi e« cjurdem cylindri folidiutc dematnr tertia pars, re- 
mancfcit fph«ne foliditas • 

PR<h 


L I B E R S E X T U S. ^i 

PROPOSITIO DfiCIMANONA. 

Tbeoretna. 
Sphir^./unt tTdet fi in tdtione ttiplicata, ideji ut cuU diametrofum. 

Oemonflratio • 

* • 

Otnnes cylindr} fphxtis circucnfcripti C Deibiit. 22. ) habent dia« 
metros bafiutn aequales alcitudinibus; ideoque ( Deiinit. iS. ) fiint fi* 
miles • Cylindri autem fimiles ( Coroll* 5. Prop. 16.) funt inter fc 
nt cubi diametrorum bafium . Prxterea ^ quia ( PropoC antec. } cylin- 
drusftmp^r eft ad fphamm fibi infcriptam ficuti 3 : 2 ^ ideo(Axiom.i.) 
quilibet c^Iindrus eft ad fphaeram fibi infcriptam^ ficuti alius cylin* 
drus ad ipbsram fibi infcriptam *; fir alrernando , crit cylindms eA 
glium fimilem cylindrum^ ficuti fphxra in primo infcripta ad jfphae- 
ram idfcriptam in altero. Cylindri vero funt inter fe ut cubi dia- 
mctrorum bafium; ergo ( Axiom. i. ) etiam fpha^rae enint inter fe 
ut cubi faamm diametrorum^ quae ( Definit. 22. ) diametros bafium 
conimdem cyUndronim adaequant • Sive erunt imer Jk ut cubi radto- 
rum^ cum radiorum^ & diametrorum ratio eadem fit • Eiigo fpherai 
func inter fc in ratione triplicata 8cc. Qiiod erat oftendendiim. 

Efi Propofitio i8« Libri 12. Euclidis 

Co^ollarium. 

Ergo fphan-a 3 cujus diameter fit 2 ^ ad fplueram , cujus diameter |^^ 
6t 6 ^ erit ut 8 : 216; fed eft S : 216 = i : 27 , ideo diametcr xiV. 
tripla , feu , quod idem eft > radius triplus producit fphfleram viginti ][{|Jp^ 
feptem vices majorcm^ Similiter radius qitintuplus defcribit ^bsrram 
centum jiginti quinque vices majorem fphanradefiariptaacMUofiaiplQi 


Bkmentorttm Gtcmtrke Fims . 
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Frofq/himum Omnium, qus in bifcf MaAefios ElnmnPfs murmft^ 

sique dimonftram$iy . 

In Arithmetices Librum L 

L ProbK I "^Aium qucmvir mmcrmn ^ritbmeiicis figutis exptSmife ». 
JL/ Pag. 5 

IL PrbbK Dahm^ fucmvif nmucrmm ^aliciffyltricd^cr^umcmtteimc.T 
II L ProbL fitmeros imegrof im unam fummam colUgcre. ^ 

I y. ProbL tlumerum ptcmvis intcgrum cx dio ieacgrQma^orc fvbtfJkfe . ii^ 
V» ProbL i)aUmt qucmvif numerum intcgrum fcr alimn int^tmm nmuerum' 

mcJtiplicarc ^ i^ 

V L Piobl* fiumerum qucmUhc imt^rmm per 4$i$um fnteffvm mamram di^ 

videre. ^ 177 

In Aritbmctices librum IL 

L Probl. ^da9ci$thtm eommuncm duotum munerorum menfmam invcnieep-2^ 
I L ProbL VmlKonef ad mimmdf terminof rcduccrc^ 27 

I I L ProbL Humcrot fraSat ad idem uomcn rcdwcrc. ^t 
IV. ProbL Vatif duabut^ sm flnribut fraRionibut , fu^nam ^amn mctxi^ 

ma fit tjivcmrc» ^9' 

V* Pf obL fiumcrmn intcgrum iu fraHienem data denomtnatiomt rcdueerc .^ 

VL PmbL fraSctacm ad intcgra rcveearc. 2f 

VI 1 PwbL FraSionct addcrc. * }• 

VUL ProM» 'K^nnerof fraOox ff^trabere . ^ 3 • 

IX- Proi^ fiumerot fraSof wmhip^me. Ji 

^ VtKiiA^ f^ianarof fraaee diem^ %% 


'^ In Afgcbras Librum I. 

* 

L Probl. .AlgeBtaicas quantstatet 'in unam fmmnam coHigcre . 

1 1 Probt Compqfitar quantitatcs ad Junplfcioret cxprcjjionet rcduccrc . 
1 1 L ProbL ^gebraicMf quantHatCf fi^rahere. 
1 V. Probl. Jtlgehrmcaf fnaniitatie mmU^icare » 

V. ProbL ^gchraicas quantttatcr dividere. 

I In Algi^bne Libriim IL 


35 

37 
40 


!• Theor. Si quatitct fraSro muIttpRcetur perfuum denominatorem , produ^ 

Sum crit manerator ejufdem ftaSionir* 4S 

IL Tbeor^ Si numerator^ e^ denaminator cujurlifict ftaSi m^ftipNcefttut , 

aut dividantur pet eandcm quanCitatcm ^ fraSionis valor nom^ 


PROPOSITIONUM. ^15 

♦ r«r. 49 

IV. Pno^L Fmllim^f m4 ftmdm dmminai§tm redHCM^' ' r ^\ 

VI. ProbK F/^'onef /whr^ben. yr 

V IL ProU* TrnSimgs mdiifii^m p , S^ 

In Alg^ne Lilmii» JIL 

. L BrebU Ct^n/yif d^tm qiumAtMi» ^adrMhim , ^ihmm , fuartam potejia^ 

tem, qtdntam^ dr ali^s fmves pateftatfis i/foeniref . . iftf 
t |It I^FobL £3r ^tf mtmer0 radicem qnadratam exttahere. 58 

JII. ProbL Ex dato mumero radihem cwbicam extrahete. €\ 

l V. Pk-ofcL F^adicem^ quadratam ex ^lg^^kie quawtitaiihus extrahere . 64 

V« Pr«iU. ^adicem (uHcam tx jOgAraicie fuantieaeiiue exir^iertf.. 4f 

In GQometrise Libnain I » 

; (^ e/i da fHauiitattm fatioufims « 4t pfPjpMmihfi. i 

L Theor. Aft/r fuatuor terminis peofiqrtifin^liius ^ produ^m extremorm 

/empfsr aquale erit produSo mediorum. jt 

1 h Thcor* Si quatuot t^rmiui ea ^ouditione iuter fe comps^ail fint , ut pro^ 

duSum ^K pfima iu- fuartm ^fH^e Jk produ^o /ecutfdd Ur^ 
.miui intertim^ erum Udem te^ini proportio^alcs inter /e • 

111« PrabL Patis trikue $ermiuis, inveuirt fu^rtm Httminm phportiona-^ 

IV. Tb«or* Datis fuasuor terminis proportionalitus , primus ad terttumean" 

' dem raUonm habebit , quam liaiet /ecundus ad quartmm. ^t* 

que Itoc mgumoutfn^i ^nus dicifnr^ jUceraare > w/ petpiut^ 

racioiieai. ... '77 

. V« TliMr. Si /i^nt qt^uor Urmini prop^ionaies j /emtdur ad primum 

eandem rasionem bakeiit , quam baiet quartusadtertim. Quod 

j^icitw racioiieai tnvercere. 77* 

V !• Tbeor» Dasis quatuor terminis prcportionaRbus , /umma primi , (^ /e* 

cu^di eandcm rationem habcbit ad'/ecundum , quam habet /um^ 

ma tertii cum quarto ad eundem quartum. Hx argttmentandi 

gm^s 4tfixll4tt(s.qooapo(kiQ tmoTds^ 7I 

VII* Tl^QOrf Quoties Jfuerint fu0ttor miagnitudinfs proportiouales , differentia 

. ^ inUr primam, e^ /ecundm fd /ecundam eandcfti rationem ha-^ 

bebit , quam babet differeutia ^.inter tf(rtiam , ^ fuartam ad 

'^ - ; eandm quartam,^ Hac argtfnt^^taiiodiciturdivifloTitionis.jg 

ViXL Th^i» fi^s quatuor magnitudin^us pti^wtifnqlw^ ,9 itst erit prima 

dd 


\ 


/ 
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ad differeniiam imer fnmam , <j* feemUm ^ fimt tertia H^ 
differentiam tnUt iertuM , ^ qmttfam. St hit ^frgumentoHd^ [ 
modut coaverCo racionis appellacur. 29 

IX. Axioma, Qnantitatef ^eeptjies eanUem rationcm hAent ad aliam qninti^ 

tatem. Vtciffim eddem ^antttat ean^km tationem haht ad ^ 

futder quantitatcf . to 

X. Axiomat Magnitudtnej , qua habent tandem ratt<mem 4d eandem fuan^ 

titatem funt inter fe aqualet . SimUiter fi eadem magnituda 
eandem rationtm haiuerit ad alisf fuantitater , quantitater ipfk 
erunt aquaUf inter fe. 80 

X I. Axioma • Rationef , qua funt fimitet y feu mqual^f eidem rationi , 'vet 

aqualttuf rationibuf ^fient etiam aqtMef interfe. 81 

3tlL Thfor. Si fuetint quotrmque magnifudinet proportionaief , /eu quotcunqne 

ratioftSf aqualef, colligendo , ita fe hoMtt fnmma tmmnm 
antecedentium ad fummam ommmm co^fequentium ^ Jicuti quali^ 
het antecedenf ad fuam confeqnentem . tt 

XllU Tlieor. Dniir quatner terminif ptopottionaltbuf , fS antecedentee , w/ 

cotifequenttf^ wl ptimuf cV fecunduf terminue , w/ tertinf e^ 
quattur terminuf multipticentut , aut dixndentut pet eandem 
quantitatem , quatuot tetmini fempet pr^ottbmalef etwu . 82 

XIY. Thcor. Si omnei tetmhU tnfiufw data ptoportiomt pet e^m quantu^ 

tatem, vel antecedentes per unam quantitatem, & c(n^equentef 
per aliam', vel duo primi tetmint pet unam, & duo Ultrnns 
pet aliam quantitatem muHipHcentut , aut divtdantut, quattior 
tetmini fempet propottionahf etunt . _*» 

XV Thcor. Datif duabuf\ am plUtibuf propottivnibuf , qua babeant eqfaem 

confeqitentcf , eth ftmm ptiotnm anteeedentium ad conmunem 
confequenttm , Jicuti ftimma fecundotum antecedenttum ad, ^^^^"^ 
* commmsm co^quentem. Si autem hahuetint eoflkm afdecedcfp^ 
tef, etit primut communif antecedent ad fummam prtotumcon- 
feqnfntium , ut fecundus commnnif anteeedens ad fummam Je- 
cundofum confequentiunt ^ ' . w^r 

XVI. Thcor. Datif dUabus, aut plmibuf^ tattonibuf , fl antecedentef mutttpii- 
V ,,ntut intetfe , 4 c^mfequentcf etiam ektet ft,duo produaa 

•' confiituent tatiOnem , qud compofita etH ex datit tmtombnr . 

XVII. Thcon %i fuetint quotcunque magnituiines ejiifdem genetis ^ ratto pri- 

ma ad ultimam eompojrta erit ex omnibuf tntermedah tattmt^ 
buf , fcilicet prima ad fecundam , fecunda ad ^tam , /tfrT/^ 

ad quartam &c. ,- r* 

XVlILTbcor. Si fustint duo ordinef quantttatum numem feqnaltum , fttqtie 

prima ad fetuhdam primi otdink; ut prin^a ad fecundam atie^ 
riuf ordinif , d^ fdcunda ad tertiam pHmi^ OrdHeif , ut fecun- 
da Ad tertiam fecundi.ordinif , dr tfrfia ad quartam primt j 
ttt tcftia ad qnartam fec/mdi y- atque ita ^*'*?^?^ »\ ^*^*^^ 
quantitatei dicUntter . ejfe in racionc ordinaca, & erk^fnmaad 

ulti* 
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mftimam primi Ofdinif ^ ficut prima sd ulfimam Jecm$Ji m^di- 
nirs iy^ boc dki$mt ofpimnaari cx cqutliuce ordinaca y vet 
ordinando^ 16 

XllL Xbeor. Si in dnohtr ^mmtittamm PfdhMttf fiietft primM sd /ccundam 

frimi ordinir^ mt fecmtdm. md tertimm aherim otdimr t i^ fe^ 
' cunda ad tertiam primi OrMtir , ut prima ad fecmdam Mte^ 

\ nur ordinif: tunc quantitater data diemUut effo in radonc per- 

ttirbaca s atque erh prima ad ukimam primi ordimr ^ ut pfi'- 
ma ad uttimam fecundi ordinin fuod dicitur argumektari ex 
aequalttace percurbaU, W pemirbando. " tj 

XX. Theor. Dua fualibet fraSioner fint inttr fe in rattoni couoffofits ex di^ 

-SteSa rationC numeratomm ^ ^ ex ratione inverfa ^ fiu teci^ 

pfoca dtnomiH^Mrum i erit prima fraitio ad fecundam, ut pro» 

- ' duSttm ex uumeratore prima-in dgnominatorem fecunda ^ ad 

produ^um eoc mumeraiore focund^ in denominaitorem prima . tt 

-'XXt Theor. PralKoner, ^ hahnt eundem denominatarem , funt iuter fe im 
' ratiomt dhreSa numeratomm. PraSiouer nero , ^m baient em^ 

^ dem numeratorem , fuut ineer fe in rationc reciproca dgnominam 

totum » (a 

LcoMna. JBqtmles radicer aqualia quadrata, aquater cuior c^. coufiitunnt. 

E eonruerfo quadrata Mqualia , . cuii a q ua/e r i^nc. baliem, rdd^ 
cer aqualer, 9« 

XXII* Theor. Datir dualmr proportkmibur ^ mmltiplicaudo , vH dividendo ter^ 

minor umur per re jp o ndem er terminos alterim proportionir ^ prom 
duSa in primo cr^u ^ iy$ quooientcr in focumdo erunt proportiom 
naler. 9* 

XXni, Theor. Uatir triiur termhdr continme proportioualikmr ^ produSum jx^ 

tremorum mquale erit quadrato modii termini^ ^qmi ratiopri^ 

mei termini ad tertium duplicata erit rationir primi mi fectue» 

^ dum y five fecundi ad tertium. p) 

XXIV. Vxch\.^atir dmbur tetmimr tertium proportionmltm iurveuire^ 91 

XXV» Theon Jn ^omni progreffiom Geometrica ratio primi termini ad quar^ 

tum oft trifticata rationir prhmi ad fecumdum^ Ratio frtmi 4d 
q utmtu m ejf quadmpticats ratiomir primi adfecumdmm , atqm ha 
detncepr. 94 

XX VI* Theor^ In omni Geometrica pfOgreffiom produflum extremormm mdaquat 

produSum tomeimorum ii ixtremit mqm cUftamitum t is^ aqua- 
le e$ quadratp ter$mimi mediij qmando terminomm numemr eft 
iuepar* 95 

XXVIL PirobL Cupffidr G eom e tri o m progroffiomir oumimm tormiui^mmjmmomam 

InvempOm 9S 

XXVIII. Theor. Im omtd propor t hm jMbmetica fumma exhr emomm adio^ 

quat fmuemam modiorum^ 96 

XXIX. ProH. Datfs trHm Jtritbmetic^o peoportimir termittU qmoHmm inw^ 

uire. . 97 

XXX. Hieor. Jh omtd ^rH hmttHt p eqgeo ffi om fimfmm: o xtr e m o rt t m ad^quat 
tkmomt0 Matb^eor. E« /^ 



I N D £ X 

fmmmfrht uminMm ab cxitctmt duf^ 




4 

^ — -^ i^ ^'^ ^^ ^^ -^^^190^$ ifuafitihm^ ^g^ldiemm dtfcri^ 
^l. Vhl64 £^ ^^ ^*^^ ^^"M ^'«^"^ ^^ ^iuOcm 44i4B reaa UrmU 
IIU fwW* D^^\^^^^ *«*> 'Mirf' inm^Hut^ tx m^^ fdtUm Afdt^ 




Jiirc wumm9m mmorim \w 

IV, ftotl-^ ^*^ ^*^^ ^*^' ^^^^if^ 9 Hf^^mdtut ^ pfPti^adoamfue/Mm^ 

pm^ rcfi^ism txeedani^/^r ittfmrtm $ifu$m ,^isngidum eoi§^ 

fiiiuere,\hiAem dm l0Urs-fi4iiuit dutAut dstit teSit lineit 0^ 

^ i .^maliM. V Itz 

y. Thcon €i duo triangda babuerint duos angulot duetut angutif ^gfuder > 

alterum alierig <&- tatut M^uale iateri interpqfito inter angulor 

. . tefualet^ enmt reliqua latera reliqids laterAut^uatia, reUquur 

angutus relifuo angulo aaualit , dr* triangutum trin^guh aaua" 

/ le^rft» ^ II j 

V L Hworr 5/ duo triaugida bahuetint jmgufunh a^ualem angulo ^ ' dr latQta 

tequalet angulot efftcientia aqualia inter fe utrumque ^rique s 

' «'- . hitm h^ aqualu frU Im/i^ friangtdnm aquale triaiiptlo ^ 6t 

teliqtd duo anguH retiqtdt dnoiut angidit aqualet erunt ^ qui^ 

iut aqualia tatera /ukeudu^ur . ii} 

VlL Theor. Si duo triangida habuerint duo latera iiuohit tateriiut aqualia , 

Mtrumque utrique, is^ babueriitt ai^ulum majorenf nnjgtdo a la* * 
*tertbut aqualAue souUnto, babebunt etiam bafin^ majorem i^fi. 

114. 

VllL Theor. Si duo triangula babuerint duo tatera ducbut lateribut itquatia^ 

mrumque utrique, iy^ b^fim: mdiorem bafis habebwtt petnterane' 
gulum majorem atfido.a latfitibut aqualibut canteniOm 115 

IX* ^hcor, Si duorum triangulonm fingula latera Jingidis /tateribut aqualia 

jnerint ^ eiiam finguti ai^uli Jingidis ai^ulit a^atet erum ,qui* 
but ^qualia later^ fubtenduntur , 6r triiuigulumk^triai^guloaqua^ 
ie eritm . ^,;; - , ; . ^ ^ llf 

X» PfobL v4d datam reSam Oneam inilnfiniiamf^,^ ad fiqf^um in ed 'da^ 

♦ fumy Oiigulum re^iUueimf^imifiiiuere.^equaiem dato angulo re^ 

Silineo. , .-. ii5 

X L ProbL Doium angidum reSiltnemn-fifiiidiam- dividere • . 117 

XII. Probl. Daiam reSam lintam terminatam HJariam dividere^ tJj 

Xlii. Probl. ^d datamreSam iineam , (S^ tx fftnSo in ea daio perfendi^ 

cularem lineam erigere» • ,, .,, . Il8 

XI V. l?nMm Ad datam reaam-lmam SndtJfidi^em-^ atque ex funffo e>etra 

ipfam dato , p^rpendicularem lineam demittere^ • - « • ^^^ 

XV. Dnw.^fHa iiwtmfnper dHamMeaaue^^fieut ^i$ duoi aagulotcon^ 
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feqitentety vet reflofy vel dwcfur reBir ^q^ialer * ii^ 

XVL Theon 5/ ad ptmfhim aliqitod in dgtm reSa ex cppq/ftif partibuf cm' 

chrrofa dtut reSst liftca, qn^ effteiant duor angmior cotifeqaen* 
. tef dtioiur reSir tequalen^ iltia duit reSat linea ih direSumpd» 
fitM erunt y hoc efiumeam reSam tineam eompomnt. • «120 

XVII. Thcor- Duat re&tt line^ fr mtttuft feeanier efficiunt atftJor ad verti" 
• cem oppq/itor tequatit tnter fe . ^ la» 

}tyill.. Theor» B^eeta- linem perpendictiarer ad eandem reSam funr pmnUelse 

inter fe^ ^ li» 

XIX» Tbeor» S$ reSa tihea fupra duar re&ar ihetdenr fecerk angtdor akemor 

tequaler inter fe ; w/ angutum eytemum ^quaiem anguto inter^ 
no y tf* oppofito ad eandem partem ; wi dttor afigulot intemor 
^ ad eandem partem pojltot , aqualet duobur angulirreiiiftil'- 
t^e dmr re&te tinete femper erknt pardlMa^ 12$ 

XX. Theor» St reSa linea fupra dttat parafietar^ incidenr fuerit perpendicuta* 

rir ad tmam paraiMarum ^ M( eeiam perpeneUctJarir ad atte" 
• ram^ I2y 

XXL Theon. ReSa tinea fupta duar paraltefar oUiifue- Mcidenr efflciei sngtt^ 

tbr atternor aquater inter /e i angulum extemum aqualem in^ 
temo, eb* oppofittt ^ ad eandem partemr fb' dttor angulof inter^ 
ttotydrad eandm partem pqfitot diaiuf reHtt mqualet .. 12$: 

XXU.. Theor.. t(efiee tinea eidem reSte partdkt0y inter ft quofue erunt pa^ 

ralleta^ 127 

XXIIL. Vtdtii^ Ter datum punSttm retfaSm liheam dHcerr furaltetam data- 

re&r^ 127 

XXlV.. Theor» In otnm trfangtJb reSilihea trer attgutf fifHttt fmnpti adiaquattt 

duor anguitor rSht r Atquer produRo qntrvtt latere y anguTurex^ 
temur aqualir erit duobur angutir interioriiur, 4r oppqfitit: fi^ 
mnl ftmpttt^ • 127 

XXYL Theor;. £«: quoHBet trtangtitr ij^rc angutffitprtf Stifim confiHutf fitnt 

aqttaTer Tnterfe r ^^e produMr aqttalikur taterihtr , a^guU 
infftr t^fin. conftHutf funf etiam inter fr aquafer ^ 13 X 

XXTL Theon. TWinipv/im haSenr unttm tatur atidr miijitr y habeUt ettam an- 

gufum majorf faterf oppofiitmr j, majorem tniguta oppofito- taterf 
mihoft^ ^ xjl; 

XXVIL Theon Ttfangutnm BaBenr iuor angufyr fnterfeuequdery BahUipa^ 

riter dtta tatera atqnaJfk ipfir angtdfr oppq/ka^ Sf autetn trfan^ 

gulum hahuerit ar^ufhnr fttaforentr an^o' y ttmc b^AeHt tatur 

oppofiium^ ntajorf anguldi mdf^ fa^ fhkendentef angtdmm ' ntS^ 

■ noretn^ ij-t 

MMhi^ Theor^ Omne pahdVifogfammum BtMt Taterd ^pp^er aquatfa^ an^ 

gufor oppqfiior aquater^ 6r htfariam^ Hviditnr at dutgonalf jfeu 
dfametra^ - xj$ 

r*. l^eon. Vfgurm qttadfllMers Bdfenr duo faters paraiMn, & aqualia^ 
bmkft etfam relfqua dfuo tatera- pnrulSffay. tSr ttqttedia^i ,/^^ 

inerftparatlifigrammum.' ^^^ 

Ee X XXX. 
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^QCX. Prob|« Swpet dd$M tiSa fusdraimn dtfctibete y vel siwd qitodcumque 

paralUlogfMmmum . 136 

XXXL Thcor* VdrMelogramma fupra emdem hafim , dr inter eafdem paral* 

lelas c<mfihuta inter fe funt mqualia* T}7 

XXXIL Tbcor* ^riangula fi/per eadem b^fi, ^ in iifdem paralleHf ctm/Utm^ 

$0, mquaiiafuui inter fe. xjS 

XXXIIL Thcor. Si paralMogrammum ^i dr triangulum fuper eadem hafi , cSr 

in iijdem paralMis pqfi^a fuerint , parallekgrammum erit dmm 

Clum triauguli. ij^ 

Vitrallekgrammum conflituere mquaie dato triangulo ^ & ha^ 
ienr anguium aqualem dato ar^o. 1J9 

XXXV* Theor* Triai^a ofqualia fupcr eadem hnfi conftituta , A' ad ean^ 

dem partem ptifita^ erunt sn tifdem parallellf^ fcilicet eandem 
sltitudinem bahehtmt. 239 

In GfeooKtrijr JJbfum JIL 

L Thcor. Varalleiogramma aque aUa , five iuUr eafdem patallelas confit- 

tuta , eruwt inter Je in ratione hafium . Similiter triangula ha^ 
bentia eandem j 'vel ^rqualem altitudinem , ermit inter fe in ra^ 
tione h^^ium^ ^4^ 

II. Theoc. Si in quovis tri^f^ulo dufotur reRa h^fi patalkU , ipfa rtaapro^ 

portionaliter ficabit reliqua duo latera . Si autem duo trrangnli 

. latera prppoitionafitflr fiaa fuerint ab aiiqua 'teSta > ipfa re^ 

► Sa reliquo lateriy feu bafi erit paralMa. 14? 

III. PitjbL Ex data reBa quamlihet quafitam partem ahfcindere • i44 

IV. ProM* DatMm reSam in eadem ratione dividere , qua alia reSa fetta 

fuerit. H4 

V. Probl. Datit duabut reBis lineir tertiam proportionalem invenire . 145 
VL ProbL Vatie trihue reBie Jineir qumrtam proportionalem snvemre . MJ 
VJL Thcor.^^ Triangtda squiat^s habebunt latera aqualihur angulis oppofits 

proportionaiia m '4^ 

VIIL Theor. Triangula^ quai babent latera proportionalia^ funt etiMmaqman^ 

gnla. »47 

JX* Thcor, Trianguta babentia angulum ^quaiem angido , tb- latera eofdem 

Miguhs confiituentia , proportionalia , babebunt reliqms a^guioe 

mquaies , quihus opponuntmr latera proportioualia i atque fimi^ 

, Ua frunt ^a, trisupda ... 14* 

ar* TW. Sijer q^ibet mm$um diametri in paralMtgrammo duedntur du^ 

reSm para/leU iaterihus pjufdem parallelogrammi , ipfu reSm 
dMdent totuu^ paralleiqgraum/im in quatuor paeaUohgrmmifM, 
\quorum dna^ quse funt ctrca diametrum , erunt fimilia integro 
paralUf^ammo , e&- inter fe . Keliqua vero duo paralteiqgraw^ 
ms^ fme dicuntur complcfnenu torum, quafitnt cire^ d i a m * 
trum' , erunt mqualia inter fe^ ^49 

jH^Theor. t^aratMegfmnma fimiliie , fimilittrqtie^fqfita , 6r babeutia at^ 
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&!»' eommtwth, pqfiu^ ermt cms tMdm^ di m M tt t m » > T lyi^ 

:^]1 ProbL S»per J^a tcBd ti^tiitta nflUinittm dejctihtte dao tetlilfne^ 

jimile y fimilitetque pojhum . . i y 1 

XXn* Theor* "trimpd^ JttniHa funt mtttje im dmpticdta tstiote , hoe^fft 
' > ' ^ ^ ftiaarMtii Idtetnm hemologotnm. $. .i, 151 

Xiy. Theor. TaralUldgrjimmM^^mdnguid fmt inter Je in rattone^ tmpofaa 
• ex raitiomkm idteimm tefnakr aagdor ctHfihnentium. 15 j 

XV. Thcor. Toljgona Thnilia Jnnt inier,f§ in dupliedta tatione^fen nt qua* 

drata tatemm Bomolt^Aum, rfjf 

X VI« Thcor. Si fuerfnt qnatuor , «/ plnrer refia linea proportionaler , eiiam 

fdygona Jmilia y ^ fimiliUt A cis defctiptapr^portionaltaerunt^ 
^tqne e €OnverJQ,fi a rcdir ffneif fimilia polffona, fimfliier* 
gme defcripta ^ ptQportionaiia fuerint , tpfta diam f%?ir Hfifyf 
proportionakf erunt » 155 

XVII. TheoH; JBtomm trhmfnlo reSangnlo Ji ab anfuic re&o Jnpra Itaut op- 

pofiium demittatur iinM petpcndidntaih^ dividee totilno 'triaretr 
inkm tn dno triangfda Jfmilia toit, (^ fimUia tnter Je. . 15* 

XVIIi Thcor. Si Juptr itia cu}f^ir itianguH rcdianguii iatera trer figuraji- 

mitef $ fimilrterque pofita dejctihaniut , etii figftta fe^a hypotbo* 
nufaer^ de[cripa femper aqnalis dnabus figmis Jemuljurnfiisfu" 
praoatlmof defettptitm. 157 

XIX. Prbbl. t^eiiaim dineam inuerdte cujnt qttadratnm ad^eqnet qmultata p/uf- 

rinm datarum tin^atnm* 1J9 

XX» Tfaeor.^'1^^^ diametet efiiaetmtmefifmaHHe lateti ejufdcm qua- 

driti^ IS9 

I11 Gccmetric Lihniin IV« 

I. Thcor. Circuli concenttici hateftt pcripltoriaP teq^idijlanfer ^ Jcu parallilar, 

II. THteprr ^edA Itttea a ceriito ehcuU; kd medittatem cufxffkdf eiord^ ehiOa 

\ "^ tji perpendfcuiatff tMom ehorda\ B eoni%ferJo fi a centro drculi 

' ' ^ ' fitpra ftamlibet chordam dmatnr reSaptrpendieularif ^ eandem 

ehord^m tifariam JecaUt . xtf} 

Hf . ProBf. tiati eiriqfli centmm inventre. \ 16^ 

jy. PrdMV Dait Jtre^f eekirum tirvenire ^ ut Httegra defirttaHtr periphetia . 

l V^ Thtdbr» Sf Jh aHqfiO punSo ifttra dtctdfmt tter yeme fines itquatee W 
. .v:.t \x^ripbtf9am dnHih fuerita ypmtHum ittttd etit eentrum circuli. 

VI. Proibrv Te¥^ tlttodT^ fertpberi^ pik^^ reflam ctrctli tangtntkm dmMi'. 

166. 

VII. Thcor» ^gu/uf ad eemmm dttpttte eft anguti 4d petipberiam , qnando 

it^JiuMt Jmper eodem areui. i6j 

Vin. Thcor. Ommf a^gnli ad peripheriam, 6r in eodem cirentijegmeneoneu^ 

temt^ five qni injfi/hntjnpet eodem artu,fimt aqnalef tnter/e. t6t 
^" ^ IX. 


IX» ^htOfk tmi pufdnUUrtm in cmvlo h^ctiffmH ^ /he a^ur at^idi /M 

'in pttiphwa ciradi^ batn Mgiflof,j^pqfitot fimd fyi^f dn^ 

ttir reSir aqualer. • * » . i^f 

X« Th&ot^.Mb^dMs: fii fmkirtuii> f^fcriplus fep^fit^^fi reSur. • .; , li^ 

X W ProbU ^ ptmSo extra drctdmn daioteHam^-circylitamenUm ducere . 1)^9 

Xll. "J^ou^iutnp xmenius m cificH/i tjMg^tw^ ^ chcrda. pCfyjpunSum 

. ^^ ^aClut duBa^ ^equalie eji^ang^ id^crjipio im cppqfita ^ Jeti 

^ i. s^cma curcult po^tione. .' . , 170 

Xlll- .Tf^cort. In circtdir ^rqnalibus , w/ in iodm circuh , ai^i aquakt /- 

i;c ^rf centra^jfve ad peripherias cmftituti , infiji^^ f^P^^^ 
afcus! ^quales. yidffimji arcus fmt isquales angtdi ^^hifijlenUf 
Sve ad centray Jive 4td periphcrias^ erunt aqualfs. 171 

Xiy.. Theor.. 1« circutis mqtutlibus , vet in eodem citCHlo , aq^les cbord^ ar^ 

cMs aquales ftAtendtmt • Viciffim J^ ^cus fuerint aquales y etiam 
/ chotdm itfdcm arcns fsAtendentes erwtf intcr fjt ^gualcJi. \ij% 

XV» Psob^ Da^um an^ftm Hfariam diiddeftw 17 j 

XVU Ptobii^ £^ dato circuto poriionem ak/cinderej qu^. cmtifieat an^ulum ir<> 

qualem dato angulo reSilineo. , . . ^7S 

XVIL Thtor;. In qucfois circula Ji dtue refi^ a peripheria uttinque terminat^ 

fe mutuafecenf, reSangnlum rontentum ex partihus unius ^ erit 
4tquale reSangulo contemo. a partibus alteritts re(ta . 17 ^ 

XVIII «. Theor.. Sf ex quoSiet ptmih\ dr extra circulum ducantur du^ reRm^ 

quarum. una circulum iangat ^ 6r aitera ^circuium utcumque fe-^ 
cetj femper une ^juadtatuin tajtgentis atqetaUt t^Sa^uU coftten^ 
to a. tota fecante^ fSr ah tjus parte extra circutum pofiia. 174 

XIX*. Probr.. Datam reSam terminatam ita in duas partes dividere , ut tota 

ad pattem majorem eandem rationem baieat ^ quam babeiitea^ 
dem pars major ad minorem • Sluod didtur, re£lain lineaoi me- 
iu^ ic excreogia^^iyidere racione» 1 ^ - ^7T 

XX» ProbT- tXatir duabus reSis mediam proportionalem invfnire 176 

XXL Tiieor^ St: reXa^ Bj^atiam Jeceturt dque in direa^gt fddatttr .^ptttlibet 

dUa reStty, quadteattmt tinc^ ,dimidiit ,cum adjeHa ^ ent aqud'^ 
t)fT§/fat^^ contenta ex data ctun at^eSa^ 6r ab adjefla cum 
quadrata dimidia^ 177 

XXIL. Itieor.. St re8a tinea dividatur b^ariam, & nmWartdtn^ erii reSa»^ 

guHtm oontetttum u partibus inaqttalibttt unm ctu» quadrafo in^ 
termedUr femper aquaJe quadmto dimidi^^ T^T 

XXUL ThcoF^Sf qfudibet reSd termtnata dividatur utcumgtft^ r ^tttdrttinuftu 

totfut ^t^ak' etf^ ^adjea^ $4/tf'^ ^ cum. disptt^ te&angulo^ 
ab ipfit partiBur contentit^ » / 178' 

XXIV» TfacQr* Si m aiiqm ttiancth ^dtjstum^ uniut luteri^ fuerit ^^mAt 

quadratit reliquoKtonf laterum^ angtdiu: as, retiqds taterihus. can^ 

teutus erk tcaut^ 179 
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IL Theor« timiler f^^i^pegulmr f» dmdiii^fcnpt^^fim intetfe m ftiOm 
^ ^" drMta ^sdimm^ 'vel vMbttonm , nk^ diMmetrarum^ . %ix 

III. Thcou Circuluf eft ad xs^am JSn {nfetipeam jicMi qmsdratum radiieluf" 

dem cirtuli ad teSMmAm eautemm it Jatitudme -9umaj.4^ # 
relt^m poffediumetfi efnifdem cimdii,', 184 


iV. Probl. iHF^dato eircuh ifU/aratm it^iim^ . « ' . iXf 

^V.FrdtH: in dato circdio' mMigouuui^^r^rdre i^iriie^i^ . . ?w 

Vfi Probl. Circa datum circtdum polygonum idreufrfcrihgte dalto folygono 


VH, Probl. 2» ^4/9 triangido ciradsm iffe^ere ^ lok 

VHX* Thcor. ^yr^ etdusMet p^ysoni reguiarie efi ^Nfmalis ^riat^ut» ^.ft^iue 


» 3 


dem poh.f^oni • . ' * xtf 

IX. Thcor. timiihH )fflmmiiti9' figterie repdaribui JSbi jB^opert$uM^r nv6^,; 

five eft x)mnium Ji^marumjlbi hifopetiueetrarm^apacyfima^ ^9% 

'^ * In Gcometria: Librum VI, 

Qui eji de Solidorum JDoBrina^ 

1* Theor. Omne triangulum totum ]acet tn eodem plaHO^ 198 

]L Theor. Communif feSJo duorum planorum efl Hnea reSa^ 19 8 

III. Theor. Si reSa iinea perocndictdarit Juerrt ad Auat reSue Je wutuo fe» 

•cafaet^ iffa reha eirit aSampsrpindicularie md planum^ in ^uo 
ipfa reSa facent . I99 

IV. Theor. Unea reSa/ad idem planttm perpcndicutarir^ eruht inter fe pa^ 

^dlela. X99 

V« . Thcor. Si eidem reSa linea paraUela fuerint mlia dua ireSa fed uon in 

eodem plauo cum illa txifkn^Cf^ ipfa ^uofue inter Je parallels 

eruntm 2ob 

VI* Theor. Si plana paraliela fecentur ab alio piano ^ p^unomm feSionet 

eruni vtfam parallela^ 2oi 

VIL Thcor. Si dua reSa fe invicem fecantes in piano paraileta fuerint re» 

Sif fe mutuo fecantibuf in plano i duo plana erunt paHter rV 

ter fe paraJleJam 201 

VIIL Thcor. Quodlibet ptifma potygonum dfviditur tn tottdem prifmatatrian-' 

gularia atfue alta^ quct funt latera h^f ^ demptis duohrtf ^ 202 

IX. Thcor. Si quodlihet prifma trianpuUre fecetur a plano tra9fverfo b^fipa^ 

rdlelo^feSh erit JimiUf ^ it ^fualif hati* 20 j 

X. Th«or. Omne prifma componi inteliigitur ix iotidem planif b^ aqualibtff ^ 

& pa- 


I N D B 5C P R O P O r IT I O N tJ M. 

& pMolleth , q$$oi funt eUmtvda , fen ptmfta in aMtmdine eji^ 
dem pfijmddt.i itkpie pr^dt^bm ex. ^hitmdine in bdfim eritfo* 
liditiU eiufdem prifmatit , 204. 

"tkcoip Si qnMet pytmmit trim^a^ . fhimi^ fkm tfmfper^ hifi 
pmr^dieto^ feSH etit fSmHie k^fi. B^fit iMro 4d quamtitit fe^ 
aionem jSki p^ndtelMWt trit m muid^e^ttm sltitmdipit iotimt pym 
rmmdir, mt fuadtMtttm dtitmknk td>fii[f0 pyrmuAiit . 204 
Theor. Pyrmidet aqm attity five inter ptsam pmMets eonfiitutat^ funt 
inter fe im rMtone kafium . * %<^ 

;« Thcor. ^tfma efi triptmm pytmmidit htAemfit emndeut'', wtmqmdtem hm* 
fim^ if emndem, vet mpadem mttitmdimemi^ 207 

'• Th«or, Vrifmmtm maue atta fma imter fe im ratione htfiunmm ^ ^ok 

Theor. t>rilmata htAentia ofualet ii^fee fimtt imter fe im ratione attiem^ 

dimumm limp 

• Theor. Trifmata uuaemmfue fmnt (nter fe ht ratlOtet eomp^a ex 'ratio* 
fdbus hajmm, ^ a/tittdlinmm. %9p 

L Tfctfyr" 'Prifimatmr , qtut hahnt bafet im rteiproea ratiome ahitmdinttm , 
fumt aqmalia. E eonroerfo prifmata ^^fualia babemt bafet inre-- 
eiproea ratione aliitudimm. o %\i 

\l. Itieor. Spbara duae tertiat parier eiremn^eripH eyUndti adaftat,^ 

211. 

. Thcor. ipharafumt imter fe im ratione trip/ieata, idefi mt euH dtame^ 
trorum. . -^ - ' **} 
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